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£ 122797 N NN
1 f_l(xo) = g;(Xo)'] f(xo) = g(xo) ON .N
f(x) x<x,

YO HY NYTIND , 2 TPXPNON TN
g(x) x=x,

X -2 W, 2(X) :{

yR-277P0D g:R>RA x,-20PNN f:R>R OX .2
RV MIPN go fIN

DV NNDN N2>202 MYTIN f MNP X, -2 PN NP g DX )
Xom2 P P fog N, g(X,) -2 PN NI g(X,)

.DXYON P WP PN NN

LR TImMN NRSpNs g-y o nnn (23
X>Y 9991 , R -2 19X 78PN NN g -Y )N
. fFOO-f(y) _ g(“ yj D»PIMD
X—Yy 2
CF(X) =g(x) DYpnnoOvNn x Do5WY,R-2 0P f ) nomn

1_—X Xx>1

=1 X PNPNON NN (24
%—arctanx x<1

WY MY NPT X
F7H(X) INOINSD L) ON.ANITHIN DINNA 19N f DNNIPTA .2
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OO MIvn

fI(X):{Zx+8 X>2 1

3x° X< 2

2x—-4 X>2
f'(x)= 2
() {3x2 X<2 (

2Xx-5 X>2
f'(x)= 3
(x) {3X2 X<2 ¢
f() 2X+8 X>2 @

X)=

3x2 X< 2

2 -05<x<0
f'(x)=11+2x ' (5

2X+2 x>0
f'(x)=4(x>1) , f'(x)=-4(x<1) (6
f'(x)=8x(x=0) , f'(x)=4x(x<0) (7

sini—lcosl x>0
f(x)=5""x x x (8
0 x<0
1 1
2XSin——Ccos— x>0
f(x)= X X )
0 Xx<0

.x=0 NTPI2 O»NYa NP XY (10

POVN OYPRY .NPIIND A a=1.N (11
§In2x O<x<e
f'(x)= ;‘ a=3/e b=-2 (12
- X=e
€

a=e b=0 (13

q=0,p=4.2 q=0.x (14
-10 (15
NN NORY (16

0 XegZ
f'(x)= 17
() {undefined xeZ ¢
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£1(x) = [X]COS-(ﬂX)ﬂ X¢&Z (18
undefined xeZ
[x]sin;zx XeZ
f'(x)=<0 xeZ, xeven (19

undefined XxeZ, x odd
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i -1<x<0

X+1

f(x)= u} X #1930 NP X D30 NN N (24
(7[ j 3z
tan| ——x | O<x<—
4 4
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7999 GWL TPNPNA DY NI IWON

NN 2221 2N

MHNY

:(NMNIYNRIN NITON NN P IRYN 35-27 MONYI) NININ NPXPNON NN DINYI 1IN

2x° X’ —5X+6 X2 +2X+4

f(X)=—— (3 = =
o (x+1)? ( ) 2x+10 (2 ) 2X ‘4
f(X)_(X_HJS (6 f(x)—x—3 (5 f(x)= : 4

x-1 (X+1)? Cx2—4

In x In x

=X- f =— (8 A
f(x)=x-Inx (9 (X) X ( f (X) . (7
f(x)=In*x+2Inx-32 (12 f(x)=In lzi (11 f(x)=x*-Inx (10

—X
S S 2 1

F(x)=(x+2)-e* (15 f=e (14 FO)=In"x+oo (13
f)=x2-1 (18 f)=x @7 f(x)=x-e2° (16
f (x) =cos(x*) (21 f(x) =sin(x®) (20 f()=IEA-x) (19
f(x)=In(cosx*) (24 f(x) =tan(x*) (23 f(x)=sin*x (22

f(x):(x+1)3inx (27 f (x) =arctan(x*) (26 f (x) =arcsin(2x+3) (25

y=x"* (30 f(x)=(cosx)"™ (29 f(x):(sinx)X (28

L
y=(\/§+;] (33 y=x" (32 y=¥x (31
y=(x+1)"" (35 y=(x+1) (34

APNWA MAXD XD NN 1ITT ONY 1N 29-) 28 MONYA 1 YN
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YYD MIVN
f'(x):&;s, f"(x)zi3 (1

4x X

vor  2X2+20X—62 oy 448

Fo= (2x+10)> ' f (X)_(2x+10)3 (2

oy AX oy A(1L-2x)
FO=cope T"O=1apr @

vy X2 =12) Lo AX-(2x7 +24)
f(x)_—(x2—4)2 f (X)_—(x2—4)3 (4

von X(X+3) ... 6X
="y "0 6y ©

oy 6(x+1) (X+D)(x+3)
f'(x)=— (x_1)’ f'(x)=1 2—()(_1)5 (6
f()_1 Inx 1t()_ZInx 3 7
f()_ —Inx f()_BInx 8 8

: " 1
f'(xX)=Inx+1, f (x)=; (9
f'(x)=x(2Inx+1), f"(x)=2Inx+3 (10
f(x)= f"(x)—; (11

_2(2— x)’ (4-2x)°
f'(x)=§(|nx+1), £ = 2% (1

(Inx)* -1 (Inx)° —(Inx)* = (Inx) -3
f'(x)=—= { I } "(X)=— { Inx)° } (13
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~~

14

f '(X) = e% .(_izj, f "(X) :e% (1"‘42Xj
X X

f'(x)=ex(x2_—’2‘_2} f"(x):ex(5xj J (15
X X

fi(x)=e2¥ (1-4x2), f"(x)=—-4xe ¥ (3-4x2) (16

2
f'(X)=——=, T"(X)=- 17
M
1
—=x?*_1
v 2X vy 2 3"

=3 (X —1)? =3 %™ 18

oy 2—OX " =_g‘1+5x
f (X)_ 33/; ’ f (X) 9 3X4 (19

f'(x) =cos(x®)-3x?, f"(x)=-9x"sin(x®)+6x-cos(x’) (20
f'(x) =—sin(x*)-4x%, f"(x) =-16x°cos(x*)—12x*-sin(x*) (21

f'(x) =3sin® x-cosx, f"(x)=6sinxcos*x—3sin®x (22

1(x) = 2X f,,(X)_2-c052(x2)—8x2cos(xz)sin(xz) (23
" cos?(x?) - cos” (x?)
f'(x) =tan(x*)-(-2x), f"(x)= %?;)—Ztan(xz) (24
e PR S S e S CS ) Y
1-(2x+3)’ (1-(2x+3)")
2X 2-6x"
F(X) =~ (X = - (26
) 1+x* (x) (1+x4)

f'(x)= xSinX(cosx-ln(x +1)+ﬂj (27
X+1
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f(x) = (sin x)* (In(sin x) + cot x-x) (28

In(cos x)
X

f '(x) = (cos x)"" ( —tan x-In x] (29

y|: Xlnx(mj (30

X
Yy = XX (1-Inx) (31

y':i.xﬁ(ln_xﬂ_ (32

y'=(x/§+1j& i-ln[&ﬁ} L [i—%j\/? (33

2x-x | (34

X% +1

y'=(x2+1)X (1~In

—_—

X’ +1)+

y'=(x +1)(”l) [In(x+1)+1] (35
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oM a? 0avil 02N

MHNY

APIN NIPND DY NIMN

: INAN NPIPNON NRID (1

f(x)=x* f(x)=x" .2 f(x)=x N
f(x)=x* f(x)=x* .n f(x)=x" .7
f(x):x% 0 f(X):X% N f(x):x% R

PPN D195 MAP HY NN

:NINAN NPXPNON NN (2

f(x):%x4 2 f(x)=3x" .2 f(x)=2x> .N
6
f(x)=3x2 f(x)=8x .n f(x)=X7 1
2 . 4
3 =
f(x):% v f(x)=6x2 .n Fx)=
Map Y NN
: TININ NPIPNI IR M (3
f(x):% a f(x)=12 N
Y991 9190 YV NN
:TINAN NVPIPNON IR (4
3
f(x):1x4_x_+3_x_g a f(x)=x"+2x*-3x+5 .N
4 6 4 5
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N2 NPIN DIEPND HY NN

:TINAN NVPIPNIN DRI (5

f(x)=3(x-x) f(x)=(x+6) a2  f(x)=(5x-2) N
f(x):z(xgl) n f(x):—(5_4x)

DPIN SPIN TN Y NN

:NMINAN NVPIPNON NN (6

3 1 2 3
f(x)—F T f(x)—? 2 f(x)—; A f(x)_; N
6 2 1
f(x)=—— . f(x)=— . f(x)= .
(%) X+5 ! (x) 3-x ! (x) x> —3x "
12991 HY NHIIN
:MINAN NVPIPNON NN (7
f(x)=(5x+1)(x-3) .N
f(x):(5x+1)3(x—3) al
f(x):x3(6—x)4 2
DM SV NN
: INAD NPIPNIN NI (8
x* -1 x? +1 3x-1
f(x)= . f(x)= A f(x)= N
(%) 213 A (x) 5x—12 () 1+2x
3 1 x*+8
f(X)=F ) f(X)=; N f(X)= w1 T
UMY Y NN
:NINAN NVPIPNON NN (9
f(x)=vx’-1 f(x)=4vx+1 .2 f(x)=vx N
f(x):XLg ) f(X)=xVx+3 .n f(x)=(3x+1)Vx .7
Jx
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GOOL
N MAIVN
(1
fr(x)=2x . f'(x)=7x" .2 f'(x)=3x> .N
f'(x)=—% 1 fr(x)=3x* .7 f'(x)=1 .7
3 1 , 1 , 1
f (X)=ZX4 b) f (X)—N N f (X)—m Iy
(2
fr(x)=2x> f'(x)=21x"> .2 f'(x)=6x* .N
f (x):—% ) f'(x)=8 .n f'(x):67x5 T
2 3 4
- ) f - )= &
f'(x) T 5) (x) 7 n f'(x) 2 3
0. 0.8 (3
f'(x):x3—x—22+% A f'(x)=3x*+4x-3 .X (4
f'(x):15x2(x3+6)4 A f (x):15(5x—x)2 N (5
3
f (x):8(X;1) n f (x):—%(S—x)2 T f (x)=6(x—x2)(1—2x) 2
Px)=-= 1 (=3 2 PR=53 )= N (8
6 2 2X—3
f'(x)=- > 3 "(X)= > f'(X)=———= .N
( ) (X+3) ( ) (3—X) ( ) (XZ_BX) /
f'(x):(5x+1)2(20x—44) il f'(x)=10x-14 .X (7
f '(x):x2(6—x)3(18—7x) 2
8x 5x? —24x -5 5
f'(x)= p f'(x)=———=— 12 f'(x)= > N (8
G v S B O v
o 1 ()= X)X +2)
f'(x)= - ) f'(x) 2 N f'(x)= (x—1)2 T
3x? 2 1
f'(x)= . Fr(X) = e fr(x)=—= .N (9
(x) 2x3—1) (x) m: (x) 2\/;N(
X—3 x(5x+12) , 9x+1
f'(x)= . fr(x)=22) fr(x)=212
( ) 2x\/; ! (X) 2Ux+3 " (X) 2\/; T
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NN NN

MHNY

X4y —1=1 NMINDN MIPNAN AR (1
.4Inx+10Iny = y* NOINDN PSP NN (2

Xy =xy ImINoN MYPNan NN (3

LV X2y =sin(y — 2X) + 4y +1 NN NVINDN PYPNON MY (4
(1,2) nmpraa y' nxavn

JAX+y? +c0s%(xy) = In(X*y +1) + Ine® NNAN NMINDN PN M (S
.y=07121NTP1 y' NNIIWYN

X —=xy =10 NOINDN ISPNIN NN (6
XY=y =1 NPINoN DINPNAN RN (7

Xy =Y+ X2 =x=0 NOIND XPNI NN (8
LYy=1Panmpia y" 7oy NN IRNND

Cyx2+eY =X IMNNVHY 0WPY P (9
AMIN IR TAN TN Y TW OPP Xx=1 NIV NN .N

X=1Panmpia y" nxkMwn A

Jh(y)=x+1=2x+4e’ +2y NNIWNRN D P (10
X DV NMIND TINPND Y = y(X) DN DPTN
DT MDY NP h(y) 22 )
PINDTIV Y(X) 221000

108 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN
© PMMYD NN —INM 2ANd



7979

Gwl TPNPNA DY NI IWON

NOYD Mvn

—2X
5y*—1%0, "= 1
y V=51 (
10 a
—-2y=#0, y'=10 (2
y
-1 2y
\/;?&Ol \/;?&11 'z\/y : (3
y 2% 1-x
, 14
y(l,Z)Z_H 4
y'(1,0):1 (5
y_xy.z
x - Inx—x=0, y'=—-%X (6
X’ Inx—=x

X —xyl+yx-|ny
X Inx—y*-=%0, y'= X —
y X Inx—y*-=

<

-1 (8
. 9
Yy wo) = —g A (9

.DNOYN NONRY (10
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navavn 222
MYNY
.£'(4)=10 n»pnn, f(x) MIpna M (1
Lg(x)= () :NwTN MYPND T
.9'(2) NN
:DONIN DPOYON DY VY (2
VTN NPNS PN . F(X) MONPND NN N
Z(x)=f (lj— f(4x+1)
X
.Z'(X) XY avn
SO =2 17D =¢ numonn T mrspna mmm 2
z(x) = f2(InX)+— L v TINPND PN
f2(Inx)
.Z'(e) NxH”IWN
2 (Vx)-1
Lg(X) = ———=— mspNo MM (3
()
. f(10) = f'10) =4 »>
.g'(100) yawn
f(1j+4
.g(x) :X—l NPNON NN (4
(%)
d@=1, f'@Q=4>n7
.g'( ywn
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(x) = fz(lnx) NPNIN INM (5
T )y

F0)=2, ' (0)=1»r»v7
.g'(@) »awn

f(4x)+1
f (4j+l
X
f@)=1, t'(4)=2>>n1
.g'(@ »rawn

.g(x) = NP NN (6

{17 (<)
.g(X) =———== spnan My (7
f(x“)
dA@=1, f' Q=4 >
.g'(® »awn

: DONIAN DOYON DY NY (8
TINT-IN TPSPND NOT TN TPNPND DY NIDINY NN N
T TPNPND NN TINT-ON TINPND HY NI

f ™(x) TPNPNON ONN IPTL .TOM-N NN F(X) NP .2
JPINONIN I NN

L) =(f(x)" P IM-ON F(x) PN )
JONTHONIN TPNT g'(X) NI8PNON ONN WP

R N TPSPNY OV NVINY T T
ITIT-IN NI TPISPNINY NP 1N ONXN
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PYD MAIVN

40 (1
z'(e) =3E A z'(x)=f (EJ(—AJ— f'(4x+1)-4 N (2
4 X X

17
80
36 (4
8

2 (s
9(

(3

44 (6
-2 (7
NDLTOOTMONLY TMON D (8
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7979 Gwl NPNY HY NI VN
NMNMA2 N
MONY
:ININ NPXPNAN NN I

10x-1 7
=4 ’—-1,0/ 2x+1 (1

y x+1 ( )
y=(410x+1)" @

(x+ 2)""".(5x+6)

~ (7x+8)-(9x+10)
NI MAIVN
y-:y[z PP SP S S

410x-1 10 2x+1 4 x+1 |

1\ g 1 1
"= (10x+1)4 | -=|2"-In2-In(10x+1)+ -10-2* (2

y [( ) ) 4{ ( ) 10x+1

{3-In(x+2)+i(3x+4)+ 1 5— 1 .. 1 9 (3

X+2 5X+6 7X+8 9x+10 |
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01Myn 101N
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GOOL .. 297 PPN DNON 90 ,PPWn

2wnn

MHNY

TPNPNNN MDY NN INSD (1
(2,2) nmpaa, f(x)=2-7x N

X==27nMpn, f(x)=

x*—3

.a>0 WK, f(x)=+ax mspnan nm (2

1
A VMPY Oya NN, X = > N2V NTIPIA TISPNN N POPUNN

.a V12PN NN INSD

-h(x)=3Jx M¥PNAN 90 YN 2y-3x=3 w0 (3
PYNN NTIPI DX INSD

.21In3 N, (1,15) nTpaa, f(x)=a-37 " +3° mxpnab prunn v (4

.b -y a ©9YNI9N MY NX INNN

_In*x+a
In X+
.b-y a ©YVNMIN MY NN INNN

e 1
3 NI ’(E’_lj NP, f(x) INPN YNNI MY (5

TPNPNON GNY, Y =-5X+6 N PPW k W IDINY (6
1 (x)=x*-2x* —4x+k
IPYNN NTIPI DX IR 7D k TIY 930

f(X)=x*—4x+5 mspnon M (7

.X=1-1 x=3 MTIPI GNY DPPWNRN NN TPIPNN 99 NN VW .N

JN PYDI DPIUWNNN THN DI ISPY MIND NN VN .2
X =1 PN DY IPNN NPON DY
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2x° +1
f(x)= X; IXPNAN NN (8

45° HY PNT XY 19T PIUNNVY ISP I DY MITIPIN NN INNND
X =1 N HY NN PINON DY

CF(X) =% =2x2 +5 spnan - (9

TONMY ANV TPEPNN G2 19T PPUNNY ,MTIPIN DY X -1 Y NYY DX INSND
X =1 N OV IPNN NON DY 135° HY

.f(0)=0 n»pPm) 0-2 MY NP F(X) MNPNS (10

MPIN 120 IXPNAN G PPWND P2 TN DXV YRV T
.30° NN X -1 PN OV IYNN

. Iimlx) 920N NN AVN

x—0 X

2

f(x)=3x =x3 MYPINAM 9N PWNN APV PN NN NN (11
X=0-1 x=1 MTP, X -1 P HY >APNN PPN DY
1YY MAVN

4 A2 17 N (1
a=2 (2
(L3) (3

1 1
xel ,-,-npn,kzg TWY; x=1 NP1, k=6 TWH (6

a=63.43°, £=116.56° .2 .INNIINI.NX (7

x=5 x=-1 (8

1
x=1 x== (9

i (

1

— (10

J3

a=33.69°, [=90° (11
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8 P19 GOOL .. 297 PPN DNON 90 ,PPWn

D'2'wn N1ya

MHNY

2
f(x)= 7+3 TPNPNON N PPV y =4x+b W (1

DPYNN NTIPI NN b DN IS

- (X)=x/x +b TXPNAN MY Pown y =3x WO (2
NPYNN NTIPY INY b NN INSD

2 1
L X=U Ny =—— TPX] ] = = i
x=0 NTP1a g(x) o 8PN GNO POYN y = ax + , 10N (3

.C-) a NNIRXND

CF(X)=e PN PNY PN y=x+b N (4
DPYNN NTIPI NN b NININSND

X=e nTpna f(x)=Inx MIPNN GN PPUNN ANNYN IR INSD - (5

IMIPYN GNY PIWNN DRNVN NNY ,NPYNN NTIPY DX INSD 7-6 MONYI
: PTON NTIPIN TT 92N

(2,-3), y=x"-2x+1 (6

(-3.1), y=x (7

1
Y= —sz —5-) y=x2 APIPNAY DAMYNN DPIUNN NINNWUN NN INSD - (8

1 1
MON Mpown y= -5 X*+k-yy= " nspNan (9

DPYNN NP NN K NN INSD
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X 999w f oo (10

X 995 P z(X) = X2 £ (3X—2) TINPNN M INIIN LN
X==1 NTP3a z(X) PXPNON 9N PPwn 2y =10x+11 9w .a
X==5NTPa f(X) DY MDWN NN INNND

OO MIVn

Ly =4x+9 NN PN IRNYNI(-1,5) NN NPYNN NP
b=4 - (4,12) 200 NpYnn NP

Y= —%X +% N PXYUNN DNV (0, %j NN NPYNN IMpP)
Ly = X+1 NN PPwnn NN (0,1) Non ApYnn NP

y= %X NN PPVNN IXRNYND

y=6x-15,(4,9) ; y=-2x+1,(0,1)

Ly :%x+g ,(9,3) pwnn

y=2x-1,y=-2x-1
.(11) npwnn NPy k=15

(1
(2

(3
4
(5
(6
(7

(8
9

.2 NIN NDOWUN .NOYN NHYNY N (10
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2'wnin NNon oy Dp'wvn niya

MHNY
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INYTNN DY OTIDN LAVND NPNDA THIY 2T OND
. f:[a,b] > R 15727)09K MNpno nnny (4
Jfwdt= lim [ f @©dt >3
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26 P9 G/WL o ) NYTNN DY HOITIONN LIWNN

f (t)dt >1 n»pnn,[a,b] YOPI NODANOLIR PIPNS f >N (5

D e T

Jf(t)dt=1may,(a,b) yopa,x D»PY IV

a

P MAN DY, X 999 MINNDY NN PNPNS f PN (6
X

.XeR 939 TIyN NN DX W j Pt (t)dt DMVINOW NN

: DONIN DOYON Y Y (7
X 1 Ux 1
,(0,00) YOPAIYIAP f(X) = [—dt+ [ —dt MYPNON 2 WIN N
1+t o 1+t

0

.xe(0,00) 995 f(x)=C D»PNN 1Y C OoUNnm MIAPN NN INYD)

1
.X>0 999 arctan x +arctan = = % NN A
X

. jol f(x)dx =1 7 NN NN 8PN F:[0,]] >R >Nn (8

. f(c)=3c® -¥75,c€(0,1) NTIPI NODOPY INIIN

. jo”/ “ £ (t)dt =0 >3 o [0, 7/2]-2 novxA NP fonn (9

.f(c)=2cos2c-v T2 ,c €(0,7/2) NTIPI NODMPY NN

987 NPNo f:[0,2] >R NN (10

2c0s2¢[" F(B)dt = £(¢)-w T2, c € [0,/ 4] DPPY IV

VD NPNS f:[0,1] > R >nn (11

[ F)dx=£(0)+1 F(6)-¥ 2 ,c € (0.1) DPPW NN

DN TPNPNS f:[a,b] > R »N (12
L tmdt={ f@®dt vxe[a,b] > mn

.f(x)=0 vxe[a,b] ¥ NN
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26 P9 val e V) NYTAN DY OITIODN LOYNN

)X <X, ,TTIPY MY MN»P 3 Mo, [a,b]-2 Ny mspns £ onn (13

Jf(t)dt= [ f(t)dt ooprnIMayY,(ab) yopa

.f(c)=0-w75,(a,b) yopa,c 0»p 1IN .X
,[a,b]-2 N8 f -w ¥ITTI ND DX DI NNDY /N PYDIVY MYLN DR .2
PN 2[a,b]-2 22 VYKN f -W AN NYONN NYIT PONDN

() =e™ NPNAY NYTP TPNPND INSD (14

,[a,b] yop Y32 YYIVVYN 8PN f AN (15
(0 = f()dt PPN xeR Y299 MM

0
Lf(X)=0 0PN xeR 995 ,9m92) f(x)=0 >IN

90 MAVN

0 0<x<1
VPV NRN NN D F(X) = : .INDN NORY X (1
Xx-=1 1<x<?2
N LT
VMDD PN YLPA X 93D F(x)=0 .2 NN NORY N (2
N LT
NOYN NONVY A C=0.N (7

e +D+2 x>0
F(X):{e +D+2 X (14

e*+D x<0
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26 P9 GWL e V) NYTAN DY OITIODN LOYNN

DY27AV1N? yX1Nnn YN 'vavn

MHNY

NITYA ODNVIND YNNI TIVN VAYN NN VNN MNNNN PLILA (1
DVIP DV D»PIN TIY LOVYN
TIVN VAVYN NITYA DIDNVIND YINNN TIVN VYN NX NN IND)
JINTD DY YNNI

b
[ f(dx=1-1,[a,b]-a e fonn (2

(b—a) f(x)=1 MNNWND NIND DPPY INN

a<x <X, <b ™M ,[ab] yopanosymspna f >nn (3

X X,

Jf()de=] £ (t)dt >

a a

.f(x)=012ayv,(a,b) yopa, x 0»pwINOIN
n+l 1 1
neNY» [ ~0x<= 23 TOYNA N N9Y O (4

[N, n+1] yOopPa NTIM NN NPNS f N (5

n+l
.neN 99 f(n+1)<jn f(x)dx < f(n) ¥ NN

. jb f (x)dx = jb g(x)dx MN»PNN MONI NPIPNS f,g:[a,b] >R P> (6
. f(c)=g(c) -v To cea,b] NTPI NO»PYW NN

NN 8PN [0, >R »nn (7

lim j: f(x")dx = (0) >3 "N
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26 P9 val e V) NYTAN DY OITIODN LOYNN

9N TPSPNS f:[0,00) > R NN (8
Jdimf(x)=a > ym

B 1
dim . f (nx)dx =a >2 NN

n—oo

.[0,27] yopa f(x)=sinxsin(x+a) MOXPNON DY YXIMNN TIVD N HNIVN (9

LDYDNLIND YINNN TIVD VIVYNI 1O (10
N8 8PN f:[a,b] > R NN

jb f(x)dx = f(c)(b—a) -¥ T2 ce(a,b) NTIPI MOMP IX

YT MANIN NYIT DX PYNY DN, 1D N DYD VAVNNIY ININ
DPDMINOVLINY

3 <j4 X dx< 62 ) N9 (11

‘In2 " 2 Inx In
2 2
72 X 2
.”—sj 2 dx< sy pon (12
9 /6 SIN X 9

7l4

i In2< j e tan xdx < 1In 255NN (13
2e 5 2

NN 8PN f:[0,1] > R >nn (14

lim j:x f(x)dx =0 >3 NN

n—w

2IWN YINVIRMD YSINNN TIVN VAVYN NN INYIM IND) (15
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S1Nn Hrawvw2

NXMMIPN WTRI NPV2IN MY

2NN2 DA D'NLYN ,MYMNI DINN DM - 27 214

01Myn 101N

L) A 7N DPINM ONP .1
32 VNI NIXNA NN DIPINM OINP .2
32 (1717919) TAVIP NINN NV OIMNM ONP .3
33 NN DXNLYN .4
(OO NDD) VD9 NINNA 2NN DXNVLYN .5
33 NN DN .6
. NPT NP MOPTNNIP .7
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27 P19

Gwl . DXNVYN MY OMINH ONP

MY DM oMy

MHNY

: DININ DMINNN NN NN VLIV (1
S={(x,y)|-1<x<1 -1<y<4} .N

S:{(x, y)|-1<x* <1, -1< y£4} A
S={(x,y)|x<y<4} .

: DINAN OIMNNN NX NYNIAIVLVLIV (2
S={(xy)|x-1<y<2x+1} .N

S={(x,y)lly-2x<1} .2
S={(xy)lIx|+y<4} >
S={(x,y)|(x+y)2s4,x>1 T

: DINAN DDHWNN DY OPTIN 10900 NN NN (3
X +y*—2x-3=0 .N
x> +y*-8y=-15 2
X+ Yy +2x+4y=0 .

AN YLV D3NN PN DININ DXBYOIN TN YO (4
y=+v1-x* .N

y=—J1-x* 2

2

X=41-y°
X=—y1-y* .7
0<x<1 y=v1-x* .n
—gﬁxsg y=v1-x* )
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27 P19 val . DXNVYN MY OMINH ONP

AMNX VLIV VNN PON DINIAN DXPOYONN TAX DI (5

y=2+1-(x-3) .N
y=2—+-x*+6x-8 .2

Xx>35 x=4—1-y* .

: IV DXNAN DINDN NN IVVLIVY (6
S={(x )X +y* <4} X
{(x V)X +y <4}
S={(x.y)[x*+y* >4/
S={(xy|X+y* >4} .
s={xI~a-x* <y<fa-x}
5 ={(x y)|—ﬂ<x<W}
s={(x)|0<y<Va-x}
/-

5 ={(x )| —4-y* <x<0

: YN OINIAN OIMINNN NR VLIV (7
:{(x, V)1 X +y? s4} N

S={(x,y)|lsx2+y2£4,x20,y20} A
:{(x,y)|1£x2+y2£4,x20}
S={(x,y)|1SX2+y2s4, yZO} 1

;YN OINAN DIMINNN DX VLIV (8
S :{(x, Y) | X2 +y? —2x+4y+1£0} N

:{(x,y)|0§ y+1§\/1—7} A
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27 P19 G/WL . DXNVYN MY OMINH ONP

;YN DINAN OIMINDN IR VLIV (9
S={(x, V) 1<x*+y* <4, x<y<2x} .N

:{(x,y)|x2+y2£4, yZX}

={(x PIZx+2<y<25-%

3

{(x y) | X2 +y? <4, y>x2} T
s={x I <y<a- xZ}

s ={(x M) lIx-1l= y < 1-(x-27

.25%% +4y® —50x +16Yy =59 NNIWHN NN (10

MR VLIV NODONR NIRNND IRNYIIY INIIN N

NNNNN INNN NN JPYYN INNN DN MINNNDY NPIPNON NN MY .2
.OHNN HVY

YNNIV IXNN NN 2D HONNN NN MINNNDY NPXPNON IR MY )
.OMHNN HVY

POV IN NOONN TINA NMONN NN MTIPIN DD NP >IN T

XD DYDY NODINRN TINA DN NN MTIPIN DD NP YN
MOV NUNN

=]

: 9V DXNAN DIINHN NN VLIV (11
S ={(x,y)|4x* +y* +8x—4y+420} .N

{(X y)I0<y<— 9- X} A
={(x y)|—y+1<x<— 4- y}

{(xy)l—— —x*<y< } T
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27 P19

GW‘ . DXNVYN MY OMINH ONP

: YN DXNAN DIMINDN NN IVLVLIVY (12
={(xy) X <y<2-x*} N
S:{(x,y)|—2£ ys-xz}

={(x Yy —2<x<-y*}

S={(x,y)|y2£x§1—y 1

: WD DINAN DIMINNN NN VLIV (13
X,
{( y) 1
2 2
X ¥ sl
Xi - T 1 -
e R
XZ y2
X, y)|— - T
{( y) 7 g ° }

2 2
X__y_gl} N
9
{( y)__%>1 x? +y <16} u
Y90 MAIVH

GooL.co.il 9NN 1DI9N DXVIVIYY DININ MNINY
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27 P19 th . DXNVYN MY OMINH ONP

nMmvunNna naxna Mvnna 0NN oMmy?

MHNY

L TPTOIP MINNY ,NNTIN NIVNION MISNN P Y (1
t>0 x=t*+1 y=t* .N
0<t<~r x=sint, y=cos’t .2

T<t<L2rx x=cost, y=4sint .)

NN OO0N HY IIVNID NN PID - (2

21901 95 NNRVIANY MORNND IRNWND INSND ,t VNN DY NIDONOIT DY
272092 y-) X DINYNN MYNNHNI

x=t—-4 ,y=t> .N

x=—-4+cost ,y=1+2sint .2
x=4cos’t ,y=4sin’t .)
x=tt+)+1 ,y=t(0.5t+D)+1 .7
20t 20-5t°
e T e
Mp k) x=ke'+ke" ,y=ke'—ke"

"

L XP+y =8 Yynpn pm (3
1PI0VNPIN INNNVN NN INSNDY DIVNHN IR IVVIVY N
NTIPID A(2,2) DTIPINN 2HYNN PIN DY VNI MINN INSD .2

.B(-2,-2)
NN AB WO DY 920NN, D DINNN DY NPIVNII MIND INYD )
R \V)a))
2¥10 NN DN P2 DAINNN, E DINNN DY NIVNID NMIND INSD T
X +y* =16
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27 P19 GWL . DXNVYN MY OMINH ONP

X+ y? =25 (x=8)° +(y—4)* =25 D9ayn »Nv oMM (4

TINM INYI) NPIVNIAN OPMRNYN NN INYI ,DI0IYNN DX VLIV N
.DO2NNN THN 952 RIDIN DINNY NPIVNID

TW NOYa A DTIPIN NN, B-1 A ,MTIPI dNY1A DONNY DDHYNN .2
AN TN y-N
.B 120 A 290N PON DY NPIVNION MINNN NN INSND
.DMPN NYI YN

.DY2X¥NN MY P2 OIDNN DINND NPIIIN TN INYD )

2
X_+y_:l
) 42 22 s MOMHYNOINY HY MIXNVN DM (5
X_+y_:1
2 4

D1PI01D9970 NN DX INNND) MOPIIND NX VLIV N
JAMXIRSD ,MTIPI 4-2 MONNI MOPONND .2

2010 4-1D 2571 D20 MTIPIN 4 NN 12NNN PN )
M270NNN NNN 73 DY IIVNIN MISNN DN INSD

MOYONRN YNV TINA D2NNN ,0INNN DY NPIVNID MIND INSD T

AXE—y? =4 99N Ny (6

.MY0N YNWN NN NDI1INNN N
NNN Y9 5Y NMIVNION NINNN NN TPIIND NINDN DN INSD
.MY0NNN

1’25 191299010 12 S2NN DINNN NX VNIV DN NN .2
DY MOVIVIIONN

32—y =3 nNnwnn N (7
AOVIY IRNYNN NINNND NYINIIP NN N

MYY0N dNVUN 20NN X PYONIPN A
NNN Y9 HY 1Y70VNIN NINNN DRI NIIND NINDN DN INND
.MYY0NNN

NP A(=2,-3) DTIPINN PN IPN DY PON NN C ND0NN )
.B(-1,0)
JP01m79 NNNA C NNOHIAND

.C 12007 y-N PN P2 INPIINPN PRIND NN INSD T

322 www.G0ooL.co.1l 9nND 101277 INT 210702 NOD )NINAD
© PMMYD NN —INM 2ANd




27 P19 Gwl . DXNVYN MY OMINH ONP

X=t-sint
0<t<27 DPYN TIN NINHIIVN (8
y =1-cost
X =4sint
—r<t<27 {y=10t  OPYN TN NNIMIVN (9
z=4cost
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27 P19 val . DXNVYN MY OMINH ONP

NOYD Mvn

y=1-x*,-1<x<1.a y=x-1 x>1.X
2
x2+y—=1,—13xs1,ys0 2
16
2 2 2 L1V
X3+y3 =43 ) (x+4)2+(y7j =1.a y=(x+4)" .N

x2—y?=4k? ) X2 +y?=25 .1 X' —dxy+4y?=2y-1.1

X(t) = /8 cost X(t) = /8 cost
®=+8 T 1<% 4 (=8 0<t<27 .N
y(t)=+/Bsint 4 4 y(t) = /Bsint
X(u,v) =+/8ucosv
(uv) =8 0<us<l, Z<v<T
y(u,v) =~Businv 4 4
x(U,V) = U cosVv
{ V) J8<u<4, 0<v<2r 7

y(u,v) =usinv
.5:0177.(0,0): 99 : X* +y* =25 Yvnn N
x(t) =5cost
{y(t) =5sint
x(u,v) =5ucosv
'{y(u,v) =5usinv

0<t<27z 95NN 5V NMLVNID NIND

0<u<1 0<V<2r 99N BV NMLVNID NIND

5:0P77.(8,4) : 10 : (x—8)* +(y—4)> =25 Yynn

X(t) =8+5cost

’{y(t)=4+53int

x(u,v) =8+5ucosv
'{y(u,v) =4+5usinv

0<t <27 :D2vNN YV NIVNID NIND
0<u<1 0<SV<27 :9MynNHY MIVNID NIND

o OstSarctan(fj 17PN .2
y(t) =5sint 3

X =8+5cost
"|y=4+5sint

{(x, y) | 25— (y—4)* +8< xs\/25—y2} 2

X(t) = 2cost, y(t):\/fsint 0<t<2r
x(t):\/fcost, y(t)=2sint 0<t<2rx '

{x(t) =5cost

4
, T<t<arctan 3 +7 -2 0PN

2 2 2 2 2 2 2

AR A e L Ik

(1

(2

(3

¢

(s
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27 P19 val . DXNVYN MY OMINH ONP

: X1 = \/E_COSt arctan (—ij <t<arctan (iJ :DA 0NN 2
y(t) =2sint 2 J2
. XV :\/E_COSt arctan(—i}wrgt <arctan (ijwz : BC no»onn
y(t) =2sint 2 J2
X(t) = 2cost
. © _ arctan(\/f ) <t< arctan(—«/f )+7r . AB nYonn
y(t) = J2sint
X(t) = 2cost
: ® _ arctan(\/i)wr <t< arctan(—\/E)JrZ;z : CD nYonn
y(t) = J2sint
D=D,uD,uD,uUD,
D. - x(u,v) = J2ucosv
' y(u,v) =2usinv
0<u<] arctan (—ij <v<arctan (ij
2 2
[ x(u,v) =+2ucosv
D,: )
y(u,v) =2usinv
0<uc<l], arctan(—ijwz <v<arctan (ijwr
V2 V2
~[x(u,v) =2ucosv
' y(u,v) =J2usinv
o<u<l, arctan(\/i)SVS arctan(—\/f)wz
~ [x(u,v)=2ucosv .l
' y(u,v) =2usinv
0<u<l, arctan(\/i)wzSVSarctan(—\/E)+27r
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27 P19 th . DXNVYN MY OMINH ONP

2 2
.x:—,/1+yZ n>bmw,x=1/1+y7 I PION X (6

X =—cosht X =cosht
. ) teR : ONNDVY, - teR mnd mvNIo
y =2sinht y =2sinht
D=D,uD,

[ X(u,v) =ucoshv

X ] O<u<l veR 2
y(u,v) =2usinhv

x(u,v) =—ucoshv
D,: O<u<lveR

y(u,v) =2usinhv

2

2
X=— 1+y? n>‘:z~mw,x=1’1+y? ™I :NION .2 .09 N (7

X =—cosht {eR b x =cosht (R
. € R INNDVY 9IMN € R 707 9y : MIVNI
y:\/§sinht L y:\/§sinht L
X =—cosht
11 C: _ In(2—/3)<t<0 .)
y= J3sinht
8 (8
67329 (9
326 www.GooL.co.il 91N 10120 INT MDA KON PNIND

© PMMYD NN —INM 2ANd



27 P19

th . DXNVYN MY OMINH ONP

(M21a) NMavip Naxna MY na DPNinN DMp

MHNY

: DYNAN DXYOYON HY MY (1

0P NP (4,%) ™IAVPN NTIPIN AN PN N

020 NP (=1,—-1) TIOIPN NTHIPIN DN IYPHN .2

: DYNAN DOOYON HY NY (2

0P NTIPY (10,—%) ™MAVYPN NTIPIN NN YPHN N

P20 NP (0,-4) NIVIPN NTIPIN IR IPHN .2
P20 NP (-2,2) MI0IPN NTIPIN IR PN )

: DYNAN DYOYON HY Ny (3
PAVIP MOPTNNIPY 4X—X° =1+ Xy IRNWYNN NN PO N

VIO MOPTNNIPY r=—4c0s6 IRNYNN IR IPHN .2

:DYNIN DXPYON DY NY (4
P MOPTNNIPY X2 +y? =4y IRNVHNI IXR YPOD N
P29 MOUPTNNIPY X =10 ARNYNN IR PHN .2
PIAD0 MOPTNINIPY Yy =4 IRNWNN IR PO L)

: DYNAN OOYON DY NY (5
PO MOPTNRIPY =4 IRNWNN DX PN N

V0P MOPTNNRIPY O =714 DRNIVNIN AN IPHD .2
PO MOPTNINIPY 1 =2c0s0+4sinG NXIWNN DX IPOIN )
NPTV MOPTNINIPY 6r’sin@d =4—-cosd IRNVNN NN YPON T
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27 P19

GWWL . DXNVYN MY OMINH ONP

AP DNN TNN D02Y ,DMIPR MY PN (6
219 MINNA OMNPNN TN DD 1aND

AN

20NN PON DMNAN DXOYONN TN YD1 (7
P20 MDA ININIAND

y=+1-x* .N

y=—J1-x* .2

b
I
T
<

N
A

20V PON IRNND ONPNN TAX DIV ININ I-N DXPYDa (8
(PPAVIP) N1 NNNA INMNX NN IPN DX VLIV

y=4y4-(x-2)* .N

X=—/6y—-y*> .2

y=—1+yJ1-x*
LDINNN AW T DY ) PYON PN NN INO T
7V Y HY 1IN ININD OIN

: 1YI9IH NMIND DNMIN NN NN DINAN DININNN NN VLIV (9
S :{(x,y)|x2+y2 34} N
S ={(x, y)|0< ys\/4—x2} i

S:{(x,y)|—W£x£O} 2D
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27 P19 GWL . DXNVYN MY OMINH ONP

: TPIDI9 NMINN ONIN PN YN OINIAN DIMINNN NN VLIV (10
S :{(x, y) 1< X% +y? 34} N

S:{(x,y)|1£x2+y2£4,XZO,yZO} A
S:{(x,y)|13x2+yzs4,x20} 2
S={(x,y)|1£x2+y2£4, yzo} T

: TPIDI9 MINN ONIN PN TN DINIAN DININHN NN VLIV (11
S ={(x,y)|lsx2+y2 <4, x< yst} N

S={(x,y)|x2+y2£4, yZX} a

.S= {(X, )| %X+§ <y<425-x? } : P21 NN NN OINNN NN NN (12

Na

.S= {(x, y) | igx <y <A8x— xz} :TPIADID NN NN OINNN NN NN (13

.DINN PN HD2) 0PN NV PD (14
.DMINNNN TON DD DN IND NMIDID NHINNA OININNNN THN DD 1ANd
a 99N N MIN
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27 P19 val . DXNVYN MY OMINH ONP

D MAIVH
(r,H)z(\/E,ST”j A (x,y):(2,2\/§) NO(1
(r,e):[@%”j 3 (r,e):(4,37”j 3 (xy)=(5-53) x @

(x+2)°+y*=2? 2 4rcos@—r’cos’@=1+rcosd-rsind .N (3
rsind=4 . rcos@=10 .2 r=4sind .N (4
(x=1)°+(y—2)*=5 . y=X .1 X+y° =4 N (5
3
6(«/x2+y2) Yy =4 +y? —x T
r=t Zop<Z A r=—1  0<0<” N (6
singd 6 2 cos@ 3
r=1 , r=1 . r=1 N 7
o< r<0<2r 0<O<rz’
2 2
r=1 r=1 r=1
) N T
arctanESHSarctan(—ﬂ)wz Osesz ’ 13933—
3 3 2 2 2
r=6sind, 0.57<0<7z .2 r=4cosd, 0<6<057r .N (8
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1<r<?
152<0<25r
1<r<2
0<0<r
<r<
0<r<2 0257<0<1257 A lsr<2 N (11
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:{(x, V,2) [ +y <2< J4-x2—y?, X4y sl} 1
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N -2 M ya mnn X0 W > 1mn-non onn
Xz DY NOIWNI) y=1NnNn oy W Sv innn, D IR VLIV
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f(xy)=(x-1)*+(y+3)° (7

f(x,y)=¢e" (8
f(x,y)=2Inx+Iny (9
f(x,y) =min{3x, y} (10

: K P2NN P DX IVLVLIY ,13-11 MORYI NPIPNONN NNNX DD N1AY

(k=0,4) f(xy)=(x-y)* (11
(k=0,2) f(x,y):min{y—xz,x+y} (12

X2 +3x—y—3 X2 >
ey Y (13

(k=1) f(x,y)={

—X*+3x+y-3 X<y

346 www.GooL.co.il 91N 10120 INT MDA KON PNIND
© PMMYD NN —INM 2ANd




28 P19

GWL ..N)12D - DNNYN 190N DY NPXPND

-y x<1
f(X,Y) :{ y MPNPNON NN (14
2x+y x>1
(G y)=0 NANNHIP IR HIVVIVY .N

IPNIP NN F(X,y)=C NANNIP C »OIWIIND A
Y NIPN2 NN P IR

mHayn

.DX¥1931 DXNVYNN DI DY DIDPD INNNN N XDP Po2 *

STV MY DIMIPY = MWTR MMIPY = N0 MNP = NANONP **

NOYD Mvn

SY SN PN R NN, x=0 (1

DYV NOD NURIN WIAIN,x>0,y>0 (2
VNN Yo (3

DAY, Xy <1 (4

y<x* (5

AVOYN NVWNNOINN,y>0 (6

GooL.co.il : INND 1DIDN ,MONRYN INY DY DXVIVIVY DINRDND MNIND

347

WWWw.G00oL.co.1l 9NND 10N INT MIVIDA XON NN

© PMMYD NN —INM 2ANd



28 P19 GWL ..N)12D - DNNYN 190N DY NPXPND

DINYN N2V v nXpna? nni 'nvvn

MHNY

CF(X,Y,2) =4J4— X2 —y2 —z PSPNON MY (1

AMNX VLIV PEPNAN DY 2 NNIN NVLWN NN INNND

(XY, 2) =24+ X2+ Y7 PSPNON NN (2
AMINAVOVIYY MIPION SV 4 NN NLYN NN INSNH

L TININ YNLVYN NN INYD MNIN NPIYPNNN NNN 9 Ny (3
f(x,y,z2)=4""" N
f(x,y,2)=z—x*-y*> A

X2+2

.f(x,y,z):XZJr22

SPXPNAN DY NNIN INLYN NNX ININD

INPNAN NN (4

(XY, 2) =27 —yP = X% TONPNON NNM (5
NP DY NNIN INVLWN NN INSD

YD Mvn

.2 NPT (0,0,-2) NTIPI2 NMDINY MPLY NP0 O8N (1
.1VN 2995 NNAN (0,0,4) NTIPIA NIV OIVLION PRI (2
DMWN N (3

DVOHN PRIV XN K NnY nown .a

YN 995 NNan (0,0,k) NTIPI2 NIV

Ky novn o»p XD k<0 May (4
0N k=172y.(0,0,0) nTPy k=0 May
LY =N PN OYITIINYOVDON VYN Kk >1 2y
. Z =N PN DY NNV HOVIIN VN 0<k <1 M2y
DVONR VIN K =0 MY SNYP-TN TXIVIIPN K <0 My (5
ANVPAT PRIDIPN K <0 M2y

348 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN
© PMMYD NN —INM 2ANd



28 P19 th ..N)12D - DNNYN 190N DY NPXPND

MY n”vnn 0°)Nvvyn - Nav)

X
—+

2 2
Yy
a2

2
z
>+— =1 :pxnwn

c

(=3

s MOYHN DN MOPTNNIPI P NYONI DINND : NNON
,a=b=c ox.02apn o0MNMWNI OONNN D) DN T

.02y DN DN DINNN a DT DY N1 HIP)

X2 y2 Z2
—2+—2:—2 :ONNIVN
C

QD
O

J(PUNIN) DTIPY NN XY NN TIND NN
MOYONR DN Xy NWNY DDIAPN DXNYINI DIONNN

DYONMN DY I 0N yZ -1 XZ NYNI DIONNN
PR DNV DAPN DMNWINI DIONNN ; PYRII
M990 ON

AN MNWNY DINNNN VXN DY XIN VNN IO *
.DYOND TN 72D

2 2
X
Xy

7t =1 :pNnwn

QD

DONNMN ON T2 ;NOPON NI Xy NN TN - NN
- XZ NWON OONNN . XY NWND DYIPN DXNYINI
DNMYINI DINNN DN TI) OIAPN DXIY I ON Yz
NOT D930 INNYNM NN . DN DNWN DXIPN
.D9wN 0N YN oannn, X2+ Y2 =r?

YN IPRY MNWND DINNNN VNN DY XN D930 3990 *
590 nxnwna

TINIDNIYN

IIN VIIN

YVIIN D)

349 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN

© PMMYD NN —INM 2ANd



28 P9 G/WL ..N)12D - DNNYN 190N DY NPXPND

2 2 2
X z
—2+y—2——2 =1 :pxnwn
a“ b ¢
DYINNN 0N T2 ; NDOYN NI Xy NN TAND : INN
- XZ YN OONNN . XY NWNI DIPN D3NN

D>5’2PN DNV DXINNN D) DN TI ; MNAIN ON Yz

JON DNWINY
DINNNN SN DY NIN INYP-TN PRIDIAIND 1990 *
.DY1NN MAOY NINVNY

NP -1D PINIINA99D

2 2 2
Xy oz
—+5-—=-1 :pxnwn

QD
O
(@]

DONNM; Xy NN TNN PR 1Y NOWNY : NN
,NOYNN NN DOMNN, Xy NN D¥9Ipn DXNena

; MN2IPN DN Yz -) XZ MWNA D¥ONNN .MOON ON

AON DNYIND DDAPN DNWINI DXONNN D) DN T
DINNNM PN DY NI ONYPI-1T PRI 1IN *
.DIMMNN POV MNVNo

Xy oz
—2+—2:— DNV
c

QD
oy

DYINNM ; (MYRIN) NTIPI XIN XY NN TN : NN
DN POYN DONINN Xy NN D¥9APN DINWNI

DN T2 ; MNIAIV ON YZ -) XZ NN DINNN .MDIN

9N DMWY DYDYAPN DMNIYINL DXONNN D)
DONNNN NN DY NIN YVHND TINRIDIAION 1M *
W29 NOY WaNIN MINVNY
c<0 oxy nYyn »955 NNy NN €>0 ox *

VN 1953 NN TININIAIN

NP =17 4INIDNA99N

VAYN TINITIYD

350 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN

© PMMYD NN —INM 2ANd



28 P19 Gw‘ ..N)12D - DNNYN 190N DY NPXPND

12990 PNINAID

2

yA
—y— =— :ONXNWYNH

2
b ¢

9’.\,| >

DXONN) DMWY N KIN XY NN TNNN NN
DN Xy YN DXD’APN DNV DINNM ; YN
PN PP MNN XYy NYINT SYNv PN ; MNAION

X1 VY NP MNND Xy NN AINNNY DX Y -1

D3 DN T2 ;M ON yZ -) XZ NN DINNN

JON DNYINID DYDAPN DN DIONNN
DINNNN NN DY NIN YVPHNN TIRIDIAION 1IN *
W2 NOY 9NN Mnwnh

Cc <0 oN) NYYN 2955 NN XII19N €>0 DN *
.1V 2955 NN TNIVIANN

MY NPT

L Y
1

300 ©V3.0

2

z=3-x"-y

1,0, 0

X+y+z=1

351 www.GooL.co.il 91N 10120 INT MDA KON PNIND
© PMMYD NN —INM 2ANd




GOOL

SN0 Hrawvw2

NXMMIPN WTRI NPV2IN MY

DINWYN 1aDN 2V NXpna ?v max7 21 - 29 p1a

01Myn 101N

3D DOINYN NV OV PSPNI DY D) .1
3 . DOINYN NV DY 1PXPND DY MPNI .2
3 M2 — MNNON .3

www.gool.co.il
351

B T



29 P19

Gwl ... OV NYXPNS HY MONT MDA

DNINYN Y 2V nXpna 2y 712

mMYNY

:9=1 MONYA MDD NN HNIVN

H 3

. SIn(X
lim (3 y)

x)-(00) X7y

sin(xy — 6)
-2 x°y® —36

arctan(x+y—23)
-2 In(X+y—2)

lim (O +y)In(x*+
o im L (EY)In(E +y)

lim sin(w/x+ 2y —-3)

G- 1) X+2y—3

2x+y-3-1
(xy)-»12)  2X+ y—4

2

Xy-y
X_

(x,li% x=4Jy

_ sin(x(y2+zz))
lim >
(x,y,2)—(0,1,2) Xy

i sin( X2 +y2)

(x,y)—(0,0) 3 X2 + y2

(1

(2

(3

(4

(s

(6

(7

(8

9

352

wWww.GooL.co.il 9NND 1032 XTI 1IVIDI XON NINSY

© PMMYD NN —INM 2ANd



29 P19

lim|y[ (11

y—0

lim> (13
&

3
lim—Y (15
o 2x° +y°

Xyz
||m#
X%OX +y +Z

y—0
z—>0

(17

lim X~y

— (19
(X,¥)=>(c0,) x + YX+ y

x'+y*

2 2 (21
(x,y)—>(0,0) X + y

2, Eyh

M (23

(xy)>(00) X* 44y
XC+y +7°

m 5 > (25
(y.2)>(000) X“ + Y + 7

GUUL

. IV NPIPNG DY MONY M)

:17=10 NMYNYA MDD DN VN

:25-18 MYNYI MYHN NN HNIIVN

3

lim (18

(x.y)-(00) X2 +y

. SIN( X

lim &
(x,y)—(0,0) ’X2+y2

i 3x% — x? y +3y (22
(x.y)—(0,0) X2 +y?

(20

lim yIn(x*+y?) (24

(x,¥)—(0,0)

MY D997 XNYWA NN MOIY X9NIN 25-1 23-20,18 MONWVA *

: DYNAN DYON DY NY (26

3

XY 5y23n nxavn N
x> +y?
sin(x%y)
lim————~ 50 Nx 1wy, ||m— =1 PN DAY A
5 XY t
e . e -1

lim— 21200 NN VM, lim =1 VPN NDANWD D

xag X~ + y t—0

Yy
~In (x3y +1)
Imo]W 91201 NN navm, Ilm =1 VPN MDA NN T
X—> +
y—0

IRV G0 1N XD VT DNV PNMY NIAVNIIND *
353 www.GooL.co.1l ANNT 193371 INT 21002 NI NN

© PMMYD NN —INM 2ANd



29 P19 GWL e U NPEPND DY MONN M)

lim(sin x+cos y) =1 »3 mY7anM %97 N (27
y—0

) Ixirr; X2y =4 >3 NYTHNN 299 1NN (28

y—l

lim 2x%y =8 3 NYTHINN 299 NN (29

y—4

YD Mvn

1 Q4
— (2

1 (3
0 (4
NMOPN (5

(6

(7
(8
0 (9

2120 PNPNAY PR (17 — (10
0(18

0(19

0(20

0(21

3(22

0(23

0(24

0 (25

0.7-X (26

NN NONY (27

NN NONY (28

NN NONRY (29

1
2
2
5

354 www.GooL.co.il 91N 10120 INT M0 XID PNINID
© PMMYD NN —INM 2ANd




29 P19 GWL e U NPEPND DY MONN M)

DNINYN 1Y 2 nXpna 2y manxn

MHNY

.(0,0) NTIPIA NVXPNON M NN IPTA 3-1 MONVI

TP 19N NN TPEPNOM NN
MTIPI NONY PPNNY TD NMIN PTINY 1) ONN

sin(x*+y?)

oyt ey )00
2 (x¥)=(0,0)
X +y°

Foy)={x+y’ xv)=00) -,
0 (x)-(0.0)
X’y

f(X,Y)Z Xty (X,Y)i(0,0) 3

(xy)=(0,0)

.(1,4) DTIPI NPIPNAN MY NN IPTA 5-4 MONYA

-4
f(xy)= (x—1)2+sin2(y—4) (xy)=(14) 4
0 (xy)=(14)
D4
{ (xoy) =) (e rsint(y—a) YV FE
0 (xy)=(14)
MY (xy)2(0.0)
Yp m N, f(xy)=4x +5y N (6

0 (xy)=(0.,0)
ITPYNID NN TPNPNAN M DY DYDY PN NIY

355 www.GooL.co.il 91N 102N INT M0 KON PNINID
© PMMYD NN —INM 2ANd




29 P19 val e U NPEPND DY MONN M)

NP IIPND NMPRY , f = f(X) NYINT VRN MNPN MM (7
X2 —4y?

f X,¥)#(0,0

s e | ()=(00)

0 (x,y)=(0,0)

1(0,0) NTIPIANDNT g TPPNON DN

NYITN MIPNS TN

s TIN2N MIYOLN NN I1DMN NI (8
Y 990 Iirrg f(xy)="f(0y) ON

, X 990 Iylgg f(x,y)=f(x0) on

leirog f(x,y)=f(0,0) W
y—>

(%, y)999 | f (X, y)|<sin®(x‘ +y*) mo»pn f(x,y) mspns (9
.(0,0) NTIPIA NDXNT TPIPNINY NN

TINPNANY NN DY (0951 ON) k W12aPN DY TN NN TN NN (10

Xyz
—— (X¥.2)%#(0,0,0
12NN 992 NN N f (%, y,2) =4 X + Y+ 27 (xy.2)#(0.0.0)

k (x,y,2)=(0,0,0)

D P (11
Ly Mnwnn 292 WD o) | f(xY,)— FOGY) K Y, -y, | ©pnn x 935
O NN 292 oW NIN) | f (%, Y)— F(x,Y) IS x —x | ©»pnn y 535
NYNN D1 N9NT f(X,y) M INOMN

£ 125990 N NN (12
NWINN 992 NN (X, y) 2 N

f(x.y)

2= Jx=y)? ~100

.z2(L,14) <0, z(14,2) >0 > N1
.2(c,,¢,)=0-v 75,(c,,c,) NTIPINNDMP z S¥ NITINN DINNI IN

NYIN NIPND TN

356 www.GooL.co.1l INNT 193371 INT 21002 NI NN
© PMMYD NN —INM 2ANd




29 P19 GWL e U NPEPND DY MONN M)

NOYD Mvn

9N PN PPN, £(0,0) =1 TN DX NN XY I¥pNoN (1
DN TPNPNON (2

22123 5952 1D PN NN NN TPNPNON (3

DN INPNON (4

.912) 5952 N0 PR NN ND MISPNON (5

9N NY PPN M<L Ay, NN 7PNPN9N m>1 My (6
9N KD P8P (7

N0 MONY (8

N0 TORY (9

k=0 (10

NN NONY (11

NN NONY (12

357 www.GooL.co.il 91N 102N INT M0 KON PNINID
© PMMYD NN —INM 2ANd



29 P19 GWL e U NPEPND DY MONN M)
M212x - NINNOPN
X — —00 Xx—0 X —>00
X —o0 0" 0 0

y=¢" e” =0 e’ =1 e” =
y=Inx - In(0") = -0 In(e0) =0
y =arctan x atan(—o0) = —— atan(0)=0 atan(oo) = —
y=a“,a>1 a”=0 a’=1 a” = oo
y=a‘,0<a<1 a” = a’=1 a” =0
y =sinx - sin0=0 -
y =CosX ——= cos0=1 ___

_sinx 0 1 0

X
_ fanx o 1 o
X
(-3 |
y=|1+=— e (fromright) 1 e
X
1

y=(1+x)* - e 1
Y= o =0 o =
y:ﬁ/; — 0 3/620 %:OO
Defined Limits:
w-0=0m, oo(-w)=-0, wo+o=0, wofa=wn, o (ta)=+w , oo/ (+a)=1o
Undefined Limits:
978’ 00 — 0, 0 0, 100, 00, OOO
0
358 www.GooL.co.il 91N 10120 INT MDA KON PNIND

© PMMYD NN —INM 2ANd



GOOL

SN0 Hrawvw2

NXMMIPN WTRI NPV2IN MY

NN XN T NR?n mnma - 30 7148

01Myn 101N

35 NYNRI ITON NPPON M .1
BB MY ITON NPPYN MM .2
305 NATIN 29D NPPON M .3
307 NYIANININT .4
www.gool.co.il
358

B T



30 P19 GwL NPOANINIINT NPPON M

NWNI 1TON NMR2N NN

MHNY

NN MINPNAN DY PYNKI TTON NPPONT MITNIN NN H1IIWN 10-1 MONWI

f(x,y)=x’Iny (2 f(x,y)=4x>-3x’y*+2x+3y (1
x’y*(\/y +5In
fO0Y) =(F+y°)-(2x+3y) (@ (f o) F(x,y)= v ({Jy +5iny)
' y*+5y+y’
2_
f(x,y)=sin(xy) (6 f(x,y):X 32y (5
X+Yy
f(r,0)=rcosd (8 f(x,y)=arctan(2x+3y) (7
f(u,v,t) =e"sin(ut) (10 f(x,y,2)=xy’z® (9

2(xy)= In(\/§+\/§) N (11

.x-a—z+ y-gzE 3NN
ox 2

(% y,z):ex(yz—%j N (12

ﬂ[o,_l,lj, ﬂ(o,_l,lj, ﬁ(o,_l,lj yaen
ox 2) oy 2) o 2

120 NN
f=~f(xy) = fxzi:fl; fy:izf2
X oy

350 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




30 P19 GWL NPYANINIIT NPPON MNN
YD MAIvN
f, =-6x’y+3 f =12x*-6xy°+2 (1
5
fy:X— f.=5x'Iny (2
y
y4(\/y+5ln y)
f, =2x—; (3
y +5y+y’
f, =6xy® +12y° +3x* f =6x>+6xy+2y° (4
¢ _ -3x+3y?-2x%y ¢ X2 +2xy° +3y s
Ly ()
f, =cos(xy)-x f,=cos(xy)-y (6
f, = ;2 f, = ;2 (7
1+ (2x+3y) 1+ (2x+3y)
f,=-rsing f.=cos6 (8
f =3xy’z° f, = 2xyz® f =y2° (9
f,=u-e" .cosut f,=u-e"-sinut f, =e"[vsinut+tcosut] (10
NN NORY (11
ﬂ(o,—ﬁj =-1 ﬂ(o,—l, —j =-2, q(o,—l, lj =4 (12
ox 2 oy 2 oz 2
150 NYN
fy= i =h f, = q =1
OX Yooy
o’ f o’ f
f=f(xy) = fxx=8X2= 11 yy_W fy
o o ¢
Yoeyax Y awey
3560 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY

© NSO N — NN aNd



30 P19 Gwl NPOANINIINT NPPON M

MY TPN N1R2N M)

MHNY

;NN MIIPNAN DY NIV ITO TY NPPONN MININ DD NN HIVN 14-1 MONVA

f(x,y)=4x* —x*y* +4x+10y (1
f(x,y)=x'Iny (2
f(x,y)=x*+y*—6xy (3
f(Xy)=x+y’ +3L-y)(x+y) (4

f(x,y)=xy(x-y) (5

f(x,y)=(x-9)(2y-6)(4x-3y+12) (6
f(x,y)=eY(x+y) (7
fxy)=e™ (X +y°) (8

oy =(x+2y?)e ) (o
f(xy)=In(1+x*+y*) (10
f(xy)=In(x*+y?) (11

f0y) =In({+y7) @2

f(x,y)=sin(10x+4y) (13

f(x,y,z)=xyz (14

361 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© IO N — N 2AND




30 P19 GwL NPYANINIIT NPPON MNN
S (xy)=In(xy=x*—y*) My, f, (11) yawn (15
f(xy)= In(x2 + y2) My, f,(11) yawn (16
(% y)=PE+y? My, £, (11) awn (17
X2
f(xy)= N (18
Iny+x
0% f o* f o* f
2 (Le), W(Le), (Le) xawn
PI0 NYYN
fxzﬂ:fl fy:@:f2
OX oy
o’ f o’ f
f=f(xy) = fXX:¥:f11 W:W:fzz
o* f o* f
fxy = =l fyx = = f21
OyOoX oxoy
362 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY

© NSO N — NN aNd




30 P19 val NPYANINIIT NPPON MNN

NOYD Mvn

f, =—2x*y+10 f, =8-2y f =8x—2xy’+4 (1
f, =—4xy f, =—4xy f,, =—2x°
X4
f, == f,=12x"Iny f =4xIny (2
y
3 3 4
T - F - fyy :_X_z
y y y
f, =3y” —6x f, =6x f =3x*-6y (3
f, =6 f, =6 f, =6y
f, =3y?+3-3x—6y f, =6x f =3x*+3-3y (4
f,=-3 f, =6y—6
f, =x*—2xy f =2y f.=2xy-y*> (5
fy=Tf,=2x-2y f, =-2x

f, =2[8xy—3y*-1-24x—0+57y-1+72+0+0] (6
fy=2[4x2-1—3x-2y—0—54y+57x-1+0+27+0]
f, =2[0-6x-1-54+0+0]  f_=2[8y—0-24]
f, =2[8x-1-6y—-0+57+0]
fy:exy(x2+xy+1) fX:exy(xy+y2+l) (7
f, =€ -x(X* +xy+1)+(0+x)-e” fo =% y(xy+y*+1)+(y+0+0)-e”
fy =€ -x(xy+y? +1)+(x+2y)-e”
f,=e" (X’ +y* +2y) fo=e(x*+y +2x) (8
f :e“y(x2 +y? +2x)+(2x+2)eX+y
f :e”y(x2+y2+2y)+(2y+2)eX+y

vy

X+y

f, =e" (x2 +y° +2x)+2y-e
f,=e (4y-2x*y—4y®) f=eX (2x—2x°-4xy*) (9

2

—e (—2x)(2x—2x3 —4xy2)+(2—6x2 —4y2)e’xz’y

2

XX

vy

f,=e" Y (<2y)(4y-2x"y—4y*)+(4-2x"~12y* )~

2

fy =67 (<2y)(2x-2x° —4xy2)+(—4x-2y)e‘xz‘y2

363 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




30 P9

GUUL

NPOANINIINT NPPON M

2y 2X
f=—>- f=—7F+—— (10
Yl x4y " 1+x2+y2(
f:2-(1+x2+y2)—2y-2y _2y-2x
W (1+x°+y?) ? (1+x2+y2)2
2(x* +y®)—-2x-2x 2
- (¢+y°) ; p— f=—r— (11
(x2+y2) X2 +y X2 +y
f 0(X* +y?)—2y-2x f 2(X* +y?)-2y-2y
Xy (X2+y2)2 vy (X2+y2)2
; _2(x2+y2)_2x.2x.1 ‘¢ 2y 1 ¢ 2x 1 (12
x (X2+y2)2 3 Y oxP+y? 3 ©oxXP+y? 3
f _O(x2+y2)—2y-2x& _2(x2+y2)—2y-2yé
PO oy 3
f, =—100sin (10x +4y) f, =10cos(10x+4y) (13
f,, =—16sin(10x+4y) f, =4cos(10x+4y)
f,. =—40sin(10x+4y) f,, =—40sin(10x+4y)
f,=Y fy =2 f,=0 f,=yz (14
=X fyy:O fyX:z fy:xz
fzz=0 fzy:X fzx=y fZ=Xy
-2 (15
-1 (16
1
-—= (17
2\2
!
e e) (18
16

364

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd



30 P19 GWL NPYANINIIT NPPON MNN

NYTANN a2 N1P2N NN

MHNY

Xy
X,¥)#(0,0
(% y)={x +y° (xy)=( )mxpmnmm) 1

0 (x,y)=(0,0)
.(0,0) NTIPI2 NNAN MPIPNAN DY NPPINN MMM DX IAVN N
1(0,0) NTIPIA NN PSP ONN .2
DN NN NN PPIN NP I¥PNY DN )

3

X
R (x.y)=(0,0)
Fy) =1 +y S5¢ NPPONN MDD DN INSD - (2
0 (x.y)=(0.0)
.(0,0) NTIP12
2
(v+x*)
F(6Y) =1y ext (% ¥)#(0.0) 5y nyym5nn MmN NN NSD (3
1 (x,y)=(0,0)
.(0,0) NTpP1na
ysin x
- X, ¥)#(0,0
F(xy)={x+y (x.y)=(0.0) PNPNAN M (4
0 (x,y)=(0,0)

.(0,0) NTIPIA NN NY PNV ININ K
ANV (0,0) NTIPI2 NPPIN M MNMP DIYPNDYINDIN .2

X +y’
ez (xy)#(0,0)
X y)=1xT+y NP N (S

0 (x,y)=(0,0)
PNPNN OV NPPIND MINTNN IR VN N
1(0,0) NTIPI2 MOXT PPN DY MPIND MIIN DX .2
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30 P19 Gywl NPYANINIIT NPPON MNN

Xz_yz
X X y)#(0,0
f(xy)= yx2+y2 (xy)=( )mxpmn mn (6

0 (x,y)=(0,0)
Y N OOy, £ (0,0)=f,(0,0) OXNIPT X
7(0,0) NTIPIA MY MANYNN MINN O .2
Q4 ="f__ (L4) ONN .)

: fyxyxyxy XYXYXYX

nhi'n!
2 PYD 7-1 6 MORY — NPANIKIINT NIMDN NNN PN TYNNL DXODN DIININ

PID MAIVN

(0,0)NMpaaney¥IN>.a (0,00=0, f (0,00=0 .8 (1
1987 NIONA NN TPPON NPT INPND L)
f,(0,00=1, f,(0,00=0 (2

£,(0,00=0, f,(0,00=0 (3
f,(0,0)=0, f,(0,0)=0 .2 NN TORY X (4

x* +3x%y? - 2xy*
2 (x9)20.0)
Fooy)=1  (X*+y?)
1 X,¥)=(0,0
NPNINT 2 c 3( ¥)=(0.0 N (5
2y° +4x°y° = 2X
Y222 22 (xy) % (0,0)
f,(x,y)= (x +y )
0 (x,y)=(0,0)

f,(000=-1 # f,(00)=1.% (6
322 .(0,0) TP MK XY MIANWHRI MM .2
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30 P19 GWL NPOANINIINT NPPON M

N2 ANXINAT

MHNY

.(0,0) NTIPIY MLANIKIIIT NNTHN MPXPNON DN IPTA §-1 MHNWI

f(xy)= 2Xx2++yy2 (x.y)=#(0.0) 1
0 (%¥)=(0,0)
 (y)= (X2+y2)3in\/x2l+7y2 (x,y)#=(0,0) o
° (x.y)=(0.0)
siny Y y) (0,
f(xy) ATy (x,y)#(0,0) 5
0 (x.y)=(0,0)

4x+y
, 0,0
Fxy)=qy+ax U200

0 (xy)=(00)

t(xy)=18 T (6 Y)#(0.0) mxpnan noavoseTipTa (5
0 (xy)=(0,0)
x"siny
X,y)#(0,0
yapm, f(xy)=1x+y’ (xy)=( )]m) 6
0 (xy)=(0.,0

ITPYNIA NN TINPNN M OV OIIIWIPIN N N
ITPYNI TIPON NP 7PNPNAN M DY DIV 1IN MY .2
ITPYRID TODIANONINDT TPNPNN M DY DWW IPIN MY )
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30 P19 val NPYANINIIT NPPON MNN

Xy
— = (xy)=(0,0)
ap m,f(xy)=1(0¢+y?) N (7
0 (x,y)=(0,0)
ITPYNRID NN TPNPNON M DY DI IPIN MY N
ITPYNIL NPPON NP PSPNON M DY DDIWION Y .2
1TPYNID TPDANINITINT MINPNIN M DY DIV IPIN MY )

.(0,0) NTIPI2 TIANONNDT MIPNS f NN (8

f(x,y) xy=0

p(xy)= (x.y) xy NYTN TNPNY T
0 Xy <0

. £,(0,0)= f,(0,0) = £(0,0)=0 1™

.(0,0) NTIPI ANOKINT ¢ -¥ NN

zsm(XY) . (X,y,z);t(0,0,0)
6y 2)= (¢ +y? + 27 NPYAONINTIPT (9

0 (x,y,2)=(0,0,0)
.(0,0,0) NP1

\/1+||x|2 -1 -

D=9 N P oy NN, f:R" - R N (10

0.5 x=0
1x=0 NTIPIA TPDIANONNDT f OND
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30 P19 Gml NPOANINIINT NPPON M

NOYD Mvn

JODANNNTND (1

ODANONDT (2

JODANONNTND (3

JODANNNTND (4

YN NTIPI 992 DIANINIT (5

m>2.) m>0 .2 m>1.N (6
m<0.5.) mbYoo .a m<1l.8 (7
NN TONRY (8

DODANNNT (9

)5 (10

369 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© IO N — N 2AND



GOOL

SN0 Hravw2

NXMMIPN WTRI NPV2IN MY

DINWYN 190N 2V NXpnal Nvavn 222 - 31 74

01Myn 101N

370 DMNYN 1901 DY NPSPNNL NIVIVN 59 .1

www.gool.co.il
369

4—



31979 Gml 09901 DY NPXPNNA NIVIVN DD
DINYN 1abNn 7Y NXpnail nawvavn 222
NP NMIVIAN MITIN 55w NN ,NT P91 DXYNINA
MYNY
X=2u-Vv, y=u?+v?  z=In(x2-y?) :ym @
.2y, Z, :72WUN
vV=4t+k, u=t?+4m, z=¢e""V . pm (2
22, 2, Z, 2 )AVUN
2=f(x2=y?) :pm (3
Yz + Xz, =0 Hom
z=T(xy) :pm @
X2y =Yz, =0 100N
z=f1 (EJ M (5
y
X-Z,+Y-Z, =0 Hom
Z=FT(X=y,y=X) : ™ (6
2y +2,=0 :noom
w=f(x—y,y—2z,2—X) :pm (7
Wy Wy +W, =0 0N
.u=sinx+ f(siny—sinx) : (8
.U, COS Y +U, COSX =COSXCOS Y :IN2MN
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31979 val 09901 DY NPXPNNA NIVIVN DD

.Z=Xy+xf GJ ;M) (10

XeZy+Y-Zy =Xy +Z 0N

—x2. f| Y 2],
u(x, y,z)=x f(X,XJ.nm (11

XUy + YU, +2ZU, =2U :)n00m

h(x y)=f(y+ax)+g(y—ax) : pm (12
hy=a%-h,: on

u(x,y)= f(e*siny)—g(e*siny) :ym (13

NN
u,, —u
uXX +uyy:XX—2X N
siny
Uy =Uy 2

£'(0)=2, g'(0)=1-v T ON,u, (L7) NXIAVN )

? Pxy

.y=rsing , x=rcosé@ , u=f(x,y) :m (14

.(ux)2+(uy)2=(u,)2+r—12(u6,)2 PN LN

u., =f.cos?0+2f.,. cosdsin@+ f.. sin?0 : N .a
Ir XX Xy yy

1 1
o+ fyy =Uy +Fu% +Fur NN )
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31 P79 G/WL .2 9901 DY NPIPNA NIWIVN DD

NXNWN IR M»pn u= (X, y), v=9g(X,y) » nnn,z=h(u,v) pm (15
Uy =V, Uy ==V, MD»Pn Mo y-up
92 NN
L0995 INNVN AR MNPPN U,V K
Ny +Vyy =0 197 Uy, +Uy, =0 955

he +hyy :((ux)2 +(v)()2j(huu +h,) 2

.y=rsinhs, x=rcoshs, u=f(xy) ) (16

2 2 2 1 2
(u) = (uy ) =(ur) —F(us) £ I179I1
(o ty)=t"-f(x,y) ON,n 3700 7N XN f(x,y) mspna (17
SN, TN fOX Y IO
x-fo+y-f,=n-f(x,y) .N
x*f +y*f, +2xyf =n(n-1)- f(x,y) .a

Xy X, V) #
~Z=f(X,y)= X2+y2 (7y) (0,0)

0 (x,y)=(0,0)
.(0,0) NTIPI2 NMPEPNAN SY NPPONN MININ NN VN N

PNPNIN NN (18

X=2t,y=t M .2
PY 9INa 2'(0) INOHYIYN
X=2ty=t P )
NIVIYN 99595 z'(0) NNHIVYN
JPDANINIINT TPINPNAN DR WIAP ,T202 ) PYD NINNIN NNYA .7
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31919

Gml ... 9901 YV NYNPNA NIVIVN Do

NYAYD MIVN
1 1
z, = 7y 2% 2+ 7y (-2y)-2u (1
z,=e""(1)-2t+e"V(-1)-4, z,=€""(1)4, z =e""(-1)1 (2
t
- ) (13

JVDANONIDTND T 0 ) %‘3 f,(0,0)=f,(0,0)=0 .8 (18

GooL..co.il 9NNY 19120 DININ NMNINAT , NN MORY N MINYN INY
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32 P79 GWL VINTIN TINDN NI

VIXTIAA NININ NATA

MHNY

X y)=x2+y?on (1
(3,4) nTIip)2 NN NN fHY LINTIIN NN VN LN
ITINSIND MYNPWYN SN
.(3,4) 771 2wn, £ 5 NN IPY 9NN NXIN LINOTNNY NN .2

(X, y)=3x2y rnn (2
U =31+4) Mmopnn proa, (L2) nmipaa £ 5w mamonn NN DX 1IvN

. F(x,y)=x-=sin(xy) >nn (3

,(1,%} AT 9 MINIHA NN DX 1IWN

U= 1i +£j TOPNN PPO2
2 2
(X, y)=2x2-3xy+5y? nn (4
AN NP PP, (L,2) NP2 5 MMNDNN NN NN AW

X =N PY YW HAPNN PONN BY 457 5w I I8N

X y)=xy?oon (5
.(4,5) nmpao proa (L,3) nmipaa f Y nMonN NN DX 1AWN

(X, y,2)=x%y?2 >nn (6
,(2,,4) nmipaa, £ 5w mmHNn NN DX IIVN
U=1142-jJ+2-K mopnn proa

V= In«/x2 +Y2 P OY NN, (X, Y) NTIPIAV HNUNN HNONIVION DX (7
.(2,6) NP P02 (3,4) NTIPIA HNOXIVION HY NPVN AP NN INSD

f(X,y)=e*(cosy+siny) S nmonn NN 12 PPN NN INSD (8
199y NN 1avM o opn o0 (0,0) nmipin
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32 P79 GWL VINTIN TINDN NI

, £ (X, Y,2) =2x3y —3y%Z 18P0 YW NINDNN NN 12 PPN NIRINSD (9
9 X VM 90PN 0 (4, 2,—-1) NP

N8N, T (X, Y,2) =3x2=5y2 4222 > 5y 1M N1HVI9NLN OX (10

111
11555 MY NI NN NN INMY NND IIPNND NN 3D ARA[PAN!]

CF (X y) =4x%y 8PNan NM (11
,(1,2) DTIPI2 TONPNON DY NINDNN NITIN NN INSD N
XN PN HYHIPNN PON OY 30° DY TN AP NP P2
,(1,2) DTIPI2 ONPNON LY IIMNINN NN NN INSD .2
LY =N PN OWHIAPNN PPON OY 30° HY IONT ANV NVPI P2
,(1,2) NP INPNAN N0 PPUNN WO DY NPIVNII MIND INYD L)
72 PYDIA NN NVPNN NP2

Cf(x,y,2) = xPyz* 8PN NM (12
,(1,2,-1) DTIPIA TINPNINN KV MNP NN NN INSD
, X =1 PY DY IPNN PON DY 60° DY TN AP NOVPI P2
. Z =N PN OVWHIPNN PNPON DY 60°-)
DTNy =N PN DY INMRNIY INDIN

.Q(D) NTIPIN NI (X, y) =xy? =Xy 8PN NN (13
,Q NTIPIA IXPNON DY MINPIN NN DN HIYN N
XN PN HYHIAPNN PPON DY 60° THINT INPY NVPI NP2
of .
.E(Q):o-w T2,0 MOPYINYD .2

zZ—f(Q) =6-¥ 70,0 7VP) O”P OXN )
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32 P79 GWL VINTIN TINDN NI

X2 (4 y)#(0,0)
CF(xy)={x*+4y? INPNON NN (14
0 (x,y)=(0,0)
-(0,0) NTIPI2 NN PXPNAN 7D INIIN N
.(0,0) NTIPIA MXPNAN HY NPPONN MITNIN NN VYN .2
.V(0,0) NXYawN )
.(0,0) NTIPI2 NIXPNON NPIANININTIPT T
,(0,0) NP2 f MNP LY MININN NININ NN INSD .1

.0 = (1,-1) MOPNN NP
2T PYDA TITIN NNV TITL,1P97ANININDT NN TIYPNON WITN 1PN )

(X%, Y,2) DTIPIA NNV NINDN, T(X, Y, 2) =2X> +4y* +2° 7PSPNON (15
7(2,4,1) NP2 NNVINVLNOIIN N
,20° VY NNMVLIYNVLN NI, (X, Y, Z) MTIPIN GON .2
2772 .DDNAN NLYNI INNN
N DM NNVINNLY YHND NN (2,4,1) NTIPI2 NINNDIV NN )
DHYOPN NN NNVIVNVLN NPY ANPY NN HY ,YND MY NP NNA

,(Z=17v0) 1 NN NW DY NYD RSN MOV NomN .7
;7N NN NIVINNVLY YHND NN NN L) PYDAIND . (2,4,1) NTIPIA

AN2WN NN 1YY 1Y NON DY TN
DORIOPN PN NHY NIV AXPY NN DY YN 7IOY NP NN

.2=20-x*=2y? Nownn Sy, (2,1,14) NTIPI2 NPININ N2 (16
.10 2972 NLYNN JY YN NIPNNN N NZIN NN ITINY
NN NVLYNPNIND N
123N DW N2’9N NI NN INNNN U = (a,b,c) MOPNN NN INND .2

:DINMPNN ,NYINN 92 THDIANINIT DIPNS f = f(X,y) NN (17

2

X 995 f(x,xz):%+x4 1

4 3
'(g’gj MOPNN MO, (L1) NP, f(X,y) ¥ NN NIIIN.2

1w
(L1) nMpaa £ 5w VLINTIN NN IIYN
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32 P79 GWL VINTIN TINDN NI

.f(x, Y, x2+y2):2x+y NNOPNRN ,TPPANIDT | = f(X,y,z) "N (18

0 =(-2,1,2) 2wNo ,24(0,2,4) = —g DM
U

.Vf(0,2,4) nxywn
12
Cf(x,y) =12x3y3® papNnan NN (19
.0 =(3,4) MOpNN Proa ,2—2(8,1) N 2VN N

- (0,0) MMIPI2 HINIKIINT NIXPNON DN IPTL .2

_ of
a TONTIAXPH L,V MOPIY PNO] ’E(O'O) nvn
X =1 PN DY HIPNN PO DY
of
TYOPN PIN 5(0,0) PHODNA DIINN ,a NPI NV T

NN DY HOLOPNN TIVN NN

.1
x?sin—+20x+21ly x=0
X2 y INPNON N (20

f(xy)=

21y x=0

. of
0 NN NOPIYIY ,—(0,0) <m OM»PNN M SY DMWY DN NAY .N
ol

of )
.%(0,0)=0 0PN, 0 DTN NOPIINSD .2

1290 MIYN
: D977 XNWA NYWNI NOPY OY 1M 1PN ,i=(10), j=(0,1) : R? Mwna (1

0

Xi+yj W U=(XY)
.0=(3,4) © i=3i+4j :bwnd

,i=(,0,0), j=(0,1,0), k=(0,0,1) : R* an7ma

NV =Xi+yj+zK N,V = (X, Y,2) : D277 >NY1a IN7102 NVPI D 1) 199
0=(345) < 0=3-i+4-j+5k :5unb

LUON U DY T MO onnonn ey (2

L0 0 DM O (3
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32 719

GWL VINTIN TINDN NI

NOYD Mvn

20 OMOTHN TIN .2 . (6,8) LINTIN.N (1

1 48
752 4 > (3 < (2
%Jﬁ 7 % 7 N ERRC

29w (L1) MOPNN NP2 NOYNIOPN NIMONN NN (8
229 MW (12,14,-12) MOPNN NI ODDI0PN NIMONNT NN (9
(-2,2,-2)Mmopnn o3 (10

0 (1,2,4)+t(%,§,8+2\/§}) 8+243 .2 8J3+2 .N (11

1
—-2 (12

V2

. 1.5
N9 ) Ay w) i=(51) a —§+EJ§.N (13
Vf(0,0)=(10) f,=1f=0.1 N0 N (14
0.n JPDANONIDT ND T

.(8,32,2) Mmopnn o1 ) SPNIDON 2 DOYN 73 N (15

.(8,32) mopnn o T
u=(4,4,-32) a NI N (16
v (1,1):(_3? (17
v (0,2,4)=(2,-31) (18

1
12(c05a—c053a)3 2 DIANININT NY .2 % N (19

1
Max%(0,0) :12(2/\/5)3 @ =54.73 1

{DINX W) 1=(21/29,-20,29) .2 m>29 .N (20
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33P99 GWL LU OY DY TPNPNAY 9IIN) NP

DINYN MY 2 nXpna? 901N NXp

MHNY

,8-1 MYNWA NPIPNOIN NNN 9 M2y
;9N IN DY ,DIOPNT JMN NN NPVIP MTIPI INSD

f(x,y)=8x3+12xy+3y*>-18x (1
f(x,y)=x3+y>-3x-12y+20 (2
f(x,y)=x3+y*-3xy+4 (3
f(x,y)=3x—x>-2y?+y* (4
f(x,y)=e¥>*Y (s
f(xy)=yJx-y?-x+6y (6

2,2
oy =Y @

f(x,y)=e*cosy (8

2=X3+ Y3 =3xy+4 nown Py (9
NOWRY DOPAIRN DIPOWNN DINWNN MINNIYA NN INSD

NLYY N2XNN YTHN NN IAYN ,P7ND 32 JNIY NINMNOT MINN YD Pan (10
SHNN NIN NHY DN

,—2X—=2Yy+z2=0 1wy (1,2,3) nTIiPInNm INP2 ISPN PNIND DX INSD (11
D71 NTMIPIY NP NAIPN NWINN DY NTIPIN NN 19)
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33919 GOOL WD Y SY NPT 9GIINY PNYOP

)02 YIND ,D012vN) 1010 I (12
.83 NN D2 NIAVNN NN MDY 63 NXN NIND NIAVNNI TY NN NDY
Q, VIPan NN ,XINA NIAVNND Q, VI AN NN TOIN PNV DN

.Q,=116—-30R, +20R,,  Q, =144+16P —24P, :> by 02 Navnny
DOPNY TN DY, P, -1 B ,02112wNnn >1PNN NX 2P0 MIND NN T8O
Y AN NN NN NN

f(xy)=xt+y +axy DOSPNAN NN (13
JPVIP NTIPI NN (0,0) NTIPINY NN N

a YV DYDY IDON NIY WIAP ,NMIVN NI 1NN NITYA .2
YT 370 ROV IR, 90IN, D120, 01900910 NN /N PYON NN

b 1
90PN O j (24-2x—x*)>dx-w 72 ,b>a ,01900 MW INYD (14

a

OO Mvn

0N (1.5-3) ;99 (-0.51) (1
AN (L,-2) , (-1, 2) ; owoPn (-1,-2) ; oY (1, 2

)
0N (11) ;9918(0,0) (3
99N (-1, 0),(11),(L -1) ; owropn (1, 0) ; owovn (-1, 1)(-1, -1) (4
.0MopPn (0, 2) (5
.DMOPN (4, 4) (6
.0mopPn (-0.5 4) (7
JDPOIP MTMPI PR (8
z=4, z=3 (9

270 2 D20, N0 4 TN, N0 4aM7 (10

-(1/3,473,10/3)9MP2 NP NTIPI .THIN MTN> 1 NI OO»N PNIn (11

.288% Ynopn N1 B =108, P, =12% (12

a>2, a<-2;nYmIMmNY,a=2 a=-27y .2 NN NONY LN (13
DYIPN 2<a<2 ;99N

a=-6, b=4 (14
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34 P19 GWL ...7) DINWR N2 TPNPND S NP

DNNa DWian - (DTPNN) DNINYN NAY XpNa 2w nxp

MYNY

:5=1 MONYA NPXPNON DY NHPN MTIPI NN INNND

fx,y)=1+2xy—x*—y* (1

f(x,y)=4—x2+y? (2
(z=f(x,y) ’+z+xy—-2x—y+2=0 (3
f(x,y)=x"-y’-3x*+6y*+3x-12y+8 (4

2 2
(x,y,2>0) f(x,y,z):x+y—+z—+z (5
4 'y 1z

Y =—X2 42X n911199, Y = X2 +1 19119970 1290 PRININSD (6
DT PO NVXY PO ,NIRNYA DY (ANPN) P10 PINA YT WITI DT 90N PINSY *

2 NS Y, (X, V) (%0 Vo) (X0, Yn) ,MITIPY 10N 11-7 MONWA
DIPYN P2 DMIIND DPNINN YA DOV T, Y =h(X) NNxNHn Dpy
290N PN MTIPIN

.(2,2.5),(1,0.8),(3,3.2),(4,3.5) MM May m1, h(X)=ax+b (7
.(=1,2),(2,0),(0,-2) ™YY My TN, h(X) =ax®+bx (8

.(10,20.2),(6,12.9),(4,8.5),(0.5,4) MTPan My m» 1N, h(x) =ax +§ 9

.(4,33),(2,8.5),(0.5,2.3), (1, 4.5), (0.1,90) TP My mx1n , h(X) = ax? +% (10
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34 P19 GOOL ...7) DINWR N2 TPNPND S NP

.(1,4.5),(0.5,2.3),(0,0.8), (~1,0.1), (-0.5,0.12) 2y m»7n ,h(X) =ax® +bx+c (11

(XL YD (5, Y0) e (X0 V) s TITIPY 0o (12
WO P2 DYIINN DOPNIND YD DOV 7, Y =ax+b 9w xsn
D000 T MTIPIN
.b=y a May nuNan NN YINY v

, £, =0, f, =0 mxnwnn panan ovapnnn, b - a-w nnb s 124 11 mdxwa : pavn

. 2
.f(a,b)= Z ( h(x)—Y, ) DN DIPRINN MDA NMEPN YW LINHN DIPIHN NN DIN
i=1

YD Mvn

.DMOPN pwnn t K30 (tt) (1
.0MmopPn (0,0) (2

AN (L,2) PP PR (3
A9 (L2) PP PR (4
0N (0.511) (5

0.375 (6

y=0.88x+0.3 (7

=—X"—=—Xx (8
y=3%-3 (
1.5039

X

y =2.032x + 9

y =2.06x +0;29 (10
X
y =1.48x* +2.196x+0.824 (11
nZyixi—ZinXi Zyizxiz_zyixizxi

a= — , b= - (12
s )
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35 P—19 th LLDONYVN MY ‘JW ﬂ’SPJWS ‘J\U ]13’17

(‘'Tan? *2a12) 112°X NNN DNNYN Y 2V dxpna v nxop

MOHNY

S NINN XIDINRD 91902, NPNPNN DY DIIPNM DIPOPNN NN INND §-1 MHNWI
f(x,y)=x2+y* 2x°+3xy=1-2y* (1

f(xy)=x"-vy% X +y’=1 (2
f(x,y)=4x+6y; xX*+y*=13 (3
f(x,y)=x%y; X*+2y*=6 (4

Xy >0 qwNa, max{xy} st x+3y=12 pppnnvyanm (5

PYIN IR IINS N
V2D 97 PINDNAN A

X,y20 IWN, max{2x+y} st JX+\y =9 nopnmmyamn (6
7PYAN NN IS LN
7YY 5973 PIND INAN .2

, X+3y =12 N by MINSIN MTPIN 9o pan (7
I2D0PN MNYY NJAINY 1T NN INYNI

MYTIPIN DROINSD , 2X2 +3Xy =1—2y2 nmipyn Syw MmN 95 pan (8

TPYNIN JPNINY MTIPIN DX POOD1N XN DXPNN THPYRIN JPNINY
A0PN NIN DXPNN

,3X—6Y+4=0 9NN N2 IN¥PN PNIND NN INSD (9
X2 42Xy + Y2 +4y =0 no1nay
|ax, + by, +¢|

Ja?+h?

NI, ax+by +¢=0 W0 (X, Y,) NTIPIN PRI 107
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35 79 GOOL . DINVUN MY Y IINPNG SV NP

DY NP Y ) DDA VP X IV INP OV (10
AU(Xy)=Inx+Iny >m 5y mnny, (X, Y) 5900 N80 nONN

DY 2 NPIY P PN ,NTY 1 DMNBTN MR PN
,In16 NOYIN NN PYND INSYD YAIP POWIN
JPONDIN MDY NNT HPUND 1INIYND NI

JVOUNN MY NN 1IN IND)

DVIVY WPy ) DNAIN WP X PV INP NT (11
AU(X, Y) =Xy >0y nnm (X, Y) DON N8N NN

DY 3 NPIY VP PN DY 1 OMNBDN MR PN
N7Y 12 DY SPN NTH
2T YA NN NN IND)

X2+ y? =13 2o, (y) ,O0NY,(X) ;100 P2 NN Py (12
(X, y) =4X+6Yy NN »TH
,1IDNN IMPY YY, (X, Y) = (11 ,00N) YD1 NN Wann 27

JONINY NN NN DY NOVIND NN DIPOPND NN
PYAN NN N IND)

Q=K ++L M nrxpag vy (13
.P«=2,B =10n L K 075 onnn
,(K*, L*) NPIN NN WONND XIN 100 NPION NN INSNDI 1IN

.MOYN NN DI NX2NDN
(MMNA5 XD) YINON MY NN IND)

~max{u(x,y)} st. px+p,y=1 NIDX NNN NP NMya mn) (14
PYN DY ODNIP 280 NNIND I .7YIAN DY PINN NTIP) (x*, y*) N

U +y

X- -u
PYIAN OV PNINN NTIPIA A = fy D»PNR A IR D9 IO
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35 979 Gwl L DINVN NV HY DNPN0 SY NP

NOYD Mvn

max (+1,71) min(i 1/7,1\/1/_7) (1
min(0,+1)  max(+10) (2

max (2,3) min(-2,-3) (3
max(+2,1)  min(+2,-1) (4
max(6,2) (5

max(9,36) (6

(6,2) (7

max (+1, ¥1) min(J_r 1/7,+ 1/7) (8

71345 (9

min(\/ﬁ,\/g) (10

max(6,2) (11

max(2,3) (12

min{2K +L}; K ++/L =100 (13
N2 NONY (14
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36 P19 val LANVN VDY DV TPNPND DY NP

DX12°'X NN DMINYN N12Y 2w dxpna 2w nxonp

MHNY

NLYY N2XNN YTHN NN IAYN ,P7NHD 32 JNIY NMMNOT MBNN YD pan (1
SHNN NIN NHY DN

NTIPIY ANV MAIPN MTIPIN NN X2+ Y2 +2% =36 NToN N9 YV INYD (2
.(@,2,2) nmpann amva mpinin mmpan Xy (1,2,2)

:DONIN DPYON DY NY (3
MNNY (1,2,3) NTIPIND TN IXPN PNINN NN INSD LN
—2X—-2y+2=0
NP2 NP NONY , —2X—2Y+Z =0 i Dy NTIPI INYD .2
.(1,2,3) nmpd

2 PNIND TNDNN NIIYA PHINN 2N YT DY NNIWNN DX IPTL )
YN0 NP

JPWNIY NP MDIPN 22 = XY +1 nownn Sy MTPIN NN INSD (4

2

X
ot Y2+ 2% =1 PRIDDOYRNNI AN YOPN INP2 DYTHIN PNIND NN INSD (5

MR (X, Yo, Z) NN PR a0 . 3X+4Yy +127 =288 Mvond
| ax, +by, +cz, +d |
\/a2 +b% +c?

N, ax+by+cz+d =0

2230 TIIINN 22APNNN DIPYN 12 300P0PNY M1 PRIV INYD (6
DV YR PAY Z=X+Y Nwnm X2 +y? =1

PRIDDOND TINNN DAPNNN DIPYN 12 2900090 Y1010 PNININSND (7

2 2 2
X* y° oz
DPNNTPURI PAY , Z =X+ Y NV TJF?JF% =1

NAVYN NYH

DMOPIDY DNIPIVN NXP NTIPI NN TPVIP NTIPIY DIPYON NN ,NT PI192 DIDMNINN NN NN
IN,TIHAMNA AHIND MBTPNN NPLHNN OIT PY .APYYN NPYIL 121TH NPT ,DIIVNIN N
ST NPANDN ,TION NITOI 11T JMNX TH97 1M KDY INKD
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36 P19 GWL LANVN VDY DV TPNPND DY NP

NOYD Mvn

70 2 7N 010 4 TIN N0 4am (1
,(2,4,4) NTIPIN NN ANV NDPN NN (2
. (=2,-4,—4) TIPIN NN ANV NPININ NTIPIM
[ [

NN M 1 RN IDDPD PRI N (3
C(%,%.,9%) NP NApn NN .2

(0,0,1, (0,0,-1) (4

L3292 NP TIIRN PRI . 5%, NP INPN PPN (5
A3 90PN PRI L1990 PRI (6

.10599°0p0 PRI ., R PRI (7
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37 79 val U0 VA TPNPND HY VIMN NP

NNIDN NP NX1APA — DNINYN YA NXpNa 2v v2mn 1xXp

MOHNY

2V VOMNN DN NN VINNN DIOPNN IR IIVN (1
,2IMON OINNN NN R AWRD R oInna (X, y) =3xy—6x—3y+7

.(0,5),(3,0),(0,0) on »MpTIPY YWN NI

Dv LINNIN DINPHN NN VINMNN DINOPNN NXRIIAVN (2
NN DINNN NN R IWNY R onna (X, y) =x?-3y? —2x+6y
.(2,0),(2,2),(0,2),(0,0) on »71ipTipw M2 nNNa

DV VOMNN DIIPNPN NN VIMNN DIOPNN NN IIAWN (3
X2+ Y2 <4 9yn NN R N0 R onna F(X y)=x2+2y2—x

DV VINININ DINIPNHN NN VIMNN DIOPNN NX VYN (4
AMON DINNN NN R IWND, R 0nna F(X,y)=X2+y2—Xy+X+Yy

R={(x,y)|x+y>-3, x<0,y <0}

Sv VYININN DINPHN NN VINMNN DIPOPNN NN IAWN (5
ANON DINNN NN R AwNd R 0nna (X, y) = X2 +y?-12x+16y

.R:{(x,y)|x2+y2£1, 3x2—y}

PID MAIVN

=11 09MN DYPN .7 VOMN DMOPN (1

=1 00MN DNIYPN .3 VONMN DIOPN (2

=¥ 09MN DOYN L3, VOMN OOPN (3

-1 09NN DN .6 VONMN DOPN (4

.1-6v10 VOMIN DYPYN .1+610 VIMN DIOPN (5

3188 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd



GOOL

SN0 Hravw2

NXMMIPN WTRI NPV2IN MY
02190 D*?7LIK - 38 714

01MyN 12N
D195 DYNLVLIN .1

TPNMVVIN ITO NAYNN .2

www.gool.co.il
388

4—



38 P9 GWL 09195 DYNVIN

n»1a3 0?21V IN

MHNY

: 3=1 MOYNWA DYNIVIND NN VN

.l[j.(x+y)dxdy (1
00
1x
nyzdydx (2
0 x?
ngoja'rzsinzgodr (3
0 0

L IURD TP NVIND ST MW MNIN NN DN, J' j f(x, y)dxdy Svvrna
D
.B(@1,1),A(1,0),0(0,0) :NpTpndyavnhvn-D (4
.B(-2,1),A(2,1),0(0,0) :ompNpndyaviawn - D (5
.C(0,1),B(1,2),A(1,0),0(0,0) :NpNpnbyaiov-D (6
Xe+y* <l wy-D (7

Xe+yiP<y Swy-D (8
D={(xVy<Ly>x*}

D={ (x,y)|1<sx*+y*<4} (10
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38 P9 GOOL 09195 DYNVIN

: DYNAN DYDNLVINN NN VN

X=19wm y?=4x n9119n >y 01oN D WK, ” xy2dxdy (11
D

dxdy
12
J4—X (

.(2,2) nMpaa noMY 2 OYTI YA

930 YV NIXPN NYPM ML TNRIPN P 37y DIDN D WK, I I
D

JPURIL NIMY ,a DPTIN Y2 )Y D IWNRI I j |xy|dxdy (13
D

MYL¥N NOYA T19%2PN D IWND J' j (x> +y?)dxdy (14
D

.(a>0)y=3a,y=a, y=x+a, y=X

X=-1y=0,y=7,y=7zJX P1NI931 OINNA D wm,ﬂ%dA (15
D VA
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38 P9 ch)t 09195 DYNVIN

NOYD MAvn

1 Q1
— (2

—r (3

jdxjx.f(x,y)dy :jdyj‘f(x, y)dx (4

2 1 0 1 1 2y
jdxj f(x,y)dy+jdxj f(x,y)dy =jdyj f(x,y)dx (5
0 x/2 -2 —Xx/2 0 -2y
1 x+1 1 1 2 1
[ax [ o, y)dy =[dy[ £ y)dx+[dy [ £(xy)dx (6
0 0 0 0 1 oy
1 1-x? 1 \/1—7
Idxj f(x,y)dy:IdyI f(x,y)dx (7
12 %* %*XZ 1 -y
[ax [ fooyydy=[dy [ feoyydx (8
21 [, 0 _Jyy?
2 \a
11 1y
[ax[ toyydy=[dy [ f(yydx (9
-1 X2 0 _\ﬁ
jdyj f(x,y)dx+jdyj f(x, y)dx+
oo A (10
L ey 2 iy
+jdyj f(x,y)dx+Idy j f(x, y)dx
-1 f-y2 1 —Ja-y?
2
21
51642 1)
3
a4
£ a3
5 (
14a* (14
0 (15
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38 P19 Gwl D219 DYYNLIN

MXAVIN T Na?nn

MHNY

:6=1 MYNYA DYDINVINI NINNVIN ITO I1IDONN

g 2 2x
f (x,y)dyd

_L J, (x, y)dydx (2 ! j f(x,y)dydx (1
1 1-x° 1 2

j j f(x,y)dydx (4 j J'f(x,y)dydx 3
-1 0 3
e Inx 5 W

! J;f(x,y)dydx (6 [ ] feondydx s
1 2—X

:(MNINVINN ITO NX NV : 137) DINAN DXINVIRD NN IAVN

34y 42
[ [ (cryydedy 8 [[efdxdy ¢
0 1 0y
44 1y23
“sin(yz)dydx (10 (X, y>0)j J' eXydxdy (9
0 x
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38 P9 GWL 09195 DYNVIN

M0 MHIYN

j j f(x,y)dA= j j f (x,y)dydx = j h(f) f(x, y)dydx = deh(f) f(x,y)dy

a g(x) a  g(x)

d v(y) d v(y

)
ﬂf(x,y)dA:ﬂf(x,y)dxdy:jj f(x,y)dxdy:jdyj f(x, y)dx

D

cu(y) u(y)

Y=g

I
|
|
|
I
|
|
|
|
|
3
a b

DNLINN NN HYND DMV ,DYTOPN KXY DNAY MTOMI DIV 29 1Y
b h(x) b h(x)
599¢ INNND MY IR Y DWW . j j f(x, y)dxdy : 72 J’ j f (x, y)dydx

ag(x) a g(x)

.07 dydx -) dxdy DN 1Y NN NIN
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38 P19 Gwl D219 DYYNLIN

NOYD MVn

Jz‘dyf f(x, y)dx+j.dyj f(x,y)dx (1

0 yl2 2 yl2
0 2,y+1 8 2-y
jdyj f(x,y)dx+jdyj f(x,y)dx (2
-1 -2yl 0 -2,Jy+1
Ly
Jay[ fooyydx (3
N
0 1-y? N )
jdyj f(x,y)dx+jdyj f(x,y)dx (4
-1 oy 0 _\/1__3’
1 nfy?

Jay | fluyx (s

0 y

_l[dyj' f(x,y)dx (6
0 ey

1
S @

241
60

He-2

(8

%(1— cosl6) (10
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39 P9

Gwl 21951 HDNVINRN PV

21900 27V 1NN WINYY

MHNY

: DIPYN MY DIMDNN BIINNN HVY NN VN 4-1 MONYA

X+y=2, x2—-4y=4 (1

(a>0) xy=a? x+y:ga (2

y2=9-x, y?=9-9x (3

X+y=3, y’=4x (4

: DNOWYNHN MY DIMONN B3NN SN NN 1AWN 10-5 MOHNWA
z=1+x+Y,z=0,x+y=1,x=0,y=0 (5
2=0,z2=x2+y2,y=1,y=x> (6

(x>0)z=0,z=x*+y, y=0.5%, y=2X, yzé (7

=1,2y?’=x (8

2
(z>0) x2+y7:1, Z=Yy (9

Z=X+Y,z2=6,x=0,y=0,z=0 (10
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39 P19 GOOL 91991 HYNOPNI VDY

,(0,1), (0,0), (1,0) DN YPIPTPY , YWD NN PTMDS (11
CO(X, Y) = XY MmN nrspng v
MDD NON NX VN N
MDD DY TADN DI IR MIVN A

’Rz{(x, y)|—%§ ygg, —%gs%} 1200 ANNA PT MO (12

01N MSN) NYIAP MDA NONPNY W
. Z-N PN 20 MYN DY THNNN VINID NN AN
.M ,mYN S NONN MYNNNI NIVNN NN IRV

12515 Sy R¥IN, X2 + 2% =4 990 PON HY DM NLY NN INNND (13
Xy Monaw, R={(x,y)|0<x<1,0<y<4}
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39 P9

Gwl 21951 HDNVINRN PV

NOYD Mvn

— (1
aZ(E—ZIn 2) (2
8

32 (3
4

(5
— (6
— @

16= (8

(E,EJ A L xm
24

M (a2 +b2)
12
1
E7r(5\/§—1) (13

(12
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