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GUUL

PV MAIVN

.0.575 : v ,1.348 : noMN ) 2.4 .2 (1920 PN X (1

x\y [ 0 | 50 | 100 | P(y)

1 0 0 0.3 0.3
3 0.343 | 0.294 | 0.063 0.7

P(x) | 0.3¢3 | 0.294 | 0.363 1

.0.125 ) .0MonN .2 (1920 PNY X (2

x\y | 0 1 2 | P(y)

0.2 0.08 | 0.12 0.4

2
3 0.1 0.05 0 0.15
4 0.1 0.27 | 0.08 0.45

P(x) | o4 | 04 | 02 1
y/x—k~B(n—k p—ij a y/x—3~B(n—3 p—ij N (3
' To10) ' "To10)
: 11920 YD T 0.3
x\y 2 3| P(y)

0 0.405 | 0.3645

1 0.09 | 0.1215

2 0.005 | 0.0135

3 0 | 0.0005
P(x) | o5 0.5 1
2 :NoMnN .0.5.2 (D920 YNY X (4
x\y | 2 4 | P(y)
s |1 21
3 3 3
g | 1| 1] 2
3 3 3
2 1
P(x - - 1
X 3|3
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GOOL

.0.75 ) 11220 YNY A+ (5

x\y [ 0 | 1| 2 |P(y)

0 0.05|035| 0 0.4

1 0 |045]|0.15 0.6

P(x) | 0.05| 0.8 |0.15 1
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24 P9 .22 ONDND - PTAITIN T NMNWN

GUUL

DNYN A OXRNN - TTA TNN 1T NANYN

VP9

DTPN YT HY DINWNN MY P MINDDN NHRNNN DT NN PITAD NN
. £ =2 YDNVY MINION ORNNDN
1-5 -1 pa 039y HaPN NY ORNN OTPN

-1 0 1

,DNINYNN P2 XINY VIMN PIRPD WP DPPY ININ 1IN -1 OXNN DTPN
Ly=ax+b :NNONN T HY INVIY NNV

a M9WUN 12 KON OINPD WP DPPY IMIX (1 OXNN OTPN) NIN 2PN DRNN
a Y19V 12 NIN MININY WP DOPY ININ XIN MDPHW DONNN IDINY 22PN 77D
(-1 DNDND DTPN) DYV

12952 MSYD NV W NYD MW TAN MNWNY D0V ININ OPHN 22PN DXNN

DRINN PN LIMN NI Y -5 X DX NIYPNRY NPINDD NNDN NNMP N DIN
NNMP NI AR NTID NV YW MWD N2 TAX MNVNY D3IV 1IN PIN DoV

LOONN XA Y -5 X NN NIVPNRY THIRDD NNON

$ONRNNND 07PN IVIN

_cov(x,Y)
- 0,0,

: N7 ONNNN OTPN DY NNOMN

.cov(x,y)= E[(x—yx)(y—,uy)] =E(x-y)-E(x)-E(y) :nomwnn mnwn
:NAMWNT MNVYN DY NINON

.cov(X,Y)=cov(Y,X) (1

.cov(X,X)=Var(X) (2

$DININN dNYI DINYN

92TV >TD) , 0ON DNOY DRNNN DTPNRY DNONWN DN DNININD YNDI OINWN
DN DININD YNYA ONNWN .DIRNND NN NOMWNN NNV NP> NID
JDINRDY NNRRNN 07 PR OHOY DNINWN

,DMININD YN DN D) 1991 WP DML PRY DNINYN DN DMON NI DINWUN
.D»DN >N52 NIO5NA DN DININD dYNDA DNINYN TN
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GNAS

$ONHNN DTPN HY NYINIY NNV IN0 NYIYN

p(X.Y)__if _a-c>0
-p(X,Y)__if _a-c<0

p[(aX +b),(cY +d)] :{
DM IWPN NNNY NX MYN KD DNINYNI MY DY INRDD MNP0V 1D
AUPD NP NN P NNV NODY NN

:(NVYPHA 1IN NPT

:DTIPN P92 MXNY NNPNTI MM

N ,)2 1N .NPPVDNVVLDA NN NYIDIA NN DININ MNWY TVDNDA Y TNION
NPYODYOLOA NN NN NAYY MND>0N,0.8 NN NYIYI NANN NN NIAYY NNV
.0.75 N DMNANN MY NN NIAYD MD>0M 0.9 N

TN NN DAPNN NOPPTAR MNYN Y 1,72y VITIVDNY DXONPN 190N X 7
NINX 0-1,N55952 NYNIAN NN 12Y VITIVDN DN, 1
: DNNNN DTPN NN AWN)

XY 0 1 2 R,
0 0.05 | 0.15 0 0.2

1 0 0.05 | 0.75 | 0.8
Py 0.05]| 02 | 075 | 1

X 0 1 2
P, | 005 | 02| 075

E(X)=Y %P(x)=#=0-005+1.02+2-0.75=17

V(X)=>(x—u) P(x)= xP(x)-u*=0%-0.05+12.0.2+22-0.75-1.7° = 0.31= 5

y| R
0 0.2
1 0.8

o, =V (X)=+031=0557
E(y)=2¥iP(y,)=0+08=08
V(y):Z(yi —,uy)2 P(yi):nyP(yi)—yy2 =0+0.8-0.8°=0.16=0,’

o, =/016=0.4
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GOOL

E(xy) =0-0-0.05+0-1.0+1-0-0.15+1-1-0.05+2-0-0+2-1-0.75=1.55
cov(x,y)=E(x-y)-E(x)-E(y)=155-1.7-0.8=0.19

CoV{( X, 0.19
2 Sv(xY)

= =0.853
oo, 0357-04

DPRDTPN MTIPY 3-2 )IMN NI D1ON VITIVONY ONP 9
1Y MNWRD NIAHLY MO MTIPI P2 ORNND DTPR 7 N0

105 ST P20 MMNMNY NMNN Y © www.gool.co.il



24 P9 .22 ONDND - PTAITIN T NMNWN

GNAS

YNV

.0.8 NN NPPVLDVLVLDA N TN NN NN NIAY> VITIVOY NDDN (1
IN2HN DX NAYD NDPON OV 72 TIIND U XIN /N TYINA HWI) XN DN
DY) LITIVDM NTMID .(7AY W) XY /N NN 1YY LITIVD) 0.9-2 TN
M2°0M ,0.2 DY M2701 DMIWYNRND NNIN D TVIND NYPA WHN XN /A TYINa
0.7 NI TV AR NIV PV
Y DN DT ,0ITIVON UP) DPON DNINND 190N NPNY X NN DTN
.DNA HYY DMIN2NN 190N NPND

P9IV MNANDNN /)19 NN NOMWHNN MIANDNN TPNPND NN N2 N
0191 YNY2 DN ONNVYNN OXND .2

D¥D) NINY MIANONN NI, TN NN ANV W VITIVONY NT )
10°N2N NYIZYN MNA2

DIOYINIPN PPONINNIN Y -5 X P2 ORNNN OND T
2N KOO YPIAON

Y Pad X P2 ORNPD OTPN NNV .
10YDINNN dNYA DN DNINWNN ONRD )

J

DYD2PNNN DIXYN 190N NPND X DX PTHI.DMIYI VDY yavn vy (2
DYD2APNNN DIXYN 790N NPNY Y NN, MNVYNRIN MOVNN YNV
MINKRD MYVLNN YNVYA

NPXPNOI NN Y -1 X DY NOMWNN MIANONN NMSPNS NN NI X
DYOIWVWN MHANONN

OMONOINYAONNVN DN Y -) X DND .2
10MININND ONMNYNN ORND .Y D X P2 OXNND DTPNINND )

MHANONN NN ,TRNR XY PPTI RN NMNVYNIN MOLNN YNV ON .7
10O8Y MY INY MNINND MOVNN YNYAY

MHANONN M XY DNX DY NINAD XY MNINND MOLNN XNV OX .1N
TTAN XY XY NNIYXIN MHOLNN YNVaAY

: DYNIN ONNWNN NN T .OORN DYDY DY DINTI NWIPY 119 (3
JIUNRIN NN OXNTON H90N - X
DVUN NN OXNTON 90N - Y

NOMYNN MIANODNN NMONPNS NN NI .N
10NONINND YNYA DINYNN OND A
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CUVAL

.DNYI NOVIN TINN NP (4
N2 MOVNN DN Y Y, MNRNIND YNV PAN NIOVYTHIN NYVNIN X O
T INNIN RS
Y -1 X DY nomwnn mMnanonn NONPN NN INSD LN
Y 51 X DU ONRNNDN DTPN IR VN A
X =2-9 PN Y DY NNOONNN NN INYD )

QPN ARV MSNWND MPT )N VDY NNNX 190D MPT.MPT 5050 P11 (5
122222 MY TN PN ORIPRI MPTONY 1INIY VONIN
: DYNIAN ONINWNN DX PTN)
2NV MXNIVNN MIPTN 1901 - X
ANXTIV NPT ONRD MPTN 900 -Y
PN MNINDNN NPIPN NN NAMWNN MIIANDNN MIXPND NN NI N
10°ININN DNNWNN DR .2
Y P25 X PAOXRNON OTPN NN )
:ONNNN OTPN P N T
ANITIV NPT MITN I90HDT MNNWNN MPTN 90N P i
JNXTIV NPT ORD MITI NP MIPTN 90N P i

1.5 N9 NNNVN RO NPT 9 @ 1D 2 1D NXNVN NPT O .0
IMPINT MPTN 901D 1TV MPTH MDY P2 ORNNDN NN . PN
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P2 ONDND - TTATIONNT NINYN

PV MAIVN
D2APNOPON LT 0.994 > .0MonN .2 (120 PNY X (1
x\y 1 2 3 P(y)
0 0.8 0 0 0.8
1 0 0.18 0 0.18
2 0 0.016 | 0.0028 | 0.0188
3 0 0 0.0012 | 0.0012
P(x) | 08 | 0196 | 0.004 | 1
LDMNINN ) .0.963 .0
.DMNINND 0.5 : ORNNN OTPN ) .D0MonN .2 (P20 PNy N (2
x\y [ 0 1 2 | P(y)
0 1 l 0 E
8 8 8
1 112 |1 4
8 8 8 8
2 o | L | 1| 2
8 8 8
pp)| 2] 412 .
8 8 8
.0.5.10 .0.25 .7
.DMNINN A (1920 YN X (3
x\y 0 1 2
o | L |32 L1
27 27 27 27
1 | 283,
27 27 27
2 32 0 0
27 27
3 118 0 0
27 27
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GOOL

.0.252 .2 D20 PO N (4
x\y | 1 2 3 49 5 6
0 i 0 i 0 i 0
36 36 36
P B N R I e
36 | 36 | 36 | 36 | 36
2 0 i 0 i 0 i
36 36 36
% b} DI Y -1 X .2 (1220 YN X (5
x\y | 0 1 2 | P(y)
0 0.1 0 0 0.1
1 02 | 04 0 0.6
2 0 02 | 01 | 03
P(x) | 03 | 06 | 01 1
2
-—.N -1 _2 a7
3
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25 P19 L2039 - TNN TN OAPNN MNYNIN

GOUOL

TNMIND? NPXI2ANMIP - TRM 1TN MPNRN NINYNN

P9

Y - X O”IPN ONNYN DY P
N DMID0 HY MMV NOMNN

E(X+Y)=E(X)+E(Y)
V(X +Y)=V (X)+V (Y)+2-cov(X,Y)

:NYD DWHDN DY MMV NONINN

<
X
|
<
~
I
<
—~
>
~
+
<
=<
~
N
o
@]
=
X
=<
~

IPINIIY 1EAP
: DINN ONNWUN NV HY MNP TIXDIP XINY VTN NNV DMINY
DWW =(aX +b)+(cY +d)
cov[ (aX +b),(cY +d) ]:a-c-cov(X,Y)
E(W)=E((aX +b)+(cY +d))=aE(X)+b+cE(Y)+d
V(W)= V((aX +b)+(cY +d))=a2V(X)+c2\/(Y)+2~a-c-cov(X,Y)

:(MVYPNA PINA) NPT

:DOMPNRN Y -1 X DMIPN DNINWN NIV DINN)

u, =80, 0,=15, 4, =70, o, =20, COV(X,Y):ZOO
.DMINWYNN DI DY MNYM NONMND NN INYD N
Y 51 X DU Rmum noMNN NN INYD .2
W =2X+3Y Mnwnn DY noMnNn 1) NINYN DX INSD )
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GNAS

YNV

: INID NOMWNN MIANONN NNOSPNI NNM (1

Y/X | 1|23 ]P(X)
2 0.1[0.3[ 06
3 |02 0.1

P(X)

.NIDNN NMIANONN IR IDOOVN .

109N DNNWNN ONN

10NIND YNV DINWNN DN

DNOMWNN NIV NN AVN

.DMNYNN D0 HY NV NOMNN NX 1AYN
.DMNWYNN YISO DY MNYM NONINN NN 1AVN

J a9 L U %

.
—t

,100 N>11 Y1190 PON2 JPXN NOMN O PONY OTIND PONNOIN2ININD (2
15PN 1V OY 90 NN HOINDNN PN DNPNN NYMIN .20 JPN NMLD DY
.0.8 NIN MMM PND YMNON NN P2 OXNNN OTPN
9NN P YMNON TN P NAMWNN MNYN NN VN N

YMINON PYN DNPSN DIDD DY NMVM NONMNN NX VN .2
IDN PHN

YMNON PONMN P2 DNIPXN WA DY NV NOMNN NX IVN )
IN9MN Pond

NNV NTIPI DD MN2AY DPY MDD VOMN .OMWPY 2000 NPNIN MDY .7
2MNON PONA NNV NTIPI DD MY DOPY MW DN PHNa
100122370 INND MOYN) 1OI NIPNAN MDY D¥ NINVN NN NONIND SN

var(X+2Y)=3,var(X-2Y)=2 :m (3
.cov(X,Y) :1awn

: DYNIN ONNWNN NN PN .0MYS n MNP OOVN (4
.6 INNINN NOAPNNY DIYON 190N = X
5 INXINN NYAPNNY DY 1900 = Y
LN MYXNKRI HaMYNN NNIVN DX INVI
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GOOL

PV MAIVN

~0.1.7 DMNINN LD .DMON A P20 PNY X (1

x\y 1 2 3| P(y)

2 0.2 0.1 0.3 0.6

3 0.2 0.1 0.1 0.4

P(x) | 04 | 02 | 04 1

1.24 : DMWY ,-0.4 : NOMN D) .0.84 : DMV 4.4 : NOMN .N
.1105 : nmv,190 : NOoNIN .2 240 .8 (2

2785 : 7w 1710 : noMN LT 145 : 7w, 10 : DOMN .
-0.125 (3

n
—— (4

36
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26 P9 <= TN OTNN VTN OAPNN MINWNN

GOOL

:NIN2DN NMI2RY — TTAN "TAN ITH MPNRN NINYNN

VP9
:1 0990 'NYa OINYN
Y -y X 5597y OX 091 ONY2 0NONWN P 0N LY -) X DINWN PP

p(x=k,y=l)=p(x=k)-p(y=1) :0”pnn 0»waN

$ORNND 07PN

_cov(x,Y)
- 0,0,

: DNNNN DTPN DX OPTIHIN

$HIMYN MMV
: DNANMVYNND NNV DX OIXPTIN
.cov(x,y)= E[(X—,ux)(y—,uy)]: E(x-y)-E(x)-E(y)
:NAMWNT MNVYN DV NINON
.cov(X,Y)=cov(Y,X) .1
.cov(X,X)=var(X) .2

.cov[(aX +b),(cY +d)|=a-c-cov(X,Y) .3

:DINNINN INY2 DINYUN

732 92TV >TD) DAX DNYY DRNNDN DTPNRY DINWN DN OMNIND N2 DINVN
LDONNNY NDYI¥ NOMWNN NMNVN NP
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GOOL

ONRNNN DTPN HY NINY NIENNODIVV NYaVN

p(X.Y) if a-c>0
-p(X,Y)if a-c<0

p[(aX +b),(cY +d)}:{

$DNYN DIV YWY MNYI NHMN

E(X+Y)=E(X)+E(Y)V(X+Y)=V(X)+V(Y)+2-cov(X,Y)

:IINDY NPYAMP
W =(aX +b)+(cY +d) :N2N 19N O MINOPY MIEPAMP PN
: DYPNN NN
E(W)=E((aX +b)+(cY +d))=aE(X)+b+cE(Y)+d
V(W)=V((aX +b)+(cY +d))=a®V (X )+c¥V (Y)+2-a-c-cov(X,Y)
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GNAS

YNV

DONNN D92 TINY P INDND 102 1N D5 .0MNN 3 N NN NO v (1
NN 1 NI90NY DNIYIN 9PN X . A, B, C, 1, 2 :0NIN

NNDION NP NYANN 1 NIDNY DMIYIN 190N Y 7 ,NND10a
IMNpn MvY)
TP NPNOINNI Y -1 X DY NPV NMMNOINNN DR INY N
Y O X OV namwnn MNDONNN NN INYD .2
Y =9 X P2 ORNNDN DTPN NN INSD )
13Y +5-D 2X P2 OXNHNINND T

: 11722791292 7 10IN2) NIP IR VY MY NO NON - (2
SN 1-) PARVDTON 2 200 §
DIPN IR TINN OXIPNI N2 PH12PA 3 DNPY P
P T OV INPDIW 0107 YP1AP 190N NN X -1 190)
P T 0¥ INPDIY MMV YPH1APA 190N NN Y -2 190N
Y 5w X DY namunn mMHInNonmn NYNPNS NN M N
Y DW X OW nmum noMnn X IvN LA
Y SW XOOW namwnn mNvn NN INYD )
P OV INPDIY IRVDTNNN YPI1AP2 19000 W IR DT T
W 5¥ NV NoMNN DX YN, Y -1 X Mysnxa W nX INVA
1252 DITIPN DXYDN MY IDIAPNNY MINNIND THD DY

0P T DY INPLIY AN YPIAPA 190N P2 DRNND DTPNINND N
ARIPREE Sy mpj;\y 752951 DNV DYPH1IPa phiviap)

(DI NIONA KDY DMOYI 4 NINNN NI NTIN .OMOVI NN 6NN (3
R -2 190,01 NOXINY DMIYIN NINIT 190N NN W -2 190) ORIPNI
TINY RONINY NYONRNVN DHYIN 19010 NN

DY DINYNN DY NOMWYNND NNDINNN NN NN N

1091 XNYA NHNY DNINVYNN ONND .2

D191 TO2 DN INSINY NPUNNWN DHYIN I90N NNDONT NN NN )
TN T DY TN DD NT RN

DD NXINW MDD NN NPORNY DMOY) 3 NMINAD INHINY T ON .7
TN NT INPN
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INIPNRA DN . DY DONTI 3-) DAY ONTI 4,009Nd ONTO 5701 (4
: DINAN DONWNN DX DTN .0MNTI 3 NNNN NOM
INN 0-Y,9IN TAX T NMINAY 9N OX 1 TN NX DAPN - X
NNV DNIAON OINTON V90N - Y
P(X =1) nxrawn N
Y =) XDV namunn mHanonn NMSPNS NN NI A
10°0IND DX NTI IR NOV T OX,Y DU NOMNN NN L)
TTAN 12D NTI INPN DD XKMNYW NT OX, X DV mnwn nn .7

5-5 NIPNI DMV DIDI9 DYDY PONN KIN DV DY HOWIAIN NTNHINN 0P (5
19INA 5-N TINN TD OXIPN 1N NIN D19 PONN HOYW DY o1 .0 T
: DYNIAN ONINWNN NN DT . MNTIPN MIPN22 NON PN IRIPN
DY NODPY DI09N 190N - X
.09 102p NOW DTN 19010 - Y
Y 51 XD RYDIvm NamMwunn MHAN0NN NMOXPNS NN NI N
0MNINNOINYAONNYN DN Y -) X DN .

a

X-YZ 5w nbmInn NNOIRSD )

,POY NYDPY DX0I91 190N P2 DRNND OTPN N .7
1079 02pVY DY 1901Y

PN N0 MNIN NNYLNMIPN WP (6

.DDN DN NN ,DMININD DN DNINYN MY DX .N
.DNNINND DN N ,DMON DN DNNYN MY DX .2
.DMININND PNYA DN IR, DN MNDA DN ONINWN MY ONX )
05N MNDA DN NN, DMININD YNDA DN ONINYN NY DX . T

91N WPan) T2y Do .0OW) 25-) D12) 25 00NN OXTAWY 50 DAY OpNa (7
NN TN TN NIN IOINND ,NPINN 5 NS T2 DO AN Mnn
.72 1351 YN 191N ONIPRA MNND OINIA OXTIYN

.1 MNN2HINIY DN 190N - X; 1ID)

1 MNNIINIY DOWIN 190N -Y, YID)
220N P AVND TN PR 100N YN0 ONMNWN 0N Y, -1 X; OND N
220N P AVND TNS PN 100N MND1 OONYN 0N X,-1 X, OND .2
1 X, + X, DU nNoannn NN )

DIOYIN PN PPONIN NN X,-) X, 12 OXNND ORD T
2010 P avND TN PR
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GUUL

L2V Y, X DINWNRN NYIYY MY DRI MM DRI (8
.cov(X +Y,Z):cov(X,Z)+cov(Y,Z)

50 ¥ NONIN DY NMIDRIN HJANN 11372 XYNN PND DIWNY DDOYN 190N (9
,12:10-5 12: 00 12 XyNN DIVNY DOYN 1990 NX Y -2 )90) .NPTA OOV
.12:30-5 12: 05 12 ©IWNY DOYN 1990 NXR Q-1 170N

.cov(4Y,Q+6) :nNIIVN .N
1Q-D Y paornmN NN .2

YNIPNI DOINININ .OYIND 20-) OPY 20 , 09IV TX DT 20 v D2 (10
DYIVTRN ONTIN 1901 2 DORNNN OTPN NN NN .0NTD 20 0NN
ARNINY DPYPN DMTIN 190107 INNINY

0<P<19WNOY ~B(Lp) :wnm (11
, X 999 P(X =x|Y =0)=P(X =x|Y =1) :0»pnn oxY NN
LDPONOINOIDNINYN DN Y -1 X N

MM OMON OPNRY,Y ~B(m, p) 191 X ~B(n, p)-¥ ) (12
XX +Y =k ~HG(n+m,n,k) :0»pnnwINDMN
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GUUL

PV MAIVN

X~ 8(3,1J,Y ~ B(Z,lj N (1
5 5

.0.816 .7 .0.816 .) 111920 Pnd .2
XIY | 0 1 2 3 P,
R
125 | 125 125
s o |28 ], |4
125 | 125 125
2 | o | o | AL |
125 | 125 | 125
64 | 48 | 12 | 1
P | — | — | — | = | 1
125 | 125 | 125 | 125
12 24 3 12
.E(X)==,V(X)==—,E(Y)==,V(Y)=—= 2 (120 PNY X (2
(X)=, V(X)=22 E(Y)=2 V(Y)=2 2w
XIY|o|1|2]3]|R
o | o |3 )4
35 [ 35|35 35
, (L8 ]8],]B
353 |3 35
o | L2282,
35 135 ]3| 35
1.0 EW)=2 vw)=2 4 ~2
7 49 49
.0MYN ONNWNN .2 (D20 PNV .X (3
R/W | © 1 2 P,
o | B o]0 |
495 495
; |80 | 60 | o |12
495 | 495 495
; | %0 120 ] 15 [ 225
495 | 495 | 495 | 495
s |60 | 60| o |12
495 | 495 495
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33P99 GWL O>7VPY OXININ

;R PINS A DIRTRN NYIVN BY FPMNIMINN NIWNIY T2 ,N¥I0N A DN (35
:M79N2 N
1297 A N

SO PIANS AT DIRTPN NYIVH DY NI NOIWND .2
SO PNIND A DNDTPN NXIVN DY MINMDIN XY NOIWN DI L)
LA DY MININN 2NN Y A DY MITYN anIn T

OO MVn

T (14 N (13 a1 (12 N (11
N (18 N (17 ) (16 T+N (15
T (22 a1 (21 2 (20 T+ (19

A+N (26 a1 (25 T+1 (24 n o (23

Y (29 ) (28 N (27

B, ={(~11,00),(~1,010),(1,001)}
B, ={(100-1),(010-1),(0012)}

(30
UnW =5p{(1,0,2,3),(0,1,2,3)}
dimu =3, dimw=3  dimUnW)=2
a1 (33 NN (32 T (31
T (35 T (34
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34 P9

val ...29-DMNNY DMNVPI-DMNNY OIITY

2A1Y'N 2N - NIXMvn 1022

MHNY

:4-1 MONYA MINIVNNIN NNX DO Y
IMOIN NNIVN INND N

IMNN DN IND .2

DNNY TIY 95 DY II2ITNRN 212270 NN DONNY DIV INSD )

DNNY TIY DI DY IUNINDN 21271 NINY DONNY DXANIN INND T

LOMNIY DINOPYIRSD .1

OIS NN NNIVNN ORN WAP )

DMNNDOY ,NOIO5 MHIN NXIVNM DTN 3

JPNDION NNMVN D IWNL,PTAP =D -w 2, P 129N NY¥IVN INND MDD

A% 3apn )1DOYS MNP NYIVHM NN .N

SYN9NN DIDIN NN INNND .V

LDMNNYN IV 290 ND9N NNIVNN OXN WIAP D

T293 1) A Rya AT AN INDLA NN NNV NTNI

11

A=0 1
00

-1 3

A= 3 -1
-2 -2

o

(op]

(2

(4

JODIN IDMP VAVYNI YINOYW TIN

0 2 -1
A=0 2 -1| (1

01 O

1 01
A={0 1 0| (3

1 01

LDMNNY DINLVPIF) DMNNY DYDY INND 6-5 MRV MXIVNNN NNN DD N2Y

MR NOOT,NOIDD NN NNV NTIIA

JPNDIONR NNIVN D IWRI,PTAP =D -w 75, P 122970 NYIVN INYND I

.R Syn oy C Hyn oys N9

-1 3 -2
A= (6 A= (5
1 4 4 -1
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34 P9 val ...29-DNYY DINVPI-DMNRYY DY

: DMNNY DMNVPIF) OMNXY DY INSND 11-7 MONRYI MNIVNNN NNX DD NIY

1 -1 4 4 -1 -1
A=[3 2 -1| (8 A=l1 2 -1| (7
2 1 -1 1 -1 2

11 2
A:(ll (10 A=|1 2 1| (9
41
2 11
1 1
A=[-1 1 1|11
1 -1 1

.3x3 7T0N DOV VNN NNIVN A NN (12
0 1 -1
V=0, v, =[1],v,=| 1 | ONNYIVNN DY OMNIYN OMNVPNN D N
1 1 0
A =6,4,=2, 1, =—4 : D»NNYN DXIIYY DIINRNN DM
LA NXIVNN NN INSND

, 3% 3 TON NI MWNN NNIVN NPMP ONXN AP (13

1 4 7
WV, =2, v,=|5],v,=| 8| DMONY DMNMVP NOYI
3 6 9

A =1 4,=2, ;=3 :0"N3YN DY DIIRNNN
DMNINRYA  NINRT NNV NP DTN
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34 P9 G/WL ...29-DNYY DINVPI-DMNRYY DY

NOYD Mvn

x -2 1
,X=0,x=1.) p(x):x(x—l)2 A 0 x-2 1|.8 (1
0 -1 x

1NN x=0 DY OIONRN 112 ,2 XIN X =1 DY MIDONN N
1700 DY -V, =sp{(LL1)} T

1 700N 1127 -V, =5p{(1,0,0)}
mmno.na (111),(1,0,0) .0
299N DIPDIN D) NIN MIMNND DINDN — m(x) =X(x—1)*> deg=3 .0

NI NI D
x-1 -1 0
x=1x=2 ) p(x):(x—l)z(x—Z) A 0 x-1 0 |.x (2
0 0 x-2

1NN x =2 DY OIONRN 21297 ,2 NN x =1 DY MIDONN 21N
1900003 227 -V, =sp{(1,0,0)} .7

190003 2127 -V, , =s5p{(0,0,1)}
;mno.na - (0,01),(1,0,0) .0

29PN B NI OIMNNA DN — m(x) = (x-1)°(x—2) deg=3 .0

%910 0
x=1 0 -1
x=0,x=1Lx=2.  p(x)=x(x-1)(x-2) .2 0 x-1 0 |.NX (3
-1 0 x—1

170N - x=2,1 OIDON DY - x=1,1 OIDON DI~ x=0
1 90MND 1 - V, o =sp{(-1,0,1)} 7

17000 127 -V, =5p{(0,1,0)}

1
[N

A sy mmma (0,40),(1,0,1), (-1,0,1) .0

'U
Il
=
o R O
N

22016 0 22016
IPMNY D m(X)=x(x-1)(x-2) .0 0 1 0 |.n
22016 0 22016
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x+1 -3 0
p(x)=(x—6)(x—-2)(x+4) .2 -3 x+1 0 |.N (4
2 2 X-6

X=6, Xx=2, x=-4 )
170K - x=6,1 :07OX DI — x=2,1 DNIAOR DN - x=-4
1900003 2927 -V, =sp{(0,0,1)} .7

19000 227 -V, , =sp{(L11)}
100N 21 -V, =5p{(-1,1,0)}

1
[N

3 DO ) (0,0,1), (-1,1,0), (111) .n

e
o K

. 22017 | (_ 4)2017 22017 _ (_ 4)2017 0
=| 92017 _ (_ 4)2017 2217 | (_ 4)2017 0 n
2 _62017 + 22017 _62017 + 22017 2 . 62017
.129N D m(x) = (x—6)(x—2)(x+4) .0
.DMNYY DXNVPN DMNNY DI PR IO, R Dyn NN PR (5
Nog 0 =(1=1,2) |V, 50 =(1+1,2) ,x=1+2i : C 5yn

1+1 1-i 1+2i 0
A= ,D= )
2 2 1 1-2i

1259 TN NI .V, =(-11) : D»NIY DNOPY, x=3 : DPNYY DY (6
)X =2, X,5 =3 : DYDY DY (7
,=(L01), W =(L10), V,,
Vx:—2:(_111'1)r ¥=3 — (1, ), el = ( 141) x=1 x=3, x=-2 (8
V._,=(-101) V., =(111) V., =(1-21) ,x=1 x=4,x=-1 (9
V_,=(12),V,,=(-12) ,x=-1 x=3 (10
Vosom =(1 J_|1+J_| 2) Vi =(L11) , x=1x=1+3i (11

Via & = (1+J_|1 J3i, -2 )

=(111) : ©»nxy 0NV

-1 3 0
A= 3 -1 0] (12
-2 -2 6

N0 D PR (13
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34 P9 GVWL ...29-DNYY DINVPI-DMNRYY DY

mx»mvn T

MHNY

299NN .NIMT MNIVN B-Y A-vw T (1
|Al=|B| X
tr(A):tr(B) i
SMNN DIPNOININ B-Y A-H )

.A"=PB"P™ N, PAP =B ON : DXPITOINIINVON (2

: DYNAN OOYON LYY NY (3

CAA NN0NY DINYT A I VT N TON NOWNN NNIVN A NI WNT N
.19%90 XY NNVN A DI

01 0 4
T A= , 4A= mMYMLVHNAY INDIIN .2
0 0 0 0

a b b 2 0 0
A=[-1 3 2|, B=|-1 7 0]:DPvNnmMUN NV (4
2 -8 -5 9 -17 6

1B N¥MLNY T A NXIVNNY TD,3, b DOV DNAP DIMP DN

9N . A B, C : n 7700 NYYI MXILVN WDV NN (5
NNYD T A LN
A-D DT BN, B-DnmT ADN .2
.C-D T AIN,C-Y 7T B-)Y B-D 1M1 A DN
B9 T AT AN ,mMDen ynwy B-5 nimT A DX
Y20 k 999 ,B-5 ;T A N, B-9 nmT A DN .
.q(B)-9 "7 q(A) N ,099 q(x)-) B-Y 10T A DX

J 49 o

.
—t

.B"-5 ;T AT N, B-5 nm1T A DN
.rank (A)=rank(B) & ,B-5 17T A DX .N

-~

. Nullity(A) = Nullity(B) w,B -5 nnYT A DN .0

. AX =0 TPRIMND NIIWNN SY MNINSN NN 70 = Nullity (A) — nayn
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34 P9

‘E/WL ...29-DMNNY DMNVPI-DMNNY OIITY

:1M9N NN (6
DTN AN DI ININ 3 ITON MNIVN NYY DN N
DNYT YN ,OD100 DINDID NN 3 ITON MNILVN NYD DN .2
93020 DINDID INMNI MIMNIN DI ININX MXIVN SNYD ON )
VT 0 IN

NVMYT MININD MXd>0VNN T

>

Il
O O w
o O o
o O o

o

Il
T
e
R

.2-11,0 ©»NNY DY W 39T0N A TN NXIVNOY N (7
s INY MVYY 1) XD VITH 11201 IN DINIANND THN DI 1awN

rank (A) .x

dimKer(A) .2

tr(A) .

ATAl T

CATA My yry 0

(4R +10A+ 1) Mayyry

dimKer (A) = Nullity (A) — n4yn

291970 DI IMN MINMYIT MNIVNY DIV (8

: DONAN DXOYON DY Y (9
.C NNILVNY NINYTN MNILVN Y B-Y A .N
.B-9 myT Ao Indomn

1 2 11
A= [2 4), B= (4 4) :MDYT NMININ MXIVNNY INDIIN .2

ST NMININ MNIVNN X DY DMWY IR N (10

3 0 -1 1 x O
2 0 O -1 x 2
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34 P9 GOOL ...29-DNYY DINVPI-DMNRYY DY

s TMINKNN NNX GRD DINYT NN NININ MNIVNNN NNX DOW NN (11

1 01 1 10 1 01 -1 0 1
A=0 1 0,B=0 1 1,C=|1 1 0|,D=1 10
0 01 0 01 011 0 1 1

. A, Be M [R] mM¥M0Un >nw mnm (12
V0905 N A D I
IO
A DYIND Yy DMN NOYA N NOOYY N B OX PN OX A-D 1)1 B

-1 00 -2 0 0
.a,beR AWUND,B=| 0 2 0|y A=|2 a 2| mM¥unnnmm (13
0 0 b 3 11

MIMT B-Y A MXIVNN b-y a Hv 0y IR MY

3 00 1 0 a
.aeR 9WND,B={0 -1 0|y A=|0 3 0| M¥Hunnnmm (14
0 0 3 a 01

.PTAP =B -¥ T2 P 199N NY0N NN»P ONN WP

n 0 .. 00 10 0 O
0 n-1 ..00 0 2
.B= ) A= MYIVNN NINNI (15
0O 0 .. 20 0 0 n-1
0O 0 ..01 00 .. 0 n
-VY T2, P N3N NX>I0N INND )10 DX .NMYT MXI0NN ONN WAP

.P*AP=B

N tr(A)=tr(B)=k 191,1 M7 mdya, M, (R)-2 my»on A B m»nn (16
.0-n NV HOWNN 190N K
LB =Y A DY O9IND DN NN INSND N
YT B-Y A-v o .a
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34 P9 GOOL ...29-DNYY DINVPI-DMNRYY DY

M P, p(t) =(t-1)(t+4)" 2NN D9 DY 3x3 V1TON NIV A NN (17
p4l1+A) =1
A% DYOMIND DIPDION NN DY N
2NN TR DX INYDY ;12970 XD A* —10A+91 N¥IVHRNIVINDIN .2
(A" =10A+91)x =0 NDIWNN HY MNINAN

D517 C- B-5 N TA-w 15 AB,C,DeM, [R] »> ) (18
£ 195991 IN NN
.B+D-Y "1 A+C .N
.BD-YnmT AC 2

:19°1970 N NN (19
TN IN DNV MNPY MINIVN NY DN .N
MY MNPY )N IR MIMIT )N MSIVN SNV DX .2

: DYNAN DXYON HY NY (20
.B—Kkl -5 7m7 A—kl X B-5 )T A DN NN N
(NIDT NMINAN MXIVNN ONNIPTL .2

111 1 10
A={0 1 0|, B=(0 1 1
0 01 0 01
:TMYIT MNIN MXIVNN ONNIPTL L)
1 15 1 70
A=/0 2 0|, B={0 2 7
0 0 2 0 0 2

YT MIXMIVN B-Y AP (21
N IVNINMY MIIDN N DY DMNNY DY OMN B-) A-DVW NN

A TNATNOYA, TXT TON MYUNN NXIVN A NN (22
CA DY p(t) NN DIDIAN NN PONN q(t) =t* -7t +10 DWNPNY P
LA DY OIMIND DI NN INNND
D DNYTY TNDION NNIVN INND NNPDID A-Y IO N
Ar (A7) INONSD 2
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34 P9 G/WL ...29-DNYY DINVPI-DMNRYY DY

.ABeM_ (R) m¥un nv nmn (23
127391 N NN
B2 -9 T AN T -A -9 DmT B+l DX N
NVIPNIVT NN POINAN DN MX,MITNIMNXB-NA-DOX .2
INYT NIONA )N N (trace) PNOION MIDN DIDD ININY

YD Mvn

NN TONRY - (1

NN TONY - (2

NN TONRY - (3

NO (4

NN TONRY (5

NN TONRY - (6

L%, % ) avnymyo.n 0.7 30 1.a  2.x (7
SN NONY (8

NN NORY (9

x=0 (10

NN NONY (11

NN NONY (12

a=0-Yb=-2 (13

a=12 My, (14

.0 DMI2RN INYY 1 NOW MIWNN NOIIRNY NXIVN P -1 NMYT MNIVNN (15
DN NORY .2 p,u(t)=pg(t)=t"—kt"" N (16

AN NN AN M TN . L p(x) =(x—1)(x—16)> .N (17

NN NONY (18
NN NONY (19
DMV RD D JIMTNRD A NN NORY LN (20
NN NONY (21

tr(A)=14 a D =diag(0,0,0,v2,~/2,45,~5) .x (22

DN NONRY (23
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35919 GWL NPINY MPNYN

NMIXND? Mpnyn

MYNY

S TPINRDD NPNYN RO OX,MPNYNNN NNX D NIy ,1vap ,15-1 MmHNWI

T(xy)=(x+y,x-y); T:R®*—>R* (1
T(XY,2)=(X+yY—22,Xx+2y+2,2x+2y-3z) ; T:R*>R® (2
T(xY,2)=(x+z|y]); T:R*>R* (3
T(xy)=(x.y,2); T:R* >R* (4

T(x Y, 2)=(x+Lx+Yy,y+2z) ; T:R*>R® (5
(BeM,[R]) T(A)=BA+AB ; T:M,[R]>M,[R] (6
T(A)=A+A" ; T:M,[R]=> M. [R] (7
T(A)=|A|-l ; T:M,[R]>M,[R] (8

T(A)=A-A" ; T:M_[R]>M,[R] (9

T(A)=A" ; T:M,[R]—M,[R] (10

T(a+bx+cox’ +dx*)=a+bx+cx® ; T:P[R]— P[R] (11
T(p(x)=p(x+) ; T:R[RI—>PRI[R] (12
T(p(x))=p'(X)+p"(x) ; T:RIRI—>PR[R] (13
T(p(X))=p*(x) ; T:R[R]—>P,[R] (14

(F=C,F=R) T(z)=7 ; T:C[F]—>CI[F] (15
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35919 GWL NYINYD MPNYN

L TPINYY 7PN NRAN NPTV (MY WP DX) m PN YW Ty DR MY (16
T T(XY) :(mzxzm, yo" +x) ; T:R* >R’

TN NN NDOPRN PINDD NPNYN NNMP DN WAP ,20-17 MINYI
MNP KD DX .NTNY N7 DR IWAP) NPRYNN DN INSD )0 ON

.T(1L,1,0)=(12,3),T(0,1,1) =(4,5,6), T(0,0,1) =(7,8,9)-w 10 T:R* > R® (17
.T(1,0,1)=(110),T(0,11)=(121),T(0,0,1)=(0,1)-w 10 T:R* > R® (18

-w o T:R* > R? (19
T(1,2,-1,0)=(0,1,-1),T(-1,0,1,2) = (1,0,0),T(0,4,0,2) = (2,2,-2)

T(1)=4,T(4x+x*)=x,T(1-x)=x*+1 -v 72 T: B[R] > B[R] (20

T(10,0)=(a,,8,,a,)
.T(0,1,0)=(b,b,,b,) :1m»pnn,T:R*— R® MINIY NpnyN NN (21
T(0,0,1)=(c,,c,,cC;)
X a b c)\(x
Tlyl=|a, b, c, ||y 5y NN npnynn NNONY INDIN .N
z a, b, ¢, )z
T:R™ = R™ May /X 9y0n Myvd NNnYT myv NIM N .2

TV =V IR»D Npnyn Nnn (22
1929797 N NN

DM NP {v, v,V NGO NP {T(V,),T(V,),...T(v)} DX .N
27 NP {TV), TV,),... T(V,)} W ,9"N118IP {v,,V,,...,.V,} DN .2

NOYD MmN

NO (5 NO (4 ND (3 P (2 P (1
ND (10 ND (9 ND (8 v (7 Y (6
ND (15 ND (14 19 (13 19 (12 P (11
2 (20 P (19 1D (18 D17 1D (16
NN NORY (22 NN NORY (21
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35919 GWL NPINY MPNYN

NMIXD? MPNYN 2v nainm pyaa

SINND L6-1 MINYI MPNYNNN NNN 5D 1Y
YN0 TN OO0 N
N T D1 A

Ty, z,t)=(x+y,y—4z+t,4x+y+4z-t) , T:R* >R® (1

T(XVY,2)=(x-4y—2z,X+Y,y—2,x+4z) , T:R* >R* (2

X
1 2 3 1
T(x,y,z,t)=|1 3 5 -2 Y , T:-R*>R* (3
z
2 6 10 4 )

T(A):A-(; i}—[é 3/_\ , T:M,[R]>M,R] (4
T(p(X)=p(x+)—p(x+4) , T:R[R]I->PR[R] (5

D(p(x))=p'(x) ., D:R[RI>PR[R] (6

, TR 5 R® mryy npnyn nsn (7
4(4,1,4),(-1,4,D} > Yy nwI9) NNNNN IWUN

,T:R* > R® moIN»Y npnyn INsn (8
4{(0,1,1,),(1,2,3,4)} > Dy w19 NOW PY NN IWUN

LTV —=U OIRYD Npnyn NN

DMV 5w 10N IR dimIm(T) =dimKer (T) OX D0 (9

195997 N NN (10
Ker(T)=1m(T) nMayw T:R* > R® moan»h npnyn nodp N

Ker(T)=Im(T) nayw T:R* > R* mInydo npnyn noop .2
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35919 ch)t NPINY MPNYN

, TV W mar»d npnynw y (11

.dimIm(T)=dimKer(T), dim(W)=4:nm»pn
VOV THNN NYNY 51D DOINIAN PN N

10 .N

9 2

7 0

6 .1

MDY RO MWNN Do .0

£ 197791 IN NN (12
AM(T?) < Im(T) ©pnn T2V -V mIneh npnyn Y25 X

PNV T:V 5V /IRy npnyn 555 .2
T=T? o»>pmn, Im(T)=Im(T?), Ker(T)=Ker(T?)
,Im(T) < Ker(T) mo»pnn , T:V >V max»y npnyn 35 .
.T#0 N15N2 N

T()=AX ; T:R">R" npnyn ndHn A, N¥I0n (13
.S(y)=A"y ; S:R" > R" Npnyn NN AL 19N
m(T)=(Ker(S))" » wn
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35919 GWL NPINY MPNYN

NOYD Mvn

310, R 5w 005 — mnn 110, {(0,0,1,4)) 01— Py (1
.0 +72°1,{(0,0,0)} :0va—PYN (2
3:790,{(11,0,1),(0,5,1,4),(0,0,-6,21)} : ©>D2 —NNNON
27190 ,{(-7,3,0,1),(1-2,1,0)} 203 -pyN (3
} D031 - 0N

2T {(112 (0,1,2)

2:10m, Lo ;0021 - Py (4
010 1

10
.2:7)37)9{ [ j} : D01 — NN
1 -1
A1 {p(x)=1}: 002 -y (5
27190 ,{p(X)=2x+5 , p(x)=1} :©01—nNNN
110, {p(x)=1}: 002 —-pyn (6
3o, {p(x)=x",  p(x)=x,  p(x)=1} ;001NN
X 4 -1 -1)\(x
T|y|=[14 1]|y| (7
z 4 1 1)z

T(xy,zt)=(-x—y+2z,-2x-y+t,0) (8
NN NORY (9

N> (10

.IN2N NONRVY (11

N3N NONRVY (12

N2 NONY (13
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35919 GW‘ NPINY MPNYN

DTPANMMTN L2V NMY TN-TN NMIXDP?2 Mpnyn

MHNY

9Y NN DN LY7NN NN DN WP ,4-1 MYNWA MPNYNNN NNN 99 M1y
D290 NPRYN NNMP DN DONMPN NI DN
NN INED 1D DPNYN NNOPY NN, MO

T(x,y,2)=(x-y+z,y+z,z—-X) , T:R*>R* (1
T(X,y,2)=(X—y+2z,y+2,x+22) , T:R*>R* (2

T(a+bx+cx?)=(a+b+c,a-b,b-2c) , T:R[R]>R® (3
a b ) s
T c d =a-b+(c+d)x+(a-c)x*+dx’ , T:M,[R]—>PR[R] (4

1T :R* > R® Mm99y TN-TN NPNYN 120N ORN - (5

.T:U =V IRy npnyn nnny (6
2NN
OYNO T N, dim(U)<dim(V) DN .N

YA NRD T N, dim(U)>dim(V) ox .2
Oy T <y TN, dim(U)=dim(V) ox .

TV W manedd npnyn mnny (7
1977191 N NN

DY NPN T Npnynn N, dimKer(T)#0 DN .N

2y NN T Npnynn X, dim(V) <dim(W)-) dimKer(T)=0 ox .2

DSy oN T Npnynn X, dim(V)>dim(W)-) dimKer(T)=0 ox .)
(

YN T Npnynn N, dim(V) <dim(W) ox .7
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V5V OO0 (V..V} TV W 5IRDD Npnyn nnm - (8
: 7197 N NOMN
YN T 1Y NIPN 10 R, T(v,) =0 oN)Y dim(V) >dim(W) DX .X
22 {T(v,),... T(v,)} N¥1Ipn,dim(V)>dim(W) ox .2

TV S W mAanyy npnyn mnm - (9
V-a9manap {v,v,..,v,}
:197790 N NN
W29 {T (), TV,),- T(v,)} N¥IpN N YN T DX .N

YN T AN,W-25"102 {T(V,),T(V,),...T(v,)} N¥1IpN DN .2

.T:R™ = R™ mn»5 npnyn Nnm (10
127390 W ININ

.M=nN INDOVONINIOIXR NN T ONX .N
MONT IN,m>n ON .2
NTNY MY MNY N W A DIONY IR,V 90 T(v) = Av DX )

Am(T)=Ker(T) nn»pnn,T:V -V 10RO Npnyn NHm (11
19991 W HINN
.V ={0} P75MA N Oy T ON .N
2V ={0} P7oN23IN,Yy'PN T DN .2

DOVYIMONND T )
DOOND PV NN T .7

JAL L NNM0N NN, T:R" - R™ 1N»Y npnyn nnm (12
.VeR" 935 T(v)=Av-v >
: 12990 N INDIIN
.verowsp(A) I ,veKer(T) DN .N

.veKer(T) "N ,verowsp(A) ON .2
.velm(T) WX ,vecolsp(A) ON .)
.n<m N, Ker(T)={0} ox .7
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.veR" 935 ,T(v)=Av-v¥ 1>
: DININ NNIYVLN NN NN
YN T N, rank(A)=n DN .N
DY T X, rank(A)=n DX .2

JAm(T)c Ker(T) w8, T?(v)=0 OX )

.rank(A)<— N, T?(v)=0 ON .7

NS

T(p(x) = p@ > 5y NN, T : B[R] — R MIRYD Npnyn NN (14
PNYNN OV INNNM PYINN NN INSD N
DY/797NN NN NPNYNN OXRD AP .2
.T:P[R]— R May onTpn ©Yon Sy Ny .

T(A) = A" DOy MmN, T M, [R]— M, [R] TIRDY npnyn N (15
PNYNN OV INNNM PYINN DX INSD N
DY/97NN NN NPNYNN ORNIYap A
LT 5V NO1DNN NPNYNN NN INSD )
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NOYD Mvn

: 119997 NPNYN NY W DPONMDN Iy y7'nn (1
-1 1 1 1
T (x,y,z):(g(x+y—22),§(2y—z—x),§(z+x+y))

112290 NPNYN N PRI ODINMMIPN XD 1991 DY RO YNNI NRD (2
: 112297 NPNYN ND WY DVINMIDN DY y'nn (3

T (a,b,c)=0.4a+0.6b+0.2c+(—0.4a+0.4b+0.2c)x +(-0.4c—0.2b +0.2a) x’

: 129N NPNYN N9 VI ODINMDN DY ,ynn (4

T (a+bx+cx? +dx°) :(b;C;d —a+bd+c—dJ
NO (5

NN MONY (6

N0 MONY (7

N0 MONY (8

NN NORY (9

.IN2N NONVY (10

.IN2N NONRVY (11

N2 NONVY (12

N2 NONWY (13
Ker (T) = span{-1+x,—1+x*,—1+x*}, dimKer(T)=3 .x (14
Im(T)=span{1}, dimIm(T)=1
DY L,VPNNRD A
Ker(T) =span{-1+x,—1+x*,..,~1+x"}, dimKer(T)=n
Im(T)=span{1}, dimIm(T)=1

2

DY VNN RO
0 0
Ker(T)= , Im(T)=M,[R] .X (15
0 0
THA)=A" SN y’Nn A
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NPIND? MpPNYN DY M21yva

mMYNY

NITIIN NPIRYS Mpnyn T:R* -5 R*-) S:R* - R? Ny»nn ,9-1 nbNwa
Ty, 2)= (X 4x—y,x+4y-2) , S(X,y,2)=(x=2,y) >T Y

N VTN (V) ON) NINNDN INNND
ST (5 TS (4  4S-10T (3 4S (2 S+T (1

s? (9 T2 (8 T (7 T? (6

NI MAIVN
ST MINY (1
4S =4(x-z,y) (2

TN IMIND (3
P YMINY (4

St(x,y,z)=(z-4y,4x-y) ; ST:R* >R (5
T?(xy,z)=(xy,16x-8y+z) (6
TH(xy,2)=(x4%,-y,17x—-4y-z) (7
T2(x,y,2)=(Xy,~16x+8y+z) (8

TN YMIND (9
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T(XY,2)=(X+Y,y+2,2—X) , T:R* 5> R : mINYY npnyn nnvny (2
: R® Sv 0002 »v DI
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11290 NPNYNN DN
DPNYNN DY NIAPYM NVIPNIVTN NXRIVN .

DPNYNN INAY DMNXY DINVPI-) DNNY DY INNND
MOIOS NN NPNYNN ONRN

J 4
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-t -4

T:R* = R® ;o) npnyn nnmy (3
,B={(1,0,1),(0,1,1),(0,0,1)} D122 NPAYNN NN MY»NY NHIODNY N

1 1 0
.[T]B= 1 2 1|»n
2 -2 0

MY D097 XNV HINg MMPNYNN HNON NN
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:DIPNYIN DX NMINONVY NNIVNN NN INSD (5

,T(A):@ ‘ZJA . T:M,[R]>M,[R]

ool 30 3 93 9 oo

,D(p(x))=p'(x), D:R,[R1— P,[R] NpRyNn NN NMIN»NY NYIONN NN INSYD (6
4= TV IN MLP NOYNN DIMINAN DY OVITIVON DIDIN 19D

.T:M,[R] = M,[R] mox»Y npnyn N (7
YOITIVON DDA NPNYNN DX MINMNY NXIONNIY VT

1 01 O
0 1 0 1
.[T]E =1 0 1 0 SN
0 1 0 1
PNYNN NNDN NN INSD

.T:B[R]— B[R] mn»5 npnyn NN (8
LVITIVON DIDIAN Y, NPNYNN NN THXMNN NXIVNN D PM

111
[T].=[o 1 2|:0n
0 0 1

PNYNN DN DX INID

.T:P[R]— P[R] MY npnyn nnny (9
B= {1,1— X, X+ xz} ©>027 92 ,NPNYNN NN MINIHNN N¥IVNN 2D NM

1 0 1
[Tl =|0 -1 -1|:2n
2 1 3

T(p(X)) INIRYD DT .APRYNN DN NN INYND N
MY DIDITOINVA N *
T2(p(x)) IXROINSD .2

JPUNN N¥I0N A SNM ,1INDD NPNYN T:R" - R" >nn (10
VeR" 935 T(v)=Av D»pnnw 15
.rank(A)=n-) R"-5 ©01 B )M
12970 [T 220N
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.T:R[R]— R,[R] 7YY npnyn nnmy (11
YDITIVON DIDIA NPNYNN NN MNINY NNITONIV T
01 0 1

1 01 0
'[T]E20101
1 01 0

DPNYNN DY DNNM PYI INSD N
PNYNN NNDN NN INSD .2

NN

.T:M,[R] = M,[R] 1Y npnyn NN (12
L0ITIVON DDA, NPNYNN NN MIXMNY NNIOVNNY T
1 2 3 0

45 6 0
ITle=l7 & o o™
000 0

DPNYNN SW NN PYI INSD N
DPNYNN SV T NVIPNIVTN ,NIAPYN NNV .2
PNYNN NNDN DX INSD )

.T(a+bx+cx?)=b+cx ; T:P[R]— R[R] : MINY Npnyn NN (13
PVIMIAD) NPNYN T -¥ NN

R Dyn nvum 2 Noynn 0NN anIn Vv =R, [x] >0’ (14
TPINPIN NPIWNN INTN , B = {1, x,X*} ©°020 M
T(p(X)=xp"(X)—p'(x) ; T:V >V
[T 7I8»0N NXIVND IR IRSD N

Am(T),Ker(T) 912y 700 D01 INSD .2

PYN NNIXND THXMNT NYIVNI WHNYI KD DT PYO NN : NN
27712 NN I35 NPNYNN NN NP ,NINNNM
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.S, TV =V nPIRDD Mpnyn >N N (15
.V -5 002 B={u,v,w} >
S(uy=u+v Tu)=u-v
4S(V)=v+w , <T(V)=v-w D N
Sw)y=w+u |T(w)=w-u
.Ker(T)= {0}, Ker(S)={0} :72M2N .X
DY INRA YNN NN ORD YR MPHRYANN NNX YD May .a
VAR YN {T(U), T(v),T(W)} OND WP

VAN nwNa {S(u),S(v),S(w)} oxn wap T
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NYAYD MIVN
B 1 0 O
(M]?=]-2 0 -1|a (xy.z-x-y).a (xy-x-z,z).N (1
Tl o1
s (1 00
NN NINY .1 (M= 1 1 1]7
2
2 -1 0
1 1 0 2 1 1
amowma [T]o=|1 2 1]a [Tl,=|0 0 0|.x (2
2 2 0 -1 0 1
:3:72pyn ,0 : NVIPPIVTN .71 N9 T
ND Y (L-12) DV YNN ;TR YYY 0.)

T(xy,2)=(x+y,y+z,2-x) (3

2 3 0 1 0 0
[M]2=| 05 -1 05| [T].=| 05 05 1| (4
2 2

025 -1 0.75 075 275 05
01000
00200 (1)_21(232
[Tl.=|0 0 0 3 0| (6 [T]. = (s
e 5713 5 4 -2
0000 4 5 2 0 &
00000

X y) (1 1)x vy

(; V=G0 Y

T(p(X)=p(x+1) ; T:R[RI>PR[R] (8

T (a+bx+cx*)=(a+2b—2c)+(2a+4c)x+(2a+b+2c)x* .N (9

T?(a+bx+cx?) = (a+2c)1+ (10a+8b +4c)x + (8a+6b +4c)x* .2

.INDN NONY (10
Ker (T)=sp{—x+x°,—1+x*} , Im(T) =sp{L+x*, x+x°} N (11

T(a+bx+ox’ +dx*) = (b+d)(1)+(@+c)x+(b+d)x* +(a+c)x* .2

S [ I P

tr(T)=15, det(T)=0, rank(T)=2 .2
DN NONY (13

By ={l,  dim(Im(T))=1 - =8 ‘01 8 -
0 0 0

.NOYN NONRVY (15
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D022 D'DIN NPNYN NAXMNY NX"Mvn

MHNY

,NINAN NPIRION MPNYNNND NNN D SW NINMHN NXIVNND NIXINSND (1
: R" b 0»017HLON DYDY DNA
T(xy)=(x+y,y,~x) , T:R* >R .N
T(X,Y,z,t) =(4x—y—z+t,x+y+4z+t) , T:R* >R* 2

T(X,Y,2,t) =(X+y,z+t) ; T:R* = R* TINDY npnyn nnm (2
R* H¥ >0ITIVON DIDINND NPNYNIN NN NINMNY NNIVNN NN INSD
.R? HY¥>01TM0v0N DYDY

DT 9Y AYTIRN MIRDY Npnyn TR > R? »nn (3
T(X,Y,2)=(4X+y—-2,X—-y+12)
0VINN T NPNYNN DX MINMNN DXV NN AVN
.R* 5w B, ={(1,4),(1,5)} ©vaY,R’ 5w B, ={(1,10),(0,1,1),(0,0,1)}

[Ty mx,imba

1UN :(i g gj :0»pnNn TR —R® mxwh npnyn Nay (4

B, ={(1,0,0), (0,1,0), (0,0} , B,={(10), (0,1} :9wK>
PNYNN NNDN NN INNN

[T]Zf :(S é _B 0P TR - R maned npnyn My (5

B, ={111), 1,0,1), (0,0,)} , B,={@1), (1,2)} IwN>
PNYNIN NNDN NN INYN

.T:P[R]— P,[R] 17X npnyn nnm (6
RIR] ¥ >0mvon ©0ann , T Npnynn NX NIN»NY NXI0NN

01 2 0
IT]= {o 0 2 6} T Oy NN, B[R] Y¥ Y0 THILON DDID
0 0 0 3

PNYNN HNO DX INID
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MNMNHN NINN N, T P[R] = R® 1oIx»Y npnyn nnny (7

11 0
AT1=/0 1 1[:xN 1’09700 DXD2Y Y01V DXDIN NNIN
0 0 1

PNYNN HNO) DX INID

MN MYNHN NIONNY, T :M,[R]— P[R] IR npnyn nnny (8

1 -1 0 O
0 0 1 1

AT1=|] o 1 o] :¥N20711M00 ©07°07N0Y DN
0 0 0 1

DPHYNN HNON NN INXND

,dim(V)=n-v 15,7005 npnyn T:V -V onn - (9
£12791 NN .V DY ONTD ©0°01 B,, B, P

[Tlh=1, x
[T]2 =1, nama W, Mt npnyn T BX 2
[T [T]E =1, nana w mm npnwn T ox )

2T 9Y MYTINN T :R[R] = R® 1INY Nipnyn nnn (10
T(a+bx+cx2):(a+b,b+c,c)

.DY02Y DDA NPNYNN DX MINONY NXIVNN NN INSD N
(DYOTIVD DXDY0IN)

T(a,b,c) N AWM N99N NPAYANY NN .2
.T4(a+bx+cx2) NN VN )

DT OY NYTINN, T : M,[R]— B[R] MIR»Y npnyn mnd (11

T(z 3)=(a—b)+(c+d)x+(a—c)x2+dx3

D025 DY0I2N NPNYNN DX NINMNY NNIVNN NN INND N
((npioalploivAniiviivialy)

T (a +bx+cox® + dx3) NN 12VNY NN NPNYNNY NN .2

:MPNYNN N2, TS NN ST NNI2WN (12

S(X,y)=(X=y,x+y,y) ; S:R? 5> R®
T(a+bx+cx®)=(a+b,b—c) ; T:P,[R]—>R?
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NOYD MAvn

M-z 5 5 %) @

M- % o 5] ©

T(X,Y,2) = (Xx+2y+32,4x+5y+62) (4
T(X,Y,2)=(X+Yy,y+2) (5

T(a+bx+cx*)=(a+b,b+cc) (7
T(z (?j:(a—b)+(c+d)x+(a—c)x2+dx3 (8
NN NORY (9

1 1 0
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0 0 1
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NPNYN 2¥ DPNXY DMXMNMVYpn DPNXy 022y

MHNY
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.2 970N NI XD NNIVN P AwND

(é B NYIVON MY, P MI0DN 9 NP NN W -1 100

PNYNN DY INISY NV NN
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.10 97010 DT R NNV P AWUNRD
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4508Y7 TIYY DIRNNN MIYY NOPI NN
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DPNYNN NIY DPNSY DINVPN DPNNY DYDY INNND
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MDD MHNN NPNYNN ONN .2

T2%9(x,y,2) 1awn ) NTna )
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MHNY

;1Y) Y DN IPTI) D901 MININ NIYLN NN VWY (1
vXvy: (x+Yy)* >0 .N
vxay: (x+y)>>0 .2

VXVy3z: xz :% 2

X+y
2

(o»yav n-1 k) vnik,n*—n=6k .M

T

VX>0,Vy>O,\/Ws

: DY DNNIDI NINAN NNYVNN NNN DD NV (2
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\/@002\/5000\/3001
NN NHNW (11
N2 NYNY (12
NN NONW (13
.INDYN NYNVY (14
61 1 1 1
2>—|—=+—+—+..+— | (15
ﬂz[lz 3?5 592}
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43 P9 GOOL LN DYDODI,NPINNNNIN MNP

MV 2¥ 2vnn

MHNY

v=(1,2,2) 5¥ 50NN NXY ¢ NN DTPN NN INYD (1
R-2,w=(0,1,-1) TN

v=(1,-2,2,0) 5¥ 50NN NN) ¢ NN DTPN NN IRID (2
RY-2,w=(0,2,-1,2) 7NN
.proj(v, w) D yPOY HPN

,q(x)=x TINY p(x)=2x-1 5V 50NN XY ¢ NN DTPN NNINYD (3
-[0,1]-2 750NN 191391 NYHINN DY DIMPNN 2NN

3 4
JPVITIVON NN NYINN OY 2 TTON NPWHNNN MNIVNN AININ2

,B= (_1 . (2)) TIND A= (1 2j Y HVONN NN ¢ NI DTPN NN INSD (4

V ovanm AN W= span{w, = (1,2,1),w, =(1,—11)} > V' =R* 7> (5
99591 %92 W aNIIN NN DY v=(=2,2,2) MOPNN DY DOONN NN INSND
V= R -2 0HVON 7NN
SV EW, v, € W+ UND v = v, +v, D203 v NININYI Q0N

PVYTIVDN NN NYANIN DY ¥V =R* 1> (6
V. ow AN nn W= span{w, =(1,1,0,—1),w, =(1,0,11),w, = (0,—1,1,—1)} >
W oanInn nN1a v=(3,4,5,6) NOPNY INP2 PN NVPNN NN INSD
=0 MOPN W -N 0PI HY DD v NN 1AND ,q0NA

[0,1] YOPN 5y MONIN NYPSPNON 2NN ¥ =C([0,1]) 7> (7
o ovanmnn W= Span{w1 =Lw, = x—%} L))

TP9YVIIND NN NV DY W DY v =4x> —4 S HONN NN INNND
R MOPN W -0 MOPY DY DI1DDD v DX 1AND,q90N2 .1PVITHIVDN
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{f.g)= j F(0)g(x)dx 1390 N300 BY C ([-1,1]) 3NN M)

W =sp{f, = x|+x, f, =| x| —x} : C([-1,1]) ¥ 2N nn T
WOY f(x)=x7 DY HVINN NN INSD

{f.g) _1 T F(x)g(x)dx 1970 NN BY C([-7,7]) ANIIN NN
4 -

: C([-7,7]) ¥ AN NN PTN
. W =sp{f, =sinx, f, =sin(2x),..., fg, =sin(60x)}
IPODINNNN N¥IP 8o (/17 nxapnw

-1 —-7z<x<0

(8

(9

WY f(x)=10 x=0 DV 50NN NN INNND
1 O<x<rm
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43 P19 Gwl LN DYDO02, NPINNNIN MNP

Y0 MIVN

proj(v,w):cw:O, c=0 (1
2

proj(v,w)=cw=—§(0,2,—1,2), c=_? (2

. 5, 5
proj(p.g)=c-q(x)==x*, c== (3

6 6

) (1 2 1
pI‘O_](A,B)=CB=§(_1 0), c=v (4

v=v +v, =(0,2,00+(-2,0,2) ,7(v)=(0,2,0) (5
(3.4,5,6)=v, +v, =(5,2,3,6) +(-2,2,2,0) , 7(») =(5.2.3.6) (6

v=y+v, :(—%+4xj+(4x2 —4x+§j ,ﬂ(v):—%+4x (7

. 3
projyf==1x| (8

4sin(x) N 4sin(3x) N 4sin(5x) - 4sin(59x)

roj,, f = .
Projyf 3z Y4 597
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VTNY-DI 20N

MHNY

U =span{(1,2,3),(4,5,6),(7.8,9)} <R* : ) (1
LU =90909IN07N ©9Y02 INSN

U =span{(2,2,2,2),(1,1,2,4),(1,2,~4,-3)} cR* : ) (2
U -2959079N7N D02 INSND

U= span{4,x,x2,x3} c P [x] M (3
LU =259190IN7IX D02 INNND
[~L1] yop2a m510RN 1212290 199507 DNMNN

1 2 1 2)Y(0 2
.U:span{(3 4j,(_1 0)’(1 lj}gMz[R]:]’mJ (4

LU =2759190I07IX D02 INNND
.MINVNN DY NDMNIN NN NHAOND DNMNNA

YYD MAVN
Borthonormal :{ 1 (17 273)5 ! (_4, _1, 2)} (1
NH 21
3 (2,2,2,2) (-1,-1,0,2) (1,3,-6,2) 2
=W, = W, = MW, =—F——
orthonormal 1 \/E 2 \/g 3 \/%
4 W_LA_3x2—lw_5x3—3x 3
orthonormal 1 3 2 s 'V z s VV3 § s Wy §
3 5 7
1 2 7 14 -4 3
B . 3 4) . -9 2/ . 2 =2 @
thonorma =awW = W, = MWy E——————
ertorormal T VT30 0T B30 T 33
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44 D19 1NOPN - NPV HOIND
‘ GUUL ‘

17M?27N MY NP1 NV

MoYNY

2 (9PN V) x =0 2220 NDMV NVLO NN NN INNN 24-1 MONYA
f(x)=sinhx (3 f(x)=x’e™ (2 f(x)=sin2x (1
f(x)=2" (6 f(x)=cos’x (5 f(x)=sinx (4

f(x)=arcsinx (9  f(x)=In(2-3x+x>) (8 f(x)=xcos(4x’) (7

f = 2 f=—— a1 ) =—— 10
f(x)=9_:cx2 (15 f(x)=4xx+1 (14 f(x):xis (13
f(x)=(1+lx)2 (18 f(x):g)x]jf—;_l (17 f(x):ﬁ (16
f(x)=lnt—x (21 f()=In(-x) 20  f(x)=In(l+x) (19
f(x):arctangj (24 f(x)=ﬁ (23 f(0)=InG-x) (22

.D»PON DMV PrPA RYNN NN PONY ¥ 16-1 15 MORY 1IN : MIYN
AN9PN NV HY NPNDVLINRY NI XY NN PIND W1 24-) 23 119,18 DODYD NIND
.NADI DOWNNN YNOPN NV DIWTN DININIAI NN TWIN

,DAND DMNVN ,DINYRIN DIDINN NYIIN NN INSND 27-25 MYNYA
(DM YW 712N DA YT YATI) NPIPN DY 1NOPN VY MNdaa

sin x

f(x)= (27 f(x)=tanx (26 f(x)= e cosx (25

ex
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44 D19 1NOPN - NPV HOIND
‘ GUUL ‘

YD MAIVN

© x2n+1 4n n+2 0 22n+1 x2n+1
1 -1)"
,;‘(2n+1)! (3 Z( ) (2 nzz(;( ) 2n+1)!
(-0 <x < 0) (—oo<x<oo) (-0 <x < 0)
(lnz)n n 1 © n22n—l 2n 0 ol 22n—1 2n
- -1 1y
Z (6 2 " ;( ) (2n)! (5 ;( ) (2n)!
(—oo<x<oo) (—oo<x<oo) (—oo<x<oo)
© 1 xn+1 0 n42n 4n+1
(-1<x<1) 1n2—§(1+2n+1jn+1 (8 (—o<x<w) ,,Z:(;(_l) !
. i 3. (2n D x>
(IxI<1) D (-1)"x" (10 ~ 2.4...2n 2n+l
=0 (- 1<x<1)
(Ixl<t )Z( 1)"9"x™ (12 (Ix|<1) i3x4"
n=0
(Ixl<1) Z( )" 4"x"" (14 (Ix|<5) is_—llx
n=0
0 _1 n+l 2n+l
(1<) 3 1 as (1xk3) '
n=0 n=0
(1xl<1) D (=D"" n-x"" (18 (Ixl<4) Do (2-1"=3")x"
n=1 n=0
© xn+1 ( l)nxn+1
-1<x<1 - 2 1<x<1)
( x< ) HZ:;‘ p— (20 ( <X Z -
© n+1 0 2 2n+1
-5< 5 In5-> — (22 1
(-5=x<3)In ,,25"“(“1) ( (1<) ;2“1
© x2n+1 ©
<3 -D'———— (24 1 " D2
(x| );( ' e ¢ (|x|<2); (n+1)x
x+i +2i+‘7" +... (26 1-3x2 + 85 -8y 4

oyt 4l LS
X=X +3X —355X +..

(1

(4

(7

9

(11

(13

(15

(17

(19

(21

(23

(25

(27
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o GOOL

1NYPN - NYPV IV

NMAIYN NPXPNAa 2Y 1N2n MMV — NIXRND1N)

170 110

L 3 e
arctan x = Z( 1" X _x e x.

2n+1 3 5 7

1 0
=) X" =X XX+
1-x n=0

(o =1 3 MO D040

=1+mx+

m(m-1) W2 4 m(m-1)(m-2) 3

2! 3!

Nioc1dNN DINN

—0 < X< oo

—0 < X< oo

—0 < X <00

-1<x<1

-1<x<1

-1<x<1(m>0)
-1<x<1(-1<m<0)
-1l<x<1l(m<-1)
m=0,1,2,3,...
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46 719 GwL NPOANINIINT NPPON M

NWNI 1TON NMR2N NN

MHNY

NN MINPNAN DY PYNKI TTON NPPONT MITNIN NN H1IIWN 10-1 MONWI

f(x,y)=x’Iny (2 f(x,y)=4x>-3x’y*+2x+3y (1
x’y*(\/y +5In
fO0Y) =(F+y°)-(2x+3y) (@ (f o) F(x,y)= v ({Jy +5iny)
' y*+5y+y’
2_
f(x,y)=sin(xy) (6 f(x,y):X 32y (5
X+Yy
f(r,0)=rcosd (8 f(x,y)=arctan(2x+3y) (7
f(u,v,t) =e"sin(ut) (10 f(x,y,2)=xy’z® (9

2(xy)= In(\/§+\/§) N (11

.x-a—z+ y-gzE 3NN
ox 2

(% y,z):ex(yz—%j N (12

ﬂ[o,_l,lj, ﬂ(o,_l,lj, ﬁ(o,_l,lj yaen
ox 2) oy 2) o 2

120 NN
f=~f(xy) = fxzi:fl; fy:izf2
X oy
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46 P9 GWL NPYANINIIT NPPON MNN
YD MAIvN
f, =-6x’y+3 f =12x*-6xy°+2 (1
5
fy:X— f.=5x'Iny (2
y
y4(\/y+5ln y)
f =2x—; (3
y +5y+y’
f, =6xy® +12y° +3x* f =6x>+6xy+2y° (4
¢ _ -3x+3y?-2x%y ¢ X2 +2xy° +3y s
Ly ()
f, =cos(xy)-x f,=cos(xy)-y (6
f, = ;2 f, = ;2 (7
1+ (2x+3y) 1+ (2x+3y)
f,=-rsing f.=cos6 (8
f =3xy’z° f, = 2xyz® f =y2° (9
f,=u-e" .cosut f,=u-e"-sinut f, =e"[vsinut+tcosut] (10
NN NORY (11
Q[O,—l,lj =-1, ﬂ(0,—1, —j =-2, q(O,—l, lj =4 (12
ox 2 oy 2 oz 2
150 NYN
fy= i =h f, = q =1
OX Yooy
o’ f o’ f
f=f(xy) = fxx=8X2= 11 yy_W fy
o o ¢
Yoeyax Y awey
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46 719 Gwl NPOANINIINT NPPON M

MY TPN N1R2N M)

MHNY

;NN MIIPNAN DY NIV ITO TY NPPONN MININ DD NN HIVN 14-1 MONVA

f(x,y)=4x* —x*y* +4x+10y (1
f(x,y)=x'Iny (2
f(x,y)=x*+y*—6xy (3
f(Xy)=x+y’ +3L-y)(x+y) (4

f(x,y)=xy(x-y) (5

f(x,y)=(x-9)(2y-6)(4x-3y+12) (6
f(x,y)=eY(x+y) (7
fxy)=e™ (X +y°) (8

oy =(x+2y?)e ) (o
f(xy)=In(1+x*+y*) (10
f(xy)=In(x*+y?) (11

f0y) =In({+y7) @2

f(x,y)=sin(10x+4y) (13

f(x,y,z)=xyz (14
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46 P9 GwL NPYANINIIT NPPON MNN
S (xy)=In(xy=x*—y*) My, f, (11) yawn (15
f(xy)= In(x2 + y2) My, f,(11) yawn (16
(% y)=PE+y? My, £, (11) awn (17
X2
f(xy)= N (18
Iny+x
0% f o* f o* f
2 (Le), W(Le), (Le) xawn
PI0 NYYN
fxzﬂ:fl f :ﬂ:fz
OX Yooy
o’ f o’ f
f=f(xy) = fXX:¥:f11 W:W:fzz
o* f o* f
fxy = =l fyx = = f21
OyOoX oxoy
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46 P9 val NPYANINIIT NPPON MNN

NOYD Mvn

f, =—2x*y+10 f, =8-2y f =8x—2xy’+4 (1
f, =—4xy f, =—4xy f,, =—2x°
X4
f, == f,=12x"Iny f =4xIny (2
y
3 3 4
T - F - fyy :_X_z
y y y
f, =3y” —6x f, =6x f =3x*-6y (3
f, =6 f, =6 f, =6y
f, =3y?+3-3x—6y f, =6x f =3x*+3-3y (4
f,=-3 f, =6y—6
f, =x*—2xy f =2y f.=2xy-y*> (5
fy=Tf,=2x-2y f, =-2x

f, =2[8xy—3y*-1-24x—0+57y-1+72+0+0] (6
fy=2[4x2-1—3x-2y—0—54y+57x-1+0+27+0]
f, =2[0-6x-1-54+0+0]  f_=2[8y—0-24]
f, =2[8x-1-6y—-0+57+0]
fy:exy(x2+xy+1) fX:exy(xy+y2+l) (7
f, =€ -x(X* +xy+1)+(0+x)-e” fo =% y(xy+y*+1)+(y+0+0)-e”
fy =€ -x(xy+y? +1)+(x+2y)-e”
f,=e" (X’ +y* +2y) fo=e(x*+y +2x) (8
f :e“y(x2 +y? +2x)+(2x+2)eX+y
f :e”y(x2+y2+2y)+(2y+2)eX+y

vy

X+y

f, =e" (x2 +y° +2x)+2y-e
f,=e (4y-2x*y—4y®) f=eX (2x—2x°-4xy*) (9

2

—e (—2x)(2x—2x3 —4xy2)+(2—6x2 —4y2)e’xz’y

2

XX

vy

f,=e" Y (<2y)(4y-2x"y—4y*)+(4-2x"~12y* )~

2

fy =67 (<2y)(2x-2x° —4xy2)+(—4x-2y)e‘xz‘y2
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46 P19

GUUL

NPOANINIINT NPPON M

= f=— P (10
1+x"+y 1+x°+y
. _2-(1+x2+y2)—2y-2y 2y - 2X
Y (1+x°+y?) W (1+x2+y2)2
2(x2+y2)—2x-2x 2%
0w = 5 o\2 f="F—"> fi=m—— (11
(x +y ) X +y Xty
f _0(x2+y2)—2y-2x f _2(x2+y2)—2y-2y
Xy (x2+y2)2 v (x2+y2)2
; _2(x2+y2)_2x.2x.1 ¢ 2y 1 ¢ 2x 1 (12
x = 5 212 3 y 2 3 x 2 2 3
(x*+y?) X“+y X“+y
f _O(x2+y2)—2y-2x& _2(x2+y2)—2y-2yé
Y (x2+y2)2 3 (x2+y2)2 3
f =—100sin (10x+4y) f, =10cos(10x+4y) (13
f,, =—16sin(10x+4y) f, =4cos(10x+4y)
f,. =—40sin(10x+4y) f,, =—40sin(10x+4y)
f,=Y fy =2 f,=0 f,=yz (14
o =X f,=0 f,=2 f,=xz
fzz=0 fzy:X fzx=y fZ=Xy
-2 (15
-1 (16
1
-—= (17
2\2
o
e ¢) (18
16
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46 P9 GWL NPYANINIIT NPPON MNN

NYTANN a2 N1P2N NN

MHNY

Xy
X,¥)#(0,0
(% y)={x +y° (xy)=( )mxpmnmm) 1

0 (x,y)=(0,0)
.(0,0) NTIPI2 NNAN MPIPNAN DY NPPINN MMM DX IAVN N
1(0,0) NTIPIA NN PSP ONN .2
DN NN NN PPIN NP I¥PNY DN )

3

X
R (x.y)=(0,0)
Fy) =1 +y S5¢ NPPONN MDD DN INSD - (2
0 (x.y)=(0.0)
.(0,0) NTIP12
2
(v+x*)
F(6Y) =1y ext (% ¥)#(0.0) 5y nyym5nn MmN NN NSD (3
1 (x,y)=(0,0)
.(0,0) NTpP1na
ysin x
- X, ¥)#(0,0
F(xy)={x+y (x.y)=(0.0) PNPNAN M (4
0 (x,y)=(0,0)

.(0,0) NTIPIA NN NY PNV ININ K
ANV (0,0) NTIPI2 NPPIN M MNMP DIYPNDYINDIN .2

X +y’
ez (xy)#(0,0)
X y)=1xT+y NP N (S

0 (x,y)=(0,0)
PNPNN OV NPPIND MINTNN IR VN N
1(0,0) NTIPI2 MOXT PPN DY MPIND MIIN DX .2
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Xz_yz
X X y)#(0,0
f(xy)= yx2+y2 (xy)=( )mxpmn mn (6

0 (x,y)=(0,0)
Y N OOy, £ (0,0)=f,(0,0) OXNIPT X
7(0,0) NTIPIA MY MANYNN MINN O .2
Q4 ="f__ (L4) ONN .)

: fyxyxyxy XYXYXYX

nhi'n!
2 PYD 7-1 6 MORY — NPANIKIINT NIMDN NNN PN TYNNL DXODN DIININ

PID MAIVN

(0,0)NMpaaney¥IN>.a (0,00=0, f (0,00=0 .8 (1
1987 NIONA NN TPPON NPT INPND L)
f,(0,00=1, f,(0,00=0 (2

£,(0,00=0, f,(0,00=0 (3
f,(0,0)=0, f,(0,0)=0 .2 NN TORY X (4

x* +3x%y? - 2xy*
2 (x9)20.0)
Fooy)=1  (X*+y?)
1 X,¥)=(0,0
NPNINT 2 c 3( ¥)=(0.0 N (5
2y° +4x°y° = 2X
Y222 22 (xy) % (0,0)
f,(x,y)= (x +y )
0 (x,y)=(0,0)

f,(000=-1 # f,(00)=1.% (6
322 .(0,0) TP MK XY MIANWHRI MM .2
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46 719 GWL NPOANINIINT NPPON M

N2 ANXINAT

MHNY

.(0,0) NTIPIY MLANIKIIIT NNTHN MPXPNON DN IPTA §-1 MHNWI

f(xy)= 2Xx2++yy2 (x.y)=#(0.0) 1
0 (%¥)=(0,0)
 (y)= (X2+y2)3in\/x2l+7y2 (x,y)#=(0,0) o
° (x.y)=(0.0)
siny Y y) (0,
f(xy) ATy (x,y)#(0,0) 5
0 (x.y)=(0,0)

4x+y
, 0,0
Fxy)=qy+ax U200

0 (xy)=(00)

t(xy)=18 T (6 Y)#(0.0) mxpnan noavoseTipTa (5
0 (xy)=(0,0)
x"siny
X,y)#(0,0
yapm, f(xy)=1x+y’ (xy)=( )]m) 6
0 (xy)=(0.,0

ITPYNIA NN TINPNN M OV OIIIWIPIN N N
ITPYNI TIPON NP 7PNPNAN M DY DIV 1IN MY .2
ITPYRID TODIANONINDT TPNPNN M DY DWW IPIN MY )
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Xy
— = (xy)=(0,0)
ap m,f(xy)=1(0¢+y?) N (7
0 (x,y)=(0,0)
ITPYNRID NN TPNPNON M DY DI IPIN MY N
ITPYNIL NPPON NP PSPNON M DY DDIWION Y .2
1TPYNID TPDANINITINT MINPNIN M DY DIV IPIN MY )

.(0,0) NTIPI2 TIANONNDT MIPNS f NN (8

f(x,y) xy=0

p(xy)= (x.y) xy NYTN TNPNY T
0 Xy <0

. £,(0,0)= f,(0,0) = £(0,0)=0 1™

.(0,0) NTIPI ANOKINT ¢ -¥ NN

zsm(XY) . (X,y,z);t(0,0,0)
6y 2)= (¢ +y? + 27 NPYAONINTIPT (9

0 (x,y,2)=(0,0,0)
.(0,0,0) NP1

\/1+||x|2 -1 -

D=9 N P oy NN, f:R" - R N (10

0.5 x=0
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47 P9 Gml 09901 DY NPXPNNA NIVIVN DD
DINYN 1abNn 7Y NXpnail nawvavn 222
NP NMIVIAN MITIN 55w NN ,NT P91 DXYNINA
MYNY
X=2u-Vv, y=u?+v?  z=In(x2-y?) :ym @
.2y, Z, :72WUN
vV=4t+k, u=t?+4m, z=¢e""V . pm (2
22, 2, Z, 2 )AVUN
2=f(x2=y?) :pm (3
Yz + Xz, =0 Hom
z=T(xy) :pm @
X2y =Yz, =0 100N
z=f1 (EJ M (5
y
X-Z,+Y-Z, =0 Hom
Z=FT(X=y,y=X) : ™ (6
2y +2,=0 :noom
w=f(x—y,y—2z,2—X) :pm (7
Wy Wy +W, =0 0N
.u=sinx+ f(siny—sinx) : (8
.U, COS Y +U, COSX =COSXCOS Y :IN2MN
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—x2. f| Y 2],
u(x, y,z)=x f(X,XJ.nm (11

XUy + YU, +2ZU, =2U :)n00m

h(x y)=f(y+ax)+g(y—ax) : pm (12
hy=a%-h,: on

u(x,y)= f(e*siny)—g(e*siny) :ym (13

NN
u,, —u
uXX +uyy:XX—2X N
siny
Uy =Uy 2

£'(0)=2, g'(0)=1-v T ON,u, (L7) NXIAVN )

? Pxy

.y=rsing , x=rcosé@ , u=f(x,y) :m (14

.(ux)2+(uy)2=(u,)2+r—12(u6,)2 PN LN

u., =f.cos?0+2f.,. cosdsin@+ f.. sin?0 : N .a
Ir XX Xy yy
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o+ fyy =Uy +Fu% +Fur NN )
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Uy =V, Uy ==V, MD»Pn Mo y-up
92 NN
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.y=rsinhs, x=rcoshs, u=f(xy) ) (16

2 2 2 1 2
(u) = (uy ) =(ur) —F(us) £ I179I1
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SN, TN fOX Y IO
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Xy X, V) #
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0 (x,y)=(0,0)
.(0,0) NTIPI2 NMPEPNAN SY NPPONN MININ NN VN N

PNPNIN NN (18
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48 P19 3 VINITIN MINDN NN
: GUUL

VIXTIAA NININ NATA

MHNY

X y)=x2+y?on (1
(3,4) nTIip)2 NN NN fHY LINTIIN NN VN LN
ITINSIND MYNPWYN SN
.(3,4) 771 2wn, £ 5 NN IPY 9NN NXIN LINOTNNY NN .2

(X, y)=3x2y rnn (2
U =31+4) Mmopnn proa, (L2) nmipaa £ 5w mamonn NN DX 1IvN

. F(x,y)=x-=sin(xy) >nn (3

,(1,%} AT 9 MINIHA NN DX 1IWN

U= 1i +£j TOPNN PPO2
2 2
(X, y)=2x2-3xy+5y? nn (4
AN NP PP, (L,2) NP2 5 MMNDNN NN NN AW

X =N PY YW HAPNN PONN BY 457 5w I I8N

X y)=xy?oon (5
.(4,5) nmpao proa (L,3) nmipaa f Y nMonN NN DX 1AWN

(X, y,2)=x%y?2 >nn (6
,(2,,4) nmipaa, £ 5w mmHNn NN DX IIVN
U=1142-jJ+2-K mopnn proa

V= In«/x2 +Y2 P OY NN, (X, Y) NTIPIAV HNUNN HNONIVION DX (7
.(2,6) NP P02 (3,4) NTIPIA HNOXIVION HY NPVN AP NN INSD

f(X,y)=e*(cosy+siny) S nmonn NN 12 PPN NN INSD (8
199y NN 1avM o opn o0 (0,0) nmipin
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9 X VM 90PN 0 (4, 2,—-1) NP

N8N, T (X, Y,2) =3x2=5y2 4222 > 5y 1M N1HVI9NLN OX (10

111
11555 MY NI NN NN INMY NND IIPNND NN 3D ARA[PAN!]

CF (X y) =4x%y 8PNan NM (11
,(1,2) DTIPI2 TONPNON DY NINDNN NITIN NN INSD N
XN PN HYHIPNN PON OY 30° DY TN AP NP P2
,(1,2) DTIPI2 ONPNON LY IIMNINN NN NN INSD .2
LY =N PN OWHIAPNN PPON OY 30° HY IONT ANV NVPI P2
,(1,2) NP INPNAN N0 PPUNN WO DY NPIVNII MIND INYD L)
72 PYDIA NN NVPNN NP2

Cf(x,y,2) = xPyz* 8PN NM (12
,(1,2,-1) DTIPIA TINPNINN KV MNP NN NN INSD
, X =1 PY DY IPNN PON DY 60° DY TN AP NOVPI P2
. Z =N PN OVWHIPNN PNPON DY 60°-)
DTNy =N PN DY INMRNIY INDIN

.Q(D) NTIPIN NI (X, y) =xy? =Xy 8PN NN (13
,Q NTIPIA IXPNON DY MINPIN NN DN HIYN N
XN PN HYHIAPNN PPON DY 60° THINT INPY NVPI NP2
of .
.E(Q):o-w T2,0 MOPYINYD .2
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CF(xy)={x*+4y? INPNON NN (14
0 (x,y)=(0,0)
-(0,0) NTIPI2 NN PXPNAN 7D INIIN N
.(0,0) NTIPIA MXPNAN HY NPPONN MITNIN NN VYN .2
.V(0,0) NXYawN )
.(0,0) NTIPI2 NIXPNON NPIANININTIPT T
,(0,0) NP2 f MNP LY MININN NININ NN INSD .1

.0 = (1,-1) MOPNN NP
2T PYDA TITIN NNV TITL,1P97ANININDT NN TIYPNON WITN 1PN )

(X%, Y,2) DTIPIA NNV NINDN, T(X, Y, 2) =2X> +4y* +2° 7PSPNON (15
7(2,4,1) NP2 NNVINVLNOIIN N
,20° VY NNMVLIYNVLN NI, (X, Y, Z) MTIPIN GON .2
2772 .DDNAN NLYNI INNN
N DM NNVINNLY YHND NN (2,4,1) NTIPI2 NINNDIV NN )
DHYOPN NN NNVIVNVLN NPY ANPY NN HY ,YND MY NP NNA

,(Z=17v0) 1 NN NW DY NYD RSN MOV NomN .7
;7N NN NIVINNVLY YHND NN NN L) PYDAIND . (2,4,1) NTIPIA

AN2WN NN 1YY 1Y NON DY TN
DORIOPN PN NHY NIV AXPY NN DY YN 7IOY NP NN

.2=20-x*=2y? Nownn Sy, (2,1,14) NTIPI2 NPININ N2 (16
.10 2972 NLYNN JY YN NIPNNN N NZIN NN ITINY
NN NVLYNPNIND N
123N DW N2’9N NI NN INNNN U = (a,b,c) MOPNN NN INND .2

:DINMPNN ,NYINN 92 THDIANINIT DIPNS f = f(X,y) NN (17

2

X 995 f(x,xz):%+x4 1

4 3
'(g’gj MOPNN MO, (L1) NP, f(X,y) ¥ NN NIIIN.2

1w
(L1) nMpaa £ 5w VLINTIN NN IIYN

323 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd



48 P19 GOOL DIN>TIN NININ NI

.f(x, Y, x2+y2):2x+y NNOPNRN ,TPPANIDT | = f(X,y,z) "N (18

0 =(-2,1,2) 2wNo ,24(0,2,4) = —g DM
U

.Vf(0,2,4) nxywn
12
Cf(x,y) =12x3y3® papNnan NN (19
.0 =(3,4) MOpNN Proa ,2—2(8,1) N 2VN N

- (0,0) MMIPI2 HINIKIINT NIXPNON DN IPTL .2

_ of
a TONTIAXPH L,V MOPIY PNO] ’E(O'O) nvn
X =1 PN DY HIPNN PO DY
of
TYOPN PIN 5(0,0) PHODNA DIINN ,a NPI NV T

NN DY HOLOPNN TIVN NN

.1
x?sin—+20x+21ly x=0
X2 y INPNON N (20

f(xy)=

21y x=0

. of
0 NN NOPIYIY ,—(0,0) <m OM»PNN M SY DMWY DN NAY .N
ol

of )
.%(0,0)=0 0PN, 0 DTN NOPIINSD .2

1290 MIYN
: D977 XNWA NYWNI NOPY OY 1M 1PN ,i=(10), j=(0,1) : R? Mwna (1

0

Xi+yj W U=(XY)
.0=(3,4) © i=3i+4j :bwnd

,i=(,0,0), j=(0,1,0), k=(0,0,1) : R* an7ma

NV =Xi+yj+zK N,V = (X, Y,2) : D277 >NY1a IN7102 NVPI D 1) 199
0=(345) < 0=3-i+4-j+5k :5unb

LUON U DY T MO onnonn ey (2

L0 0 DM O (3
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NOYD Mvn

20 OMOTHN TIN .2 . (6,8) LINTIN.N (1

1 48
752 4 > (3 < (2
%Jﬁ 7 % 7 N ERRC

29w (L1) MOPNN NP2 NOYNIOPN NIMONN NN (8
229 MW (12,14,-12) MOPNN NI ODDI0PN NIMONNT NN (9
(-2,2,-2)Mmopnn o3 (10

0 (1,2,4)+t(%,§,8+2\/§}) 8+243 .2 8J3+2 .N (11

1
—-2 (12

V2

. 1.5
N9 ) Ay w) i=(51) a —§+EJ§.N (13
Vf(0,0)=(10) f,=1f=0.1 N0 N (14
0.n JPDANONIDT ND T

.(8,32,2) Mmopnn o1 ) SPNIDON 2 DOYN 73 N (15

.(8,32) mopnn o T
u=(4,4,-32) a NI N (16
v (1,1):(_3? (17
v (0,2,4)=(2,-31) (18

1
12(c05a—c053a)3 2 DIANININT NY .2 % N (19

1
Max%(0,0) :12(2/\/5)3 @ =54.73 1

{DINX W) 1=(21/29,-20,29) .2 m>29 .N (20
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49 P19 GWL NIIND NYIPND

1J2VN 1an - NININY NMXpna

MHNY

X2y =Xy +19UND Y INOINSD (1
.Y'(0) nxavm

&Y+ x2y2 =5x—4 qwuno, y'(D) NNINSD (2
2Inx+Iny=19wxo,y"(e), y'(e) nnxsn (3

(z=12(x,y)=0) 22— L (x+y)sinz=0 pm (4
oz
oy

oz
.&(O, 0), —(0,0) nxH»awn

(y=Y(x2)20) 22— +(x+y)sinz=—e* ym (5
-¥x(0,0), y,(0,0) nxrawn

1 1
.x—y=x~y~f(;—zj INNWNRD N (6

Xz + Yz, =127 92 PO

(z=12(x,y)20) *-2xz+y=0ym (7
.2y (LD e

CINOINSD L (2,1,-2) NP 22 -3Xyz =4 nxnwn Dy (8
Z,(2,) x
Z,(21) 2
2,(2,1)
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U2 —v=3x+y
: , s MNNYN NOIYN NN
u—2v-=x-2y
Uy, Vg, Uy, Vy INDIVUN X
Uy, =U, XN .2

N2NYNN MDD LAVYN DY THNDNY PN 12 PYDI : NIYN*

X=U+V
y=U%+Vv> :MIXNYND NOIWHN NN
w=ud+Vv?
Wy, Wy, IN2WN N
Y Y, 2UN 2

Xyz =4
. :DIRNYND NOIYN NN
X+y+z=4

L2'()+y"(x) =0 20N

xcosu+ysinu+Inz = f(u)

. ) : NOAYNN NN
—Xxsinu+ycosu = f '(u)

D INIMN
(zx)2+(zy)2:z2 N
Z, =1, 2

NIAMYNN MINN LIVYN DY THNDND PN 2 PYOI : NIYN*
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(11
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y'0)== (1
y'@)=

yi(e)=—2, y'(e)=
e

1
5
5 (2
(3

sinl

2,(0,0)=2,0,0)=-==
1

¥,(0,0)=0, y,(0,0) = (5

2¢’
NN TONY - (6

2, (L) =-16 (7
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8uv-1 8uv -1 8uv-1 8uv-1

.NOYN NONY A
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ow 3
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OX oy 2( )( ) (

oy __ 2w oy 2

X v+u ow 3(v+u)
NOYN NONRY (11
NOYN NONY (12
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Y HY Ay =xE =1 nNnwnn ny - (1
NPT NIRNWNN NIV, (2,1) NTIPIN DY N0 NROPY ININ N
Ly = f(x) D8pNo
.f'2) nxyavn a2
.(2,1) DTIPI2 D.9.0 NN DIPPNN OXNIPTL )
A2UNN X 939 y = f(X) MSPND NVTHIN IRNUYNNIYINDIN T

X y+eY =17 NN M (2
NPT NIRNWNN DAY, (4,0) NTIPIN DY N2X20 NHMPY INDIN N
LY =Yy(X) DONPND
N2 NTIPI2 TIN IN N IXNIWNN NN INNNN DIPYN ONNIPTA .2
.Xx=4
DRNYNN DN NNPPRY NTIPI DI MN2Y DOPNN D.9.9-Y NN )
SUNN X 935 y = f(X) MNP NPT DIRNVOIYINDIN T
ST PYD MINXXIN /) PYD NMINSIN P2 NWN 1D

VX -3y 4+ 6x2 43y —12x+7 =0 INNWHN M) (3
(2,1) DTIPIA NMINDN MNP VIV ININ DMIPPNN ORN IPTA .N

MTIPIN N0 X DY 7PIPNDD y DX NPTHN IRNYNN OND .2
N PYDI NAIWND NPND NTNIY A PYOY NN OND )

LOIRNND F (X Y) 7INPND YPTIN MININ MXNYVORNIN NNR D120 (4
0.9.0 NN OOPNNY T, (X, Y,) NTIPI NNMP ONNIPTD
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JONTIPINIAY y' INMIVYN 2
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1

L DVIVIVN THD HY ,IaAPY ,INNWAN VIVIYY P97 MDINI IWHNYN .
NN 199NN N220 NP ,0»PNN KY ©.9.19 )N MTIPIA ONN
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PINON TINPNON VOVN OPPNN 1NIY MTIPIN YD NN INND N
DN WAP ,MNMINDN NPIPNN LIV DOPNN XY N2 MNP .2
cy = f(X) 7PXPND NINNND IXIWNN N2 NTIPIN DY N0 NP
: DYIVT YNV NINT VY
LDIPYN DV O MNONOIT DY .1
2NN DY .2
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.NINDN PPN VIVN

.2 VPN NN X, ININYD N

ND TN NN DXNYNN IR MNMPHRY M0 MTIP) MN»P ONN .2
AMININSD ;)0 DX 70.9.0 IN MN»PN
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Jy = (X)) 7PNPND NPT INNWNN NAY N0 NINND N ,0IWNN
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: INNWNN DNN,D.9.0 TR0 YY ,2-NX DX9OYDA
1(1,2,0) DTN N22202 2 =2(X, y) NOIND DIIPNY NPTHN N

1(4,4,1) NTIPIN N2>202 Z=2(X, y) NOIND PPN NPTHN .2

TIND MIYPND NPTIO INNYNNY ,D.9.02 WY K9S IO )
(4,4,1) DTN N2103, 2 =2(X,Y)

Sin(x+ y)+sin(y+z) =1 DNNWNRN N (16
Y = Y(X,Z) TPNPND DTN DRNWNN NV NADIY NTIPI INSD
IR NOXPNAN PAY; J'H’P'Jl'\ﬁ NN NN INSD)

s MNNWNIN NOIWN N (17
) x=u+v, 2)y=u’+v>, Yw=u’+V
,W=W(X, Y) 9N2Y NINDN MIXPNN VYN ININ DIPPNN ONN IPTL N
(% y,u,v,w) =(1,1,0,1,1) DTy
W, W, IN NTIPIAAVN 0¥ NTNI
(G YU, v, W) =(2,2,1,1,2) DTIPIN N1 /N PY0 DY NN LA
NN MY, (X, y,u,v,w) =(2,2,1,1,2) 7PN Y¥ N2>20 NNH»P ONN
TW=W(X,Y) TPNPND NPT MWD
W, W, IN NTIPIAAVN )DW NTN2

TMINDN MPXPNON VIV DPPNN TNIY ,NYINI MTIPIN Y IR INSD .7
wW=w(X,y) May
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49 P19 GWL MININD NP¥PNS

S MINNWNN NN NN (18
1) x=acos¢cosd, 2)y=bsingcosd, 3)z=csind (a,b,c>0)

L= g(X,y) MIY IMNDN TPXPNON VAYN ININ DNMPNN DX IPTI N
.4, =0, :% D29 NPNNNA , P, NTIPIA

9,9, IR NTIPI2IIVN IOV NTNI
PV IVIN OT DY NIVNN IR IPTA
, 2=12(¢,X) 72Y NOINDN NIXPNON VAVN YNIN DINPPNN DNNIPTA A

.4, =06, =% DYYY NIORNNN , P, NP

.2,,2, DN NTIPIA VN ,)OW NN
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49 P19 GOOL MININD NP¥PNS

NOYD Mvn

4

NN T 22 ] A NN N (1

NN ST Opyn 2 NN N (2
N N0 T PYD NIRNIN D NN T

ND D oA DMIPII N N (3

0.9.0NN NN NOMPN OWNnY (1,140) NP .2 IYP XD .N (4
0.9.0 NN IR NPYYPN ownd (2,1) NTPIN )

.(0,0), (2,2) MMPINN NNY N, INNYNN DY (X, y) NTIPIDI.X (5

,__2x2—2y
y® —2X

.(0,0), (%/Za, %/Ea) MTIPINN NNV WX NN DIPYN Y NP Y9 X (6

el fotly-s ) o
. y? —ax y? —ax

N9 T 1090 ) a

y - A
(v -ax)
.(R,0), (-R,0) mMIPIynn NNV WX DHvNn Dy MMpn Yo X (7
UITIO N0 NHMP ND .2
.(0,0),(-0.5,-0.5) ,30 .2 X, :%, a=3.N (8
NN NORY T ND )
L(LY) TP ANY VXY, xy =Iny—Inx+1 SYv (X,y) NTIPI YD .N
1,2) ) Iny—Inx+1 5yw (x,Y) P ¢
1
MR RS N+T 10D L) y'= —% A
Ty
N ) MNPV A )9 .N (10
A(1,1) TP NNY IR DIPYN DY NTIPI DD .7
(x>0,y>0,(x,y) = (L1) y'(x) = (2=e)y
x(1-y)
NN NORY 3 AMIND D
p,(X)=-2+ %sin 2-X+ %sin 2(sin2—-2cos2)x* .2 .IN2N NORY N (11
g'D=-2 . NN NYRY .2 JVI0 NN LK (12
.IN2N NONY .2 NN N (13
.IN2N NORY L) 30 A NO N (14
OO IONY .Y IYVTD I ND 2 39N (15

y,(0,0,0.57)=-1, y,(0,0,0.57) =0 : yn "M (0,0,0.57) NN NTPIN (16
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49 P19 GOOI. MININD NP¥PNS

LDMMPNIN KD A @(1,1):§ ,@(1,1):0 N (17
oy 2 OX
D={(x,y)eR2|y>%x2} T w,(2,2)=-3, W,(2,2)=3 .
@_ 2 a&_ 3 W__ b W1 g
x a 'o¢ 2 & a3 'ay b
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01Myn 101N

330 DMNYN NV DY PPN NO»V NN .1

www.gool.co.il
335

4—



50 P19 Gml DY DV TPINPNAY ND»V NNDN

DNINYN VY 7Y Xpna? M1?2»v nnon

MHNY

- (a,b) NTPIN 2220 MW YTD TY N1V NVY 4-1 MYNVYL NPIPION NN INND

(a,b)=(12) f(x,y)=x?y+3y-2 (1

(a,b)=(0,0) f(x,y)=@+y)InA+x-y) (2

(a,b)=(0,0) f(x,y)=eV>Y (3
(a,b)=(20) f(xy)=3 >):2+_y)2/ (4

Jn(L.5) nx 2y P2 awn 2 NHRY DY RN NNYA (5

.€% NN 2P 1IWN 3 NHRY YW IRNIND MY (6

32 A nvn 4 NN Y ININD DY (7
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50 P19 Gwl DY DV TPINPNAY ND»V NNDN

A0 MAIVN

f(XY)=6+4(x-D+4(y-2)+2(x-1D*+2(x-1)(y-2) (1
1.5 _E 2

f(x,y)_x—y—Ex +2Xy 2y (2

f(x,y)=1+4y—x*+7y* (3
e v o e E (2 v —

f(X,y)—1+3(X 2) 3(y 1) 81(X 2) +9(X 2)(y-1) (4
3

2 (s

19 (6

CLe
81
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DINWN Y 2W XpNa? 92X X - 51 218

01Myn 101N
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51 P19 GWL LU OY DY TPNPNAY 9IIN) NP

DINYN MY 2 nXpna? 901N NXp

MHNY

,8-1 MYNWA NPIPNOIN NNN 9 M2y
;9N IN DY ,DIOPNT JMN NN NPVIP MTIPI INSD

f(x,y)=8x3+12xy+3y*>-18x (1
f(x,y)=x3+y>-3x-12y+20 (2
f(x,y)=x3+y*-3xy+4 (3
f(x,y)=3x—x>-2y?+y* (4
f(x,y)=e¥>*Y (s
f(xy)=yJx-y?-x+6y (6

2,2
oy =Y @

f(x,y)=e*cosy (8

2=X3+ Y3 =3xy+4 nown Py (9
NOWRY DOPAIRN DIPOWNN DINWNN MINNIYA NN INSD

NLYY N2XNN YTHN NN IAYN ,P7ND 32 JNIY NINMNOT MINN YD Pan (10
SHNN NIN NHY DN

,—2X—=2Yy+z2=0 1wy (1,2,3) nTIiPInNm INP2 ISPN PNIND DX INSD (11
D71 NTMIPIY NP NAIPN NWINN DY NTIPIN NN 19)
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51 719 GOOL WD Y SY NPT 9GIINY PNYOP

)02 YIND ,D012vN) 1010 I (12
.83 NN D2 NIAVNN NN MDY 63 NXN NIND NIAVNNI TY NN NDY
Q, VIPan NN ,XINA NIAVNND Q, VI AN NN TOIN PNV DN

.Q,=116—-30R, +20R,,  Q, =144+16P —24P, :> by 02 Navnny
DOPNY TN DY, P, -1 B ,02112wNnn >1PNN NX 2P0 MIND NN T8O
Y AN NN NN NN

f(xy)=xt+y +axy DOSPNAN NN (13
JPVIP NTIPI NN (0,0) NTIPINY NN N

a YV DYDY IDON NIY WIAP ,NMIVN NI 1NN NITYA .2
YT 370 ROV IR, 90IN, D120, 01900910 NN /N PYON NN

b 1
90PN O j (24-2x—x*)>dx-w 72 ,b>a ,01900 MW INYD (14

a

OO Mvn

0N (1.5-3) ;99 (-0.51) (1
AN (L,-2) , (-1, 2) ; owoPn (-1,-2) ; oY (1, 2

)
0N (11) ;9918(0,0) (3
99N (-1, 0),(11),(L -1) ; owropn (1, 0) ; owovn (-1, 1)(-1, -1) (4
.0MopPn (0, 2) (5
.DMOPN (4, 4) (6
.0mopPn (-0.5 4) (7
JDPOIP MTMPI PR (8
z=4, z=3 (9

270 2 D20, N0 4 TN, N0 4aM7 (10

-(1/3,473,10/3)9MP2 NP NTIPI .THIN MTN> 1 NI OO»N PNIn (11

.288% Ynopn N1 B =108, P, =12% (12

a>2, a<-2;nYmIMmNY,a=2 a=-27y .2 NN NONY LN (13
DYIPN 2<a<2 ;99N

a=-6, b=4 (14
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DWI2N - (NNTPNN NNY) D2NWN DAY XPha 2w e - 52 218
DNINAan

0'1Myn 101N
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52 P19 GWL ...7) DINWR N2 TPNPND S NP

DNNa DWian - (DTPNN) DNINYN NAY XpNa 2w nxp

MYNY

:5=1 MONYA NPXPNON DY NHPN MTIPI NN INNND

fx,y)=1+2xy—x*—y* (1

f(x,y)=4—x2+y? (2
(z=f(x,y) ’+z+xy—-2x—y+2=0 (3
f(x,y)=x"-y’-3x*+6y*+3x-12y+8 (4

2 2
(x,y,2>0) f(x,y,z):x+y—+z—+z (5
4 'y 1z

Y =—X2 42X n911199, Y = X2 +1 19119970 1290 PRININSD (6
DT PO NVXY PO ,NIRNYA DY (ANPN) P10 PINA YT WITI DT 90N PINSY *

2 NS Y, (X, V) (%0 Vo) (X0, Yn) ,MITIPY 10N 11-7 MONWA
DIPYN P2 DMIIND DPNINN YA DOV T, Y =h(X) NNxNHn Dpy
290N PN MTIPIN

.(2,2.5),(1,0.8),(3,3.2),(4,3.5) MM May m1, h(X)=ax+b (7
.(=1,2),(2,0),(0,-2) ™YY My TN, h(X) =ax®+bx (8

.(10,20.2),(6,12.9),(4,8.5),(0.5,4) MTPan My m» 1N, h(x) =ax +§ 9

.(4,33),(2,8.5),(0.5,2.3), (1, 4.5), (0.1,90) TP My mx1n , h(X) = ax? +% (10
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52 P19 GOOL ...7) DINWR N2 TPNPND S NP

.(1,4.5),(0.5,2.3),(0,0.8), (~1,0.1), (-0.5,0.12) 2y m»7n ,h(X) =ax® +bx+c (11

(XL YD (5, Y0) e (X0 V) s TITIPY 0o (12
WO P2 DYIINN DOPNIND YD DOV 7, Y =ax+b 9w xsn
D000 T MTIPIN
.b=y a May nuNan NN YINY v

, £, =0, f, =0 mxnwnn panan ovapnnn, b - a-w nnb s 124 11 mdxwa : pavn

. 2
.f(a,b)= Z ( h(x)—Y, ) DN DIPRINN MDA NMEPN YW LINHN DIPIHN NN DIN
i=1

YD Mvn

.DMOPN pwnn t K30 (tt) (1
.0MmopPn (0,0) (2

AN (L,2) PP PR (3
A9 (L2) PP PR (4
0N (0.511) (5

0.375 (6

y=0.88x+0.3 (7

=—X"—=—Xx (8
y=3%-3 (
1.5039

X

y =2.032x + 9

y =2.06x +0;29 (10
X
y =1.48x* +2.196x+0.824 (11
nZyixi—ZinXi Zyizxiz_zyixizxi

a= — , b= - (12
s )
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('TINA? 22212) Y12°K NNN DXINYN IV 2V Xpna 2w IXe - 53 74

01Myn 101N
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53 P—19 th LLDONYVN MY ‘JW ﬂ’SPJWS ‘J\U ]13’17

(‘'Tan? *2a12) 112°X NNN DNNYN Y 2V dxpna v nxop

MOHNY

S NINN XIDINRD 91902, NPNPNN DY DIIPNM DIPOPNN NN INND §-1 MHNWI
f(x,y)=x2+y* 2x°+3xy=1-2y* (1

f(xy)=x"-vy% X +y’=1 (2
f(x,y)=4x+6y; xX*+y*=13 (3
f(x,y)=x%y; X*+2y*=6 (4

Xy >0 qwNa, max{xy} st x+3y=12 pppnnvyanm (5

PYIN IR IINS N
V2D 97 PINDNAN A

X,y20 IWN, max{2x+y} st JX+\y =9 nopnmmyamn (6
7PYAN NN IS LN
7YY 5973 PIND INAN .2

, X+3y =12 N by MINSIN MTPIN 9o pan (7
I2D0PN MNYY NJAINY 1T NN INYNI

MYTIPIN DROINSD , 2X2 +3Xy =1—2y2 nmipyn Syw MmN 95 pan (8

TPYNIN JPNINY MTIPIN DX POOD1N XN DXPNN THPYRIN JPNINY
A0PN NIN DXPNN

,3X—6Y+4=0 9NN N2 IN¥PN PNIND NN INSD (9
X2 42Xy + Y2 +4y =0 no1nay
|ax, + by, +¢|

Ja?+h?

NI, ax+by +¢=0 W0 (X, Y,) NTIPIN PRI 107
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53 79 GOOL . DINVUN MY Y IINPNG SV NP

DY NP Y ) DDA VP X IV INP OV (10
AU(Xy)=Inx+Iny >m 5y mnny, (X, Y) 5900 N80 nONN

DY 2 NPIY P PN ,NTY 1 DMNBTN MR PN
,In16 NOYIN NN PYND INSYD YAIP POWIN
JPONDIN MDY NNT HPUND 1INIYND NI

JVOUNN MY NN 1IN IND)

DVIVY WPy ) DNAIN WP X PV INP NT (11
AU(X, Y) =Xy >0y nnm (X, Y) DON N8N NN

DY 3 NPIY VP PN DY 1 OMNBDN MR PN
N7Y 12 DY SPN NTH
2T YA NN NN IND)

X2+ y? =13 2o, (y) ,O0NY,(X) ;100 P2 NN Py (12
(X, y) =4X+6Yy NN »TH
,1IDNN IMPY YY, (X, Y) = (11 ,00N) YD1 NN Wann 27

JONINY NN NN DY NOVIND NN DIPOPND NN
PYAN NN N IND)

Q=K ++L M nrxpag vy (13
.P«=2,B =10n L K 075 onnn
,(K*, L*) NPIN NN WONND XIN 100 NPION NN INSNDI 1IN

.MOYN NN DI NX2NDN
(MMNA5 XD) YINON MY NN IND)

~max{u(x,y)} st. px+p,y=1 NIDX NNN NP NMya mn) (14
PYN DY ODNIP 280 NNIND I .7YIAN DY PINN NTIP) (x*, y*) N

U +y

X- -u
PYIAN OV PNINN NTIPIA A = fy D»PNR A IR D9 IO
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53 P19 Gwl L DINVN NV HY DNPN0 SY NP

NOYD Mvn

max (+1,71) min(i 1/7,1\/1/_7) (1
min(0,+1)  max(+10) (2

max (2,3) min(-2,-3) (3
max(+2,1)  min(+2,-1) (4
max(6,2) (5

max(9,36) (6

(6,2) (7

max (+1, ¥1) min(J_r 1/7,+ 1/7) (8

71345 (9

min(\/ﬁ,\/g) (10

max(6,2) (11

max(2,3) (12

min{2K +L}; K ++/L =100 (13
N2 NONY (14
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01Myn 101N
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54 P19 val LANVN VDY DV TPNPND DY NP

DX12°'X NN DMINYN N12Y 2w dxpna 2w nxonp

MHNY

NLYY N2XNN YTHN NN IAYN ,P7NHD 32 JNIY NMMNOT MBNN YD pan (1
SHNN NIN NHY DN

NTIPIY ANV MAIPN MTIPIN NN X2+ Y2 +2% =36 NToN N9 YV INYD (2
.(@,2,2) nmpann amva mpinin mmpan Xy (1,2,2)

:DONIN DPYON DY NY (3
MNNY (1,2,3) NTIPIND TN IXPN PNINN NN INSD LN
—2X—-2y+2=0
NP2 NP NONY , —2X—2Y+Z =0 i Dy NTIPI INYD .2
.(1,2,3) nmpd

2 PNIND TNDNN NIIYA PHINN 2N YT DY NNIWNN DX IPTL )
YN0 NP

JPWNIY NP MDIPN 22 = XY +1 nownn Sy MTPIN NN INSD (4

2

X
ot Y2+ 2% =1 PRIDDOYRNNI AN YOPN INP2 DYTHIN PNIND NN INSD (5

MR (X, Yo, Z) NN PR a0 . 3X+4Yy +127 =288 Mvond
| ax, +by, +cz, +d |
\/a2 +b% +c?

N, ax+by+cz+d =0

2230 TIIINN 22APNNN DIPYN 12 300P0PNY M1 PRIV INYD (6
DV YR PAY Z=X+Y Nwnm X2 +y? =1

PRIDDOND TINNN DAPNNN DIPYN 12 2900090 Y1010 PNININSND (7

2 2 2
X* y° oz
DPNNTPURI PAY , Z =X+ Y NV TJF?JF% =1

NAVYN NYH

DMOPIDY DNIPIVN NXP NTIPI NN TPVIP NTIPIY DIPYON NN ,NT PI192 DIDMNINN NN NN
IN,TIHAMNA AHIND MBTPNN NPLHNN OIT PY .APYYN NPYIL 121TH NPT ,DIIVNIN N
ST NPANDN ,TION NITOI 11T JMNX TH97 1M KDY INKD

345 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
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54 P19 GWL LANVN NWVIYY DY ISPND S NP

NOYD Mvn

70 2 7N 010 4 TIN N0 4am (1
,(2,4,4) NTIPIN NN ANV NDPN NN (2
. (=2,-4,—4) TIPIN NN ANV NPININ NTIPIM
[ [

NN M 1 RN IDDPD PRI N (3
C(%,%.,9%) NP NApn NN .2

(0,0,1, (0,0,-1) (4

L3292 NP TIIRN PRI . 5%, NP INPN PPN (5
A3 90PN PRI L1990 PRI (6

.10599°0p0 PRI ., R PRI (7
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NNMDN NIAD X122 DYINWN 1WA DXPNa 2w v2min X - 55 1a

01Myn 101N
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55 79 val U0 VA TPNPND HY VIMN NP

NNIDN NP NX1APA — DNINYN YA NXpNa 2v v2mn 1xXp

MOHNY

2V VOMNN DN NN VINNN DIOPNN IR IIVN (1
,2IMON OINNN NN R AWRD R oInna (X, y) =3xy—6x—3y+7

.(0,5),(3,0),(0,0) on »MpTIPY YWN NI

Dv LINNIN DINPHN NN VINMNN DINOPNN NXRIIAVN (2
NN DINNN NN R IWNY R onna (X, y) =x?-3y? —2x+6y
.(2,0),(2,2),(0,2),(0,0) on »71ipTipw M2 nNNa

DV VOMNN DIIPNPN NN VIMNN DIOPNN NN IIAWN (3
X2+ Y2 <4 9yn NN R N0 R onna F(X y)=x2+2y2—x

DV VINININ DINIPNHN NN VIMNN DIOPNN NX VYN (4
AMON DINNN NN R IWND, R 0nna F(X,y)=X2+y2—Xy+X+Yy

R={(x,y)|x+y>-3, x<0,y <0}

Sv VYININN DINPHN NN VINMNN DIPOPNN NN IAWN (5
ANON DINNN NN R AwNd R 0nna (X, y) = X2 +y?-12x+16y

.R:{(x,y)|x2+y2£1, 3x2—y}

PID MAIVN

=11 09MN DYPN .7 VOMN DMOPN (1

=1 00MN DNIYPN .3 VONMN DIOPN (2

=¥ 09MN DOYN L3, VOMN OOPN (3

-1 09NN DN .6 VONMN DOPN (4

.1-6v10 VOMIN DYPYN .1+610 VIMN DIOPN (5
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N Ma ML - 56 A

01Myn 101N

L YUNN NN N .1
34 2599 PN NV .2
30 D2D79 LOVYN .3
L 3% 225\ 4
3 No2>PT VIVYN .5
3G . TPNTONY DT NOWNN .6
3 . 7179 "NV HY PSNVINY NP .7
300 . 95 YOPA NN NV .8
362 79 >NV HY MY NN MOIONN .9
303 PANPN VOVYN .10
35 D000N DYN)IN .11
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56 P19 177790

GOOL

avnNN n»Mma mv

YNV

[ ] yopa f(x)=x NPNST WD NPMNO NV AVN (1
f(x)= ’ Dexer IWUND | | yopa f(x) 5w M Mo MU INYD (2
’ 0 —z<x<0 " ‘ !

f(x)=sin(|x]) VNI [z, 7] YOPa f(x) Y0 MMMV IR (3

1 1
. f(x)={O |X|I< KD [—7z, 7] YOPA f(X) DU NI NV INSD (4
else

$HD MAIVN
20 2 n
Z_H(_l) sin(nx) (1

f(x) ~%+§ﬂ(2k _1)sin((2k ~1)x) (2

2kx 3
I cos(2kx) (¢
~£+ y ESin—(n)cos(nx) (4

T ST on
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