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74 DY22PN DY P2 PNIN .18
472 VINY W Pa PRI .19
ZZ B DY2% 2PN DNV P2 PN .20
Z£: D508 DIV PA PNIN .21
(00 N DXPNIN DD .22
74 IV MTIPN DWVIN .23
42 MNO0N MONRVY .24
www.gool.co.il
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3 P19 GWL AN TPIVNING - DTN DINVP)

NINNDNN DY VNN KDN DIDD NINHNY IVIN NTIAYN NIIN ND2

Y Y NMvnia naxn

MoYNY

10 x=(4,3,0)+1(1,-1,1) N Dy NX¥M A(7,0,3) NTIPIN OND (1

10 x=1(2,—1,5) 7N 5y NNN) B(4,-2,-10) NP ONN (2

B(1,6)-) A(=5,-2) MTMPIa 10wY NN W DY MI0NIN IS NININSD - (3
.D(4,1,1)-1 C(3,0,-2) MTPIa 72WY N0 T DY MIVNIN IS NININSD - (4

G(2,-7,1) NTIPIA 12IYYW ANINI T DY NPIVNIN IS NNINYD (5
L x=(0,3,-1)+1(—4,2,1) 7Y D2pm

(1,2,3) NTIPIN TIT 1IN W HY NPIVNI MISN ANINAINYD (6
L x=(1,2,0)+5(1,-2,4) : 7Y TN

: DONIN DOYON Y Y (7
L x=(1,2,3)+1(4,5,6) : 7 DY PIOVNI SN NN X
Z=) y X MORPTNNIPN NIIYA NMININ NN 1IN
x=1421,y =10,z =4—7 : MONPTNNIP NINYL W SV MSH INM .2

A9V NYIVNIN NINDN NN HIAND

NN -1 PY YW VNI IS NNINSD (8

M (3,-1,4) NTIPI2 1YY 2NN T DY NIVNION IMISN IR INSD - (9
. Z =N VXD DIApN)

Jrov]wnn oy £ x=(1,-2,6)+¢(-2,1,2) 7N SY INONN NTIP) NN INYD (10

53 WWW.GooL.co.il 9NNY 19321 INT 10D NN NIND
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3 P79 GWL LN TPIVOING - DN DINVPY

.(4,10,2) Mo (1,-1,4) nMipxaH1y v (11
;WD NNNYH NN INNND DINAN AN M)
x=(1,-1,4)+1(4,10,2) .N
x=(3,4,5)+1(4,10,2) .2
x=(1,-1,4)+#(2,51) .
x=(5,9,6)+1(8,20,4) .1
MO0 MAwWNNYS .0

.B(4,0,1) .Y A(1,—1,2) MM 71T 92w v (12
;MY DYIT YAINI IO NN NN
NN TPNOPY INNIYN N
(PPD50 1)) MINNYN 3 DY NPILVNID NN .2
JPIVDON TDND )
DN NV HY IIIN P T

:DNN TPNMOVPI NRNYND NITYA DINAN DIV TR DI I8N (13
x=1-4¢
(:qy=2t N
z=2+10¢
x=1+t
(:qy=4 A2
z=10¢

0. X1
2

=y+l=z-4 )
{: x=1=y+10,z=4 .7

x—y+z=1
N
2x—y+3z=3
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3P99 Gwl LANTPIVNIND - DION DINVPI
YA MAIVN
) (1
ND(2
0:x=(-5-2)+1(6,8) (3
¢ x=(41L1)+¢(113) (4
0:x=(2,-7,1)+s(-4,2,1) (5
¢:x=(1,2,3)+1(2,1,0) (6
0:x=(1,10,4)+1(2,0,-1) .2 x=1+4r,y=2+5t,z=3+61 .N (7
¢:x=1(0,1,0) (8
¢:x=(3,-1,4)+1(0,0,1) (9
(7,-5,0) (10
n (11
x=1+3t
0:4y=-1+t 2 0: x=(1,-1,2)+¢-(3,1,-1) .X (12
z=2-t
f:{x_3y:4.-r [ S S
y+z=1 3
x=(L4,0)+1(1,0,10) .2 x=(1,0,2)+7(-4,2,10) .X (13
(x,,2)=(1,-10,4) +#(1,1,0) .7 x=(L-14)+:2,11) )
(x,3,2)=(2,1,0)+#(-2,-11) .N
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3 P19 wal AN TPIVNING - DTN DINVP)

oMY A TN AXN

MoYNY

.DONAN DXIVON PAITTNN ANNDN NN INYD (1
.02 TINNND NTIPI NN O INID ,0°DONN) 0N ON

0 x=(2,-3,0)+4(5-1,2) , £, : x=(12,-5,4) +5(~10,2,-4)

LDYNIAN OMIYON PAITTNN ANNDD NN INND - (2
.0 TINNN NTIPI HIN DX INID ,0°DONN) 0N ON

0 x=(0,1,=7)+1(-2,1,1) , £, : x=(2,0,-6)+5(6,-3,-3)

.DNAN DIVON P2 ITTNN ANND NN INSD - (3
.01 TINNN DTIPI NX D) INXD ,0°0NN) DN ON

0o x=(-3,51)+1(4,0,-1) , ¢, : x=(~1,7,4)+5(~1,1,2)

.DYNIAN DMIVON PAITTNN ANND NN INSD (4
.02 TINNN NTIPI HIN DX INID ,0°DONN) 0N ON

0, :x=(3,0,0)+2(2,-2,5) , ¢ : x=(0,1,-5)+s(3,1,-2)

.DONAN DIVIN PAOTTNN NN NN INSD - (5
.02 TINNN NTIPI IN O INID ,0°DNN) 0N ON

0y x=(~4,1,-1)+1(3,0,-1) , £,, : x=5(6,0,-2)

.DONAN DMIWON P2OTTNN 28NN NNINYD - (6
.DMPY2 TINPNN NTIPI DX D) INYD ,D¥ONN) DN DN

0t x=(2,8,-1)+1(1,0,0) , £,, : x=(-5,8,2)+5(2,0,-1)

:DYIVON NIV, k 0NN T NNINSD (7
0 x=(k+11-k,6)+1(1,-2,2) , £, : x = (k=1,7,~k)+s(1-k*, k* +2,6)

0PN N
DT A

.A(3,-1,5) ,B(k,-1,3) , C(—6,3,—1) , D(-2,3,k) MTPIn mnm (8
0225080 ¢, - £, DN,k DV TIY 53550 NN

56 WWW.GooL.co.il 9nNY 19321 INT 10D NN )NIND
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3P Gwl AN TIVNIN - DION OIXNVPY

YD MAIVN

D710 (1

DDIpn (2
.(1,5,0),00mnM (3
DoV (4

Oapn (5

(1,8,-1) ,0onM (6
dk=-2 1 k=2 .8 (7

NN NORY (8
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3 P79 GWL LN TPIVOING - DN DINVPY

MNYM 2¥ NNMvnia naxn

MHNY

: MININ MTIPIA T2IWY NN HYW NPIVNION IMIND NXOINSD (1
.A(1,-4,0) , B(3,6,2) , C(0,-3,1)

,Q(6,7,—1) NTIPI2 I2IWY NN DV NPIVNIDN IMINT ININSD - (2
0 x=(-2,-2,5)+1(1,0,—4) TN NN 2700

Ay x=(0,1,-1)+2(1,9,-3) , £, : x=(2,16,11)+5(0,1,—6) : DI MW DN (3
LDNMIN 50070 MR DY NXI0NI M IRYD) DIINN) DIIWNY ININ

D(5,-2,—1) NTIPI2 1YY N DY MI0NION IMIND NN INSD - (4
X -1 PN N DOD)

[xz] MWN 5w MIVNIAN MY DN INSD (5

A, NIIYNI MMNA MY NN INNY - (6
AONYY DXPNN
YN DY NPIVNIIN ININT NN INSD

APNPHN
2y y
s

MO0 MIAIVN

7 x=(1,-4,0)+¢(2,10,2)+s(-L11) (1

7 x=(-2,-2,5)+1(1,0,—4)+5(8,9,-6) (2

7 x=(0,1,-1)+7(1,9,-3)+s(0,1,-6) (3

T E:t(l,0,0)+s(5,—2,—1) (4

T 5=t(1,0,0)+s(0,0,1) (5

7 x=(7,0,0)+£(0,0,9)+s(-7,12,0) (6
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3P Gwl AN TIVNIN - DION OIXNVPY

MY NRNYN

MONY

s 2x—y+3z—6=0 MYNN DY MNXNN) MNIN MTIPIN ORDWAp (1
D(5,7,1) .

E(2,-11) a

oY NINSDY A(Lk,—1) NTIPIN INAYAY k& DWIDIY ININSD (2
ok =2y +(1+k)z+7=0 NW0DN

T 3x42y—2z—9=0 NWRDIXNWH INM (3
.DYPNN NVBY BY NYINN S INPAN MTIPI NN INSD

7D Ax+y—2z+8=0 NN INNWH NN (4
[yz] Mnnn TMN MWINNY AW DY 0N NN INSD

M0 MAIVN

MWNNOYYRY A vmnnby X (1
k=3 (2

(3,00, (0,4%,0] . (0,0,-9) (3

0:x=(0,-8,0)+7(0,2,1) (4

59 WWW.GooL.co.il 9nNY 19321 INT mIVID NN NIND
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3 P79 GWL LN TPIVOING - DN DINVPY

YN NINNYN YN 2 NMvnia naxn 'a 1ayn

MHNY

L 2x432z=12=0 M DINNYN NN (1
SWINN HY NIVNIY NIND IAND

7 x=(2,-5,0)+1(1,0,2)+5(0,—1,3) :ON Y MIVNI MINN NN (2
NN NNNVN NN INSD

o x=1(=2,2,1)+5(3,1,0) : W0 OV PIOVNID NN NN (3
SNWVINN IRNYND NN INSD

.A(1,0,-3) ,B(2,0,0) ,C(4,-1,0) :MMP12 72w 7 NwnNN (4
NN INNYN NN INSD

: DONIN DPYONIY DY (5
(2,0,5), (0,1,-2) , (L,1,0) : MNIN MTIPIN T .N

STRN W DY MINNNY 1N MTIPIN VIdWY 1NN .1
AT 9Y YAPIN NWOHN DY IPIVNID NINT INYD)

2770 MTIPIN YDV TIT 12N NWONHN DRNWD DX INSND .2
JN PYDI NRSNY NWNT DY MINSDIN MOV MTIPI XNY INSD .2
PN PYDI NSV NN DY NNSDI (4,2,1) NTIPIN OND )

OO Mvn

7 x=(0,0.4)+1(0,1,0)+5(6,0,4)

7 =2x+3y+z+19=0 (2

7:x-3y+8z=0 (3

7:3x+6y—z-6=0 (4

2x+3y+z-1=0 2 7:x=(110)+¢(~1,0,-2)+s(1,-1,5) .1 .X (5
N2 D (-0.5,0,0) , (0,0,1) :5wn7 .2

60 WWW.GooL.co.il 9NNY 19321 INT 10D NN NIND
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3P Gwl AN TIVNIN - DION OIXNVPY

DMX? DY2apnn DNYN

MHNVY
s (k+2)x+ (K =2k =3) y=3z+k” —1=0 NMWRN IXNWR M (1

TN D0 X))y =N PO DAPN NYINN £ OV TIY NDRD

x=0,y=0,z=0 DN DY NN VTRIVV HY PMINS (2
X+3y+2z-6=0 ")
OTRIVOVLN NA) NN INSD

PMI0 MAIVN

k=3 (1
6 (2
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3 P79 Gwl LN TPIVOING - DN DINVPY

MY V! A TN AXN

i 2x=y=3z+6=0,(:x=(50,1)+£(4,1,-2) NWNM N ONM (1

DNV OITTND 2NN NN IWAP
SPPONN NTIPI DN DX IRND MWD DX TN W1 OX

ix=3y+2z-11=0,0: x=(2,-1,6)+7(-11,2) MNM W N ONN (2

LDV OITTND 2NN NN IWAP
SPNN NTIPI DN O IRXND MWD DX TN W OXR

T2+ y+6z+11=0, 0 x=(-6,1,0)+7(3,0,—1) MM WD NN (3

LDV OITTIND 2NN NN IWAP
LMD NTIPY DN D) IRNND MWD DX TNIN WD ON

7 2x—y+z-4=0,0:x=(1,a,3)+1(4,1-5,0) NWHM WD DN (4
YN I IWON ONAY, b -) @ dITY NN INSD

PMI0 MAIVN

(L-13) ,ymnvwn (1
0PN (2
Domvwn (3
a=1,b=-7 (4
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3 P19

Gwl AN TIVNIN - DION OIXNVPY

oMY a TN AxXn

MONY

DY ITINN ANNN AR WIAP .0NWN NV DNM PYyo D51 (1
i 2x—y+4z-5=0,7, :4x-2y+82z-10=0 .N
7wy i x+3y—z+1=0, 7, :3x+9y-3z-8=0 .2
Ty :5x—=2y-2z+43=0, 7 :2x+3y+z-5=0 .)

DMV NY NN (2
7 2+ (K +k)y=2z+1=0, 7, t4x+12y—4z+ k> =2=0
:DYNYINRN DMWY £ IDIY NN INSND
D>TI5N1 .) O¥>apn .2 DdONN) N

OO Mvn

.DNNI ) .D>pn .a DTN (1

k=22 k=-3 .12 k#2,-3 . (2
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3 P79 GWL LN TPIVOING - DN DINVPY

D™MvYN a .anh e

MHNY

i Ax+y—2z42=0, 7, : 2x—y+z+10=0 : DINNI DXNYON NV NN (1
.DMNWINN PIAV TINNN TV DY IPIVNI NIND INNNI

Ty i 8x+2y—3z+42=0, 7, : 2x=3y+z+4=0 : DDONN DN NV DNM (2
.DMNWINN PV TINNN TV DY IPIVNID NIND INYI

T 13x=3y+2z42=0, 7, : 5x—2z+20=0 : DXINN DN NV ONM (3
.DXNWNRN PAY TINPNN W SW 0N NI INSD

T, x=2y—z+6=0, 7, :z—2=0 :02NNI D>NYON MY DN (4
.DNVINN PV TINNN Y DY NIVNID NIND INNND

7 6x—=5y+z+18=0 MWMNIN DY TININN IY DY NPIVNI MINN IR (5
[xz] MmN oy

7 ix=3y42z-1=0,7, :4x+y—z—-6=0 : DNVN NV ONN (6
JPYNID 92 DXNWINN NIV DPAPNN I DY NPI0NID NIND INSD

OO Mvn

0:x=(-2,6,0)+1(2,16,12) (1
0:x=(0,2,2)+1(1,2,4) (2
0 g=(0,4,10)+t(4,7§,10} (3
0:x=(0,2,2)+1(4,2,0) (4

8

¢:x=(-3,0,0)+(3,0,-18) (5
0:x=1(1,9,13) (6
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AN TIVNIN - DION OIXNVPY

S GOUOL

oMY Y o Nt

MHNY

: DYNIN DIV NN PAY I IXRINND (1
(,:x=(4,0,0)+t(6,81) ,(, : x=5(-4,2,-4) .N
¢, x=(10,17,-18)+t(3,0,-6) , {, : x=(6,5,4)+5(0,4,0) .2

WM A(3,4,6) , B(6,0,-2) MTIPIN TIT 12N I PV MINN NN INSD - (2
LD >TTNN 280N NN WA C(6,5,1) , D(-1,4,2) MMIPIN 71T 12N

.A(1,-3,0) ,B(4,2,-1) ,C(3,-1,2) mmpin nmm (3

:MTIPIN TIT 2N 2NN W DY IPIVNID NMIND INND N
.B7A.1

.CB.2
.CHYA3

AB w1 Dy NNSNY E(7,7,-3) -1 D(4,2,-1) MMpPIn panmn A
70TIPN PYDI NRINY
.BC 79w AB 9N YAV IO NNIIVYN L)

A(x,6,1) , B(-2,y,-1) MTIPIN .3x—4y+6=0 HINNNWHY NWH NN (4
2o =11 :10>PM) [yz] M0 5y NRYNI C NTIPIN NN DY NMININ)
D>IYIN PIAY PMN DOIP 20 T OX,C NTIPIN MNPV NN INYD

12 xn AcH AB
\76

NOYD MmN

90° .2 78.521° N (1

D508 OMIWN . 63.37° (2

(:x=(4,2,-1)+t(-1,-33) .2 . (:x=(1,-30)+t(35-1) .1.8 (3
.35.477° ) .DnTpPn a2 (:x=(1,-30)+t(2,2,2) .3.N

C(0,28.45,11) W~ C(0,2,11) (4

65 WWW.GOOL..cO.il 95 103291 1T 110702 891D 1NaY
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3P Gwl AN TIVNIN - DION OIXNVPY

MY AV "o Nt

MONY

: DININ MWOHM WON PV IOMA NININYD (1
0 x=(-2,0,5)+2(-2,1,2) , 7 : 3x~2y+2z+9=0

.A(1,-1,2) ,B(0,2,-1) ,C(1,2,5) , D(=7,3,-1) MM mnm - (2
ABC MWNN 121 D) A MNP 129N WO P DI NN INSD

,2x+y—2z-6=0 NoW ABC ©0IN NXNWNY ,SABC NUIWN NN M (3

;N TNION DDA SB ITTNN MINPNN P2 I NN INSD
X, =z, =—1 DOPPN B MPTPN MNPV 2 )N DX

M0 MAIVN

18.87° (1
44.83° (2
14.9° (3
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3P Gwl AN TIVNIN - DION OIXNVPY

DMy vy Pa nmr

moNy
7, Ax+3y+z—12=0 : DININ DXNWHN PIY NI NININSD (1

7, 1 4x—=Ty+5z+3=0"

: DN PTPTPY ,ABCD NUNIVYN NN NN (2
.A(0,2,-5) ,B(3,-11) ,C(7,-1,-5) ,D(3,2,0)
ABC N7790 ©7029 ABD MTINN NN 12 7PN NN INSND

[xz] MNY 3x+5y —z+4 =0 IMXNVNY NN P TOIMD IR INSD - (3

OO Mvn

90° (1
87.539° (2
32.312° (3

67 WWW.GooL.co.il 9NNY 19321 INT 10D NN NIND
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3P Gwl AN TPIVNIND - DMION DNV

ANIN2 MMP1 NV 2 PhIn

YNY

.C(k,~1,13-k)-y B(0,-2,6) , A(2,4,—5) MM mnnm (1
.AB=AC -V T2, 0P MV M1 ABC ¥2WNn DNIY £ DIV INSND

NAIVYNn

k=12 W k=8 (1
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3P Gwl AN TIVNIN - DION OIXNVPY

Y2 TR 12 PhN

MONY
A x=1(2,0,—7) WD A(13,-1,-19) NTIPIN P2V PNINDN ANINSD (1

. A(1,6,-1) ,B(2,-1,0) , C(6,-4,0) MTpPI MMy (2
ABC w5wnn NLY NN 1AVN

ABCD 1207 5¥ AB Y80 DN £ @ x=(5,-2,0)+¢(0,1,-1) N2y (3
.D(5,4,2) NI MDINONPTIPN TNX
(NYPYIVON NV B TIPTPN MNPV NN INSD

M0 MAIVN

J54 @
1275 (2
.B(5,-4,2) W B(5,4,-6) (3

69 WWW.GooL.co.il 9NNY 19321 INT 10D NN NIND
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3P Gwl AN TIVNIN - DION OIXNVPY

MNYM? NNMRa Pa PNON

MONY

.DYPNN TPYRIM 4x—2y—4z+15=0 NN YW IPNIN DIRINSD (1

0 x=(1,-8,3)+7(3,-2,1) TOY TNNNDN NN NRNUNINSD - (2
. A(4,5,-9) NN V14 PRI N¥ON

A x=(7,19,-3)+1(3,14,—4) , 7 : 2x+4y—4z+15=0 NV W NN (3
.6.5 NI MYMINN JPNINY IWIN DYY MITIPIN NN INND

OO Mvn

1
2— (1
5 (

i 3x=2y+z-7=0 W 7 :3x-2y+z+21=0 (2
(1,-9,5) W (4,5,1) (3

70 WWW.GooL.co.il 9NNY 19321 INT 10D NN NIND
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3 P19

Gwl AN TIVNIN - DION OIXNVPY

D*2apn DM Pa PNNN

MONY

.A(15,0,—4) ,B(12,-5,2) , C(6,1,4) , D(12,11,-8) mMpxr mnm (1

B-) A YT 92N 20N P2 YTTNN 2801 NN INSD N
D-) C MNP 9N W P

JN PYDN DY P PRIND AN INSD .2

;DN DY MINHN YN DY MydN 4 (2
L:x=(2,0,-1) +¢(1,-2,1) , L,:x=(-8,-1,19) +5(-4,1,6)
l:x=(-2,7,-11) +r(-2,4,-2) , [,:x=(-2,15) + q(4,-1,-6)
291 NIN YNNI INDIN LN
JA9NN NLY NN INND .2

M0 MAIVN

NI 76 .2 OIpn N (1
Y /824 A NN NONRY N (2

71
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3P GwL AN TIVNIN - DION OIXNVPY

MYM? I Pa RN

MONY

Ax—z4+6=0 NN DINNIYN NN (1
ITIN NWININ AT Y -1 PN PAITTNN 280N NN INSD N
NN NN P Y -N PN P PNIND DN INSD .2

dix=(Lk-15) +1(4,-2,-3) , 7:3x+12y—4z+k—-10=0 MM IV NN (2

2 9910 I MWD IAPN WY INDIN LN
1NN MWD WO P PRIND IMIAYY £ 0NN DY IDTY NN INND .2

OO Mvn

6
— .2 WY Hapn awn . (1
J17 '

k=2,4 .2 NN NORY N (2

72 WWW.GooL.co.il 9NNY 19321 INT 10D NN NIND
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3 P79 GWL LN TPIVOING - DN DINVPY

D*2apPn MY A PhIN

MHNY

i 3x=4y+5z-10=0 : NN IXNVN NN (1
ANNA8 PNINA NYNIM NN NWINY 9APNN MWD NRNWN INED

T i x=2y=224+6=0, 7, :x-2y—-2z—-12=0 :D92PN DN MY NN (2
PNINI NENIN DINTHN DMNYINN MWD D3APNN MNWNN IRV NN INSD
DMIYN VY

(DN DYV OONN (3
m2x+y=2z-11=0 , 7,:x+2y+2z+5=0 , 7;:2x-2y+z+3=0
7wy 2x+y=2z+7=0 , #mix+2y+2z-1=0 , 7 ihkx+qy+z+p=0
12N DXINY DINWINN NYY DNV, p-) g , k£ DIVNIIN MY NN INNND
NI MTN’ 60 NNAY

NNNN ND>0AY M21P2 DIDN O(3,8,—-1) NTIPIA NIMMWY NTD (4

A2x+4y—3z—6=0 INNXNVHY NN DY NN
PN DY NOYN DIDIN NN MDY NYINN IRNYA NN INNND

M0 MAIVN

7 :3x—4y+5z+10=0, 7, : 3x—-4y+5z-30=0 (1
7ix=2y-2z-3=0 (2

k=2,q=-2,p=18,-12 (3

12x+4y-3z-136=0 (4
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0 x=(-3,2,6)+1(—4,1,2) ,0w v onm (1
Ay 1 x=(0,2,-7)+5(1,0,—1) )
DAY PN NN NN DIADVND DWWV NN
0, x=(-10,5)+7(1,1,-2) ,0225080 D> NY NN (2
A, 1 x=(2,-1,9)+s(6,-1,0)"
DIV PNIND NN INSD
2N VNN L x=(4,-2,-1)+1(—11,6) N PRI DN INSD (3
A0 MAIVN
AN ﬂ (1
J6
N 1,567 (2
N A2 (3
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n"MvYNnw NiMpn 0?2vin
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X+1 y-2 z+1
2 1 1

VN DY A NTIPIN DO NN INSD N

WY DN A-D MIVION NTIPIN NN INSND .2

L

N NI AGL-13) iy nm (1

IX+Ty—2=8 MW pnn A(0,0,1) nTpy M (2
NYNNHY A NTIPIN DO NN INSD N
Mo oM A-S V0N ,C NMIPIN NN INSND A

:DININ DYONOY VY (3
LD PSNONYNY N2 AL 3,2) NTIPID NPIVIION MTIPIN NN INSD N
LDPSNONYINY DN A(X, Y, 2) DTIPID NPIVDION MTIPIN NN INSD .2

.A(0,2,4), B(-2,6,-2), C(2,-4,8), D(10,2,0) :2an7m2 MM 4 mm (4
ABC Mwnn by AD 9w YUY NN INNND

OO Mvn

C(-1,4,-6) A B(0,1.5-15) .N (1
c(ﬂ,ﬁ,ij a B(l,lﬂj N (2

11'11'11 11'11'11
B,(13-2),C,(1-32),D,(-132) . (3

B, (X, Y,~2), C,,(x,—Y,2), D, (-X,y,2) .2
x=(0,2,4)+t(0,11) (4
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NINION NI?XRY

.A(1,1,3),B(1,2,0) , C(1,1,1) mmMpy nmny (1
.C DY B NN 92011 9N YWY NPI0NID MIND INSD N
T WD DY NINNNDI XD A DTIPIN 2D NN
.C By B NN 92011 v 2% A 0PN P2 PRIND NN IIVN .2

YD THINNDM A NTIPIN TIT 1IN ,NIWINN IRNYNI NN INND )
.C Dy B DN 22nnnN

,DYONN) DN DX IWYAP) OINAN DXIVON NI DY I TTNN DIANND NN INSD - (2
.DY250VNN N DYTIONND ,0°D72APN
NN NN IO MTIPI NN O INY ,0°5NNI DIV I NIPNA
.DMYN Pa
DA PNIND NN D) INSND , 0720081 IN DID¥APN DMWY 12 NIPN2I

x=(1,0,1)+7(1,2,0) , x=(1,1,0)+s(2,4,0) .N
(-2,2,4)+u(6,6,1) , x=(1,-1,0)+s(12,-3,1)
x=(L1,2)+¢(1,2,-1), x=(2,3,1)+5(2,4,-2)
(1,-1,0)+¢(0,2,—4) , x=(2,0,3)+s(-1,-3,1) .7

X =

X=

,NUYINN NN TNIN YN OX VAP IO NYONN DY OITTNN ANND NN INSD - (3
NN DN IN NYIND DIAPn
TN NTIPI DX D) INSD NN NN TN N NIPN1
SNYINY WIN PR PN NN O
NYNNN IWIN PRI NN INSD NI DAPN W 12 NIPNI

2x-3y+4z-5=0, x=(1,0,2)+2(-1,2,2) .N
2x—5y+3z-6=0, x=(-3,0,4)+1(4,-2,-6) .2
2x-14y+10z=-6, x=(2,1,-2)+£(-2,2,0)

N DXTIONN ,0°7°2PN DN DX WIAPY DXNWININ DY OITTNN ANNDN NN INSD - (4
D712 PNINND NN IRYD DXDAPN DXNYINN 12 NIPHNA .0MDNM)
D72 TIFNPND IY NN DA NN NN INYND 0¥DONN) ON 12 NIPHNI

Xx=2y4+2z-10=0 , 2x+y+2z-4=0 .N
2x=5y4+3z-6=0 , 4x-10y+6z-8=0 .2
2x-14y+10z=-6 , x—-Ty+5z=-3 .)
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L x=(15,5)+t(L,1,0) , 7 : 2x—y+2z+1=0 WY MWD ONM (7

DMV DXPNINI NRNMIN , z -N DY HYW 22PN 1PN HY NTIPI INSND
AWM NYWHIN

Ty 2x—4y+4z-5=0, 7, : 4x—2y+4z—1=0 DONYN NV DN (8
6 PNINDY 7, NN 2 PNINT MY I HY TPIVNII 1IN INSD
(DMIVAN 4 TINND TNX I DY MINN INSND) 7, NN

Ay x=(0,-3,0)+1(1,1,—8) , 7 : 6x+2y—z+5=0 N W ONM (9
ION AN TMM P(1,0,—-4) NTIPIAN2W , 7 NN 22PN, £, 9010 W
NP2 NANIPN NN P ATIPIN, 7 NYINIY MTIPIN P .Q NP 7,

.Q TP AN NAIPN NN Q' NTIPIM P NTIPID
PQQ'P' 12511 NLY NN INNN
(£, 59 NPIN NVPY AR ¢ MYSNNI WA : NIITN)

i 2x+y+z-5=0, 7, : 3x+y+2z+11=0 DN MY DN (10
.DNYINN NV P TINNN W NN 7,
IYON DY 60° DV TP NP /£, IWIN AR DN 7, NN
Ay x=(1,3,-4)+1(1,1,0)
7, NN ARNWYND NN INSN
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D>TI511 .) 4.07 ,025081n .2 1.095 ,009apn N (2
LA47.6° : NN TN L (1,-3,4) NTIPI2 ©ONN) T

2oMm .2 .0.9284 orapn N (3
-40.78° : NN 7PN, (3.5,-0.5,-2) NTIPI2 TN )

.63.6° :7PMY, x =(0,-2,3)+7(3,-1,-2.5) : VN IW .0DONMN X (4
0719 NN ) .0.324 : pNIND .OMAPN A

L:x=(0,2.585)+¢(2,-2.75,-1.75) , £:x=(0,7,7)+¢(8,-11,-7) (5

7 =3x+y+3z+15=0 (6

.(0,0,14%) N (0,0,4) (7

Aix= [O,—l4,—15%)+t(—14,14,21) (8

VM1 10.467 (9

7T 2x+y+z-5=0IN 7, :x+2y—-z-58=0 (10
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|/  TNONT
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9 SN S N } ’[xy] MY N8I u = (4,2) MNOPNN o

| u=AD .B(4,2) nTp321999) A(0,0) NTIPIAINSIND

20PN 2NN RYD) 1 =(4,2,5) :NOPNN e
A(0,0,0) DN YNNI INSN
.B(2,4,5) : NP1 10D
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WN Y AN B(x,,,,2,) :NTIPIAIND A(x,, ;,2,) NTIPIA INSINY NOPN
u=AB=B-A=(x,—x,, —y,2,—2) : NI 19INI NN 19O NTIPI ¥IN
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PN DN YOP NPITNI YOP YNNIN

B(x,,7,.2,) =Y A(x,,»,,2,) : DN PINSPY M YOPN YSON o

X, +Xx + z, +z
Xy, = 12 2’yM=y12y2’ZM: 12 2 . NN

o2 B(x,,1,,2,) -V A(X,p,2,) PYISPY YOP NPONNN P ATIPIONYY e

.xl,:—k'x”rl'x2 ;yP:—k-y1+l-y2 : zpz—k'zlJrl'Z2 0N k:l SV
k+1 k+1 k+1

NI2IYN NINNA NVPN HY I NY99PO NYaON

DNDNN Y AVINT - v :)YIION v-) ¢ DINOVPN MY DY MIYPD ND9ON
INSID NN NTIPI P NISNN TN XN @ WND 1y = |u|-[v]-cosar : INAN
.DNVPNN NN P ONVPNN

YN AN u=(x,,1,,2) » ¥ =(X,, 1,,2,) : D NOPN HY NP NHAON

'ﬂ’l:(xlaylazl)(xzayzozz):xlxz + 0, t22, 1NN

.|g|=\/zzz XAy oYM u=(x,p,2) NOPN SWIITH

Y Y 59901999 NHSN

LDYNVPN NV HOIY NISNY JN 2NN DD I

PHYAN MOPN RIPI g NVPIN

PN YIN DY ONWID NTIPI DY INDIY DIVNN MIWRIL TN INNIN
YN HY INON MOPN XIP) 1 NVPIN

/ A N 1D NNNX NTIPID IR NINY TN DY R¥MIY NOPN NN N
v LWVIN TR NINK NTIPIA

0 x=a+tu MY )M DNOVPNN NV P2 IWPN
INXINDVY DY NN 7Y DAPNNN NOPN XIN x =) INWID PWNN 19010 NIN  TUND
%N 5y NTIPI DY 1I9D) DX MYNRIA

D>NVPNN NN Y2 C(7,0,10)-) B(5,3,1) , A(0,0,0) : MTIPIN N2Y : XONT
a=AB=B-A=(531); u=BC=C-B=(7,0,10)-(5,3,1)=(2,-3,9) : ONIN

1:x=(5,3,1)+1(2,-3,9) : NN N DY NPIVNID MM 12D
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tMIHYH*

NPNYIN MOPN NN NI N MDTAN NPIVNII NNND NOPX W D e
0N NOPN

[:x=(7,0,10)+1(=6,9,-27) : NONTIVY TWOD NDNNND D) NN MININ

MY AP WO DY NNR NPIVNI MINNA ¢, NIANN OVY DAPNND x NOPNN  °
AWM Y NINNK NPIVNI MHINNA £, NIAND

L1 NOPNN DY IRNI g MVPNN DY IND NIINA NN DY IPNXIB NTIPIN e

NNONND VYOI MITIPI XNY NNPY 229010 W DY NPIVNIO MINN NV YT e
NTIPN (WD TVNN DY IRYNIN D NTIPI OY TN C NNIPIN DWNY) u NOPIN
@ NOVPNN NNONNY NID

D»IVNIN DXNVPN NY DY NN NWYND NI I DY MIVNID TINN e
NN YN DY IMNDY DYPNN NPYNRID INNINY NOPN DNINNN ANINI

0°9VY? 12 >791 a¥N

: 2NN DMWY I P2 OXTTN 022NN 4 DIV

SINN W NYYND DN DIWIN MY : DITIONN DY)

2NN DY) DN DYDY NI INMN YA DIIWIN NV : DIDIAPN DY)

2NUDD NTIPIA DXONNIN DMV DN DY 2NN DY MY : DINN) DI

2NN DY) DINRY DMV DN DY DMWY NV : DIAZVNN DI

: INAD MAOW-YTN NPYTAN NN YN DY NV PAITTNN 280N DX NIAPD >1D

DN NN DY DMWY DNOW PNIN

N:/ \13

TN NTIPI W DMIWD DN NAMWYN NTIPI DIV DN
DIYID TAN WM NTIPY DRN)
1V W DY NINNND)

Y NV X
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MY HY NPIVN99 NIXN

LDOMNOLPN NWIDY Y MANND 1N ANININYDD NN

g!,/ PHYNN NOPN NN g NVPNN
v _ XNYNN DY SIWID NTIPILINDI DIPN IWYRID THN INNIN
V4 SNMYINND DY NN VP DN v-Y u DINVPIN

NYINN DX DOXWNIN DXNVPNN DN

7o x=a+tu+sy 7Y NN DNOVPNN NYIOY P2 WP

YN DNINA 7Y DAPNNN NOVPN XIN x =) DNYID D1WNN DII90N DN 7,5 TYND
L NN DY NTIPILINDI DIPNN NPYNI INNIN

MV HIRNYN

71 ax+by+cz+d =0 : NI OINI IRNWYN MY NOD PIND 1)

20NN NOPN MY DN a,b,c DNTPHRM NWHN DY NTIPI NN (X, ),2) : TWND
-h=(a,b,c): Y20NN NWNN OV

MWD Y )2 211N aNn

: 2N NN YW P OMTTN DXANN 3 DI

\ NYINN AR TN W e

A —_— NS 9APN WD e
\

7Mmn 91pn0 599 NN OIN WIN e
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09V 122 *T9N ANN
L DOTTN DXANN 3 DY DN NV Pa
PIPAN AW XIPIN GV W DNY W MY NIPNI - DONN) DNWNN e
MY APNYN MOPN TR DI DIYNO DINOPY DINYNN NWY — DODAPN DNWNN e

NYNNINN NN DN DINYIIN MY NT NIPNA - DITIONND NYONN e

7, ax+by+c,z+d, =0 m:ax+by+cz+d =0:0"993 DNYN NY NIY

: NI J9IND 0N >TTNN 2AX¥NDN DN IWYAP)

025N 0’92PN 01955
NN 230 95 4 _bh_a 4 4 _b_a_d
a, b, ¢, d, a, b, ¢, d,

PIRNDIN DN NIVIN

u-v
. cosa = |—| |—| DOPYAVINN u L,y DNOPINIYPL o M e
upr-y
ccosa =2 AN L =a, +su, ) [ =g, +tu, DI NIYPI o DTATOM e
ot ||
mrax+by+cz+d =0 WM [=a+tu WP a DTN TN e
) u-h
.sing = W : NN DNON 7Y AVINN
ur-|a
max+by+cz+d =0 :DNYWNNYYPL o DTN o
.cosa =‘M DY AN 7,0 a,x+b,y+c,z+d, =0-)
||
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gy = (5 =5 ) + (=0 ) +(z—7) xan

[:x=a+tu : TIONIMSNA PN WD A(x,p,z) NTIPIPAPNIN .2

NTIPI DX NINND YT 1N DIWON) IWOD NTIPINND TIN NIV 7Y AN
JDAND YO DV NPON MLPNA TIRD NVPNN NJAON NN IMNVYNY ¥ TINNN

AN 7 ax+by+cz+d =0 NN A(x,y,z) NTIPIPAPNIN .3

_|ax1 +by, +czl+d|
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| \/a2+bz+c2
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DWW TANRND NTIPI2 WY 7Y AVIN® DYIAPN DIV DY PAPNIN .4
.2 YD ININNDI NIYUN I APNIN NNOND)

IO DYY NTIPIA WIIYW MY AWIN (1D D2aPNN) NI IV PApnIn .5
.3 YDA ININND NYINNN PN NININMDI

s MINAN NPIVIRTD NNNX 29D AWIN? OIIAPN NN NV PAPNIND .6

DIUN NYWINNN APNIN NRINNDY TR NI DYV NTIPIL WIDY X

dl_dz
Nat +b*+ ¢

DIV TNN DY MYIN NRNYN NDND MY AVIN D3OV DIV PA PRI .7
.5 902 ININND MWD IYINN IPNIND NNIND)

.d= :NOMI VDY .2
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(2

4

y=+x-4 (6
y=I+x-1 (8

y:ln(x2+x—2) (10

y = ex2+x+1 (12

y =tan(10x) (14
y =arctan(x+4) (16

y =arccos(x+1) (18

y=x"—x"-4x+1 (1

4x +1
== (3

x?+1
X2

X2 —x-2

y=+x"+x-2 (7

y (s

y=log x+L (11
log x
y =log, (x+4) (13

y =cot(4x) (15

y =arcsin(x—4) (17
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X9 (1
x=+2 (2
X9 (3
x#0,1,-1 (4
x#2,-1 (5
x>4 (6
x<-2,x>1 (7
X9 (8
—1<x<1l (9
x<-2,x>1(10
x>0,x=1(11
X 99(12
x>0,x=1(13

x¢£+”—k (14
20 10

x;tﬂ—k (15
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.X 95 (16

3<x<5 (17
—2<x<0 (18
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: MININ MIADIMN NPIPNSN NN YN
f(o(x) h(g(f(5)) -2 f(o(®)
h(h(x)) f(f(x) - h(f(x) .7
X—=2
(X)) =—— 2
(x) g (
x=3 "y f(f(x))rawn
X-3 5-Xx
f(x)=2—2 _27X
(x) o g(x) 7 (3
x=8 My f(g(x))+g(f(x))awn
F(X)=x"=7x, g(x)=Inx :pm (4
x=e? My f(g(x)) 1awn
()= g(x)=Inx M (5
x=27my f(g(x)) awn
1 x>0 X+3 x>4
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n>1.2
IDOUMN-ON N L3
.1210) NN NN N .4
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NOYD Mvn
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NMIT 'R NIAIT NXpna

MHNY

(NPT NHNR) NPMIT-ON YN 81 MONRYA NPXPNON PPN 1N INNND

y=1 (3 y=x'+x° (2 y=4x (1
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N z(x)=g(x) (1+f(x)

] MIIPNINY INIIN

94 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MHYO N — N9 ANd




5P19 GJWL LLDTPHN MNON - OPYVNNN NISPNIN

NN (13
TENT PSP N NPT NPXPND D0 N
T TPNPND NN NPT NPIPND NY9ON A
TR TPNPND NN NPNT NVSPNOI TN )
SN IISPND N RPN NVNPNO DY N2 T
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y=1+14c0s20x (2 y=1+10sin(0.5x+4) (1
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6 P19 GWL . 0N NISD - DNTPNN DINYY
DIPY ?¥ NMuvnia naxn
MYNY
S TPYVAP MANND ,NNMN NPIVNION MIXNN PN (1
t>0, x=t>+1, y=t* .N
0<t<z, x=sint, y=cos’t .2
7 <t<2z, x=cost, y=4sint .)
:TPIVNID MINND ,NNMN NOTVIPN MDD PV I (2
1<x<4, y=x"+1 .N
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2<X<2, y=+J4-X2 )
.MV DNI00N DY VNI NN PND (3
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Xx=t—4, y=t* .N
X=-4+cost, y=1+2sint .2
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y2
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16
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. DpYN N (2
y=1-2t

.DIPYN INIVVLIV .

MY D97 VDA yi(X) NN IavN
A=—1 M NTIPIA,DIPYD PPYUNN NXNVND NN INYND
£==1 N2 NTIPI,0IPYD ININN NXNWND NN INSND
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.(0,0) TP OIPYY PPUNN NINNYN NN INYD .2

x=t>-3t
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PID MAIVN

,_cost—sint-t . (-tcost—2sint)(1-cost)—sint(cost —tsint)
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y =sin4t

2

2
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a
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0<t<2r DIPYN TN NNIVN (5
y =1-cost
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(=L 7z) PP (1,0) NTIPINN ,{ tesing 2P TIRAN2VN (6
y=1+SI
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3
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X =4sint
y =10t —7 <t <27z DWPYN TR NXIIVN (10
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14 P19 wal NP OY M - NRNN NITIN

NTIPIA NI NNIN TPXPNN b -1 a DWNIAPN DY DI IR NIY INND (12
In*x O<x<e
f(x) :{ 9900
ax+b x>e
NIINN NIY NNON MY ,IONX DI NIY

NTIPIA NI NNIN PXPNON b -1 a OOWIAPN DY DIV ION NI NS (13
e 0<x<1
f(x)= :990N
ax+b x>1

NIINN MY NNON MY ,IONX DY N1AY

, 1
x“sin—+4x x<0
BOE X :TPNPNON NN (14

pX+q x>0
(NN TOPSPNON g =) P OOWIAPN DY DY IPN NIAY Wap
1D NN N

() =[x* =x* +sin(10x) -1 :P¥PNON MY, f'(0) NN 2WN (15

:TPNPNON NN (16
0 XxeQ

2UNN X 930 NPT RD INPNINY ININ

.f(x):{ |coszx| xeQ

(B5wun 799n) NN

;AN DITHN DHWN 70000 DR X OWNN 1901 939 1tnn [X] oDwn 7Ivn nospng
4.1 =4, [-4.1]=-5 :5vnd .(NVn 355 NYIYN) X -9 NV X OPY

L F () =[X]-[-x] P8pNnoan NN (17
(X)) NOHIvN

T (X) =[x]sin(zx) MP8PNON NN (18
Annra Yy f(x) NNHIAIYN

£ (¥) =[x](1-cos(zx)) 8PN NN (19
Cf(%) PNOHVN
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X 999 | (X)|<x* nvpnn mypna non f orw NN (20
x=0-217Pn f X

X, =0-2 1987 NPNd f NN (21
.f(0)=0 DX PN ON X, =0-2 1™ z(x) = |x| f (X) M¥PNAN 73 IO

X, € R DW NNDN 122202 MITINN NPSPNI NV g-) f v (22
£ 122797 N NN
1 f_l(xo) = g;(Xo)'] f(xo) = g(xo) ON .N
f(x) x<x,

YO HY NYTIND , 2 TPXPNON TN
g(x) x=x,

X -2 W, 2(X) :{

yR-277P0D g:R>RA x,-20PNN f:R>R OX .2
RV MIPN go fIN

DV NNDN N2>202 MYTIN f MNP X, -2 PN NP g DX )
Xom2 P P fog N, g(X,) -2 PN NI g(X,)

.DXYON P WP PN NN

LR TImMN NRSpNs g-y o nnn (23
X>Y 9991 , R -2 19X 78PN NN g -Y )N
. fFOO-f(y) _ g(“ yj D»PIMD
X—Yy 2
CF(X) =g(x) DYpnnoOvNn x Do5WY,R-2 0P f ) nomn

1_—X Xx>1

=1 X PNPNON NN (24
%—arctanx x<1

WY MY NPT X
F7H(X) INOINSD L) ON.ANITHIN DINNA 19N f DNNIPTA .2
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OO MIvn

fI(X):{Zx+8 X>2 1

3x° X< 2

2x—-4 X>2
f'(x)= 2
() {3x2 X<2 (

2Xx-5 X>2
f'(x)= 3
(x) {3X2 X<2 ¢
f() 2X+8 X>2 @

X)=

3x2 X< 2

2 -05<x<0
f'(x)=11+2x ' (5

2X+2 x>0
f'(x)=4(x>1) , f'(x)=-4(x<1) (6
f'(x)=8x(x=0) , f'(x)=4x(x<0) (7

sini—lcosl x>0
f(x)= X X X (8
0 x<0
1 1
2XSin——Ccos— x>0
f(x)= X X )
0 Xx<0

.x=0 NTPI2 O»NYa NP XY (10

POVN OYPRY .NPIIND A a=1.N (11
§In2x O<x<e
f'(x)= ;‘ a=3/e b=-2 (12
- X=e
€

a=e b=0 (13

q=0,p=4.2 q=0.x (14
-10 (15
NN NORY (16

0 XegZ
f'(x)= 17
() {undefined xeZ ¢
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£1(x) = [X]COS-(ﬂX)ﬂ X¢&Z (18
undefined xeZ
[x]sin;zx XeZ
f'(x)=<0 xeZ, xeven (19

undefined XxeZ, x odd
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i -1<x<0

X+1

f(x)= u} X #1930 NP X D30 NN N (24
T 3z

tan| ——x | O<x<—

(4 j 4
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15999 Gwl TPNPNA DY NI IWON

NN 2221 2N

MHNY

:(NMNIYNRIN NITON NN P IRYN 35-27 MONYI) NININ NPXPNON NN DINYI 1IN

2x° X’ —5X+6 X2 +2X+4

f(X)=—— (3 = =
o (x+1)? ( ) 2x+10 (2 ) 2X ‘4
f(X)_(X_HJS (6 f(x)—x—3 (5 f(x)= : 4

x-1 (X+1)? Cx2—4

In x In x

=X- f =— (8 A
f(x)=x-Inx (9 (X) X ( f (X) . (7
f(x)=In*x+2Inx-32 (12 f(x)=In lzi (11 f(x)=x*-Inx (10

—X
S S 2 1

F(x)=(x+2)-e* (15 f=e (14 FO)=In"x+oo (13
f)=x2-1 (18 f)=x @7 f(x)=x-e2° (16
f (x) =cos(x*) (21 f(x) =sin(x®) (20 f()=IEA-x) (19
f(x)=In(cosx*) (24 f(x) =tan(x*) (23 f(x)=sin*x (22

f(x):(x+1)3inx (27 f (x) =arctan(x*) (26 f (x) =arcsin(2x+3) (25

y=x"* (30 f(x)=(cosx)"™ (29 f(x):(sinx)X (28

L
y=(\/§+;] (33 y=x" (32 y=¥x (31
y=(x+1)"" (35 y=(x+1) (34

APNWA MAXD XD NN 1ITT ONY 1N 29-) 28 MONYA 1 YN
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MY MAvn
f'(x):&;s, f"(x)zi3 (1

4x X

vor  2X2+20X—62 oy 448

Fo= (2x+10)> ' f (X)_(2x+10)3 (2

oy AX oy A(1L-2x)
FO=cope T"O=1apr @

vy X2 =12) Lo AX-(2x7 +24)
f(x)_—(x2—4)2 f (X)_—(x2—4)3 (4

von X(X+3) ... 6X
="y "0 6y ©

oy 6(x+1) (X+D)(x+3)
f'(x)=— (x_1)’ f'(x)=1 2—()(_1)5 (6
f()_1 Inx 1t()_ZInx 3 7
f()_ —Inx f()_BInx 8 8

\ " 1
f'(xX)=Inx+1, f (x)=; (9
f'(x)=x(2Inx+1), f"(x)=2Inx+3 (10
f(x)= f"(x)—; (11

_2(2— x)'  (4-2x)?
f'(x)=§(|nx+1), £ = 2% (1

(Inx)* -1 (Inx)° —(Inx)* = (Inx) -3
f'(x)=—= { I } "(X) =— { Inx)° } (13
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~~

14

f '(X) = e% .(_izj, f "(X) :e% (1"‘42Xj
X X

f'(x)=ex(x2_—’2‘_2} f"(x):ex(5xj J (15
X X

fi(x)=e2¥ (1-4x2), f"(x)=—-4xe ¥ (3-4x2) (16

2
f'(X)=——=, T"(X)=- 17
M
1
—=x?*_1
v 2X vy 2 3"

=3 (X —1)? =3 %™ 18

oy 2—OX " =_g‘1+5x
f (X)_ 33/; ’ f (X) 9 3X4 (19

f'(x) =cos(x®)-3x?, f"(x)=-9x"sin(x®)+6x-cos(x’) (20
f'(x) =—sin(x*)-4x%, f"(x) =-16x°cos(x*)—12x*-sin(x*) (21

f'(x) =3sin® x-cosx, f"(x)=6sinxcos*x—3sin®x (22

1(x) = 2X f,,(X)_2-c052(x2)—8x2cos(xz)sin(xz) (23
" cos?(x?) - cos” (x?)
f'(x) =tan(x*)-(-2x), f"(x)= %?;)—Ztan(xz) (24
e PR S S e S CS ) Y
1-(2x+3)’ (1-(2x+3)")
2X 2-6x"
F(X) =~ (X = - (26
) 1+x* (x) (1+x4)

f'(x)= xSinX(cosx-ln(x +1)+ﬂj (27
X+1
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f(x) = (sin x)* (In(sin x) + cot x-x) (28

In(cos x)
X

f '(x) = (cos x)"" ( —tan x-In x] (29

y|: Xlnx(mj (30

X
Yy = XX (1-Inx) (31

y':i.xﬁ(ln_xﬂ_ (32

y'=(x/§+1j& i-ln[&ﬁ} L [i—%j\/? (33

2x-x | (34

X% +1

y'=(x2+1)X (1~In

—_—

X’ +1)+

y'=(x +1)(”l) [In(x+1)+1] (35
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15999 Gwl TPNPNA DY NI IWON

oM a? 0avil 02N

MONY
PN NEPND HY NN

: INAN NPIPNON NRID (1

f(x)=x* f(x)=x" .2 f(x)=x N
f(x)=x* f(x)=x* .n f(x)=x" .7
f(x):x% 0 f(X):X% N f(x):x% R

PPN D195 MAP HY NN

:NINAN NPXPNON NN (2

f(x):%x4 2 f(x)=3x" .2 f(x)=2x> .N
6
f(x)=3x2 f(x)=8x .n f(x)=X7 1
2 . 4
3 =
f(x):% v f(x)=6x2 .n Fx)=
Map Y NN
: TININ NPIPNI IR M (3
f(x):% a f(x)=12 N
Y991 9190 YV NN
:TINAN NVPIPNON IR (4
3
f(x):1x4_x_+3_x_g a f(x)=x"+2x*-3x+5 .N
4 6 4 5
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N2 NPIN DIEPND HY NN

:TINAN NVPIPNIN DRI (5

f(x)=3(x-x) f(x)=(x+6) a2  f(x)=(5x-2) N
f(x):z(xgl) n f(x):—(5_4x)

DPIN SPIN TN Y NN

:NMINAN NVPIPNON NN (6

3 1 2 3
f(x)—F T f(x)—? 2 f(x)—; A f(x)_; N
6 2 1
f(x)=—— . f(x)=— . f(x)= .
(%) X+5 ! (x) 3-x ! (x) x> —3x "
12991 HY NHIIN
:MINAN NVPIPNON NN (7
f(x)=(5x+1)(x-3) .N
f(x):(5x+1)3(x—3) al
f(x):x3(6—x)4 2
DM SV NN
: INAD NPIPNIN NI (8
x* -1 x? +1 3x-1
f(x)= . f(x)= A f(x)= N
(%) 213 A (x) 5x—12 () 1+2x
3 1 x*+8
f(X)=F ) f(X)=; N f(X)= w1 T
UMY Y NN
:NINAN NVPIPNON NN (9
f(x)=vx’-1 f(x)=4vx+1 .2 f(x)=vx N
f(x):XLg ) f(X)=xVx+3 .n f(x)=(3x+1)Vx .7
Jx
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TPNPNA DY NI IWON

i GUUL
N MAIVN
(1
fr(x)=2x . f'(x)=7x" .2 f'(x)=3x> .N
fx)=-2% F1(x)=3x* .7 Fr(x)=1 .7
3 1 , 1 , 1
f (X)=ZX4 v f (X)—N N f (X)—m Iy
(2
fr(x)=2x> f'(x)=21x"> .2 f'(x)=6x* .N
f (x):—% ) f'(x)=8 .n f'(x):67x5 T
2 3 4
- ) f - )= &
f'(x) T 5) (x) 7 n f'(x) 2 3
0.2 0O.X (3
f'(x):x3—x—22+% A f'(x)=3x*+4x-3 .X (4
f'(x):15x2(x3+6)4 A f (x):15(5x—x)2 N (5
3
f (x):8(X;1) n f (x):—%(S—x)2 T f (x)=6(x—x2)(1—2x) 2
Px)=-= 1 (=3 2 PR=53 )= N (8
6 2 2X—3
f(x)=- ) '(x)= fr(x)=——2"2_
(X) (X+3)2 (X) (3—X)2 (X) (X2—3X)2 ’
f'(x):(5x+1)2(20x—44) il f'(x)=10x-14 .X (7
f '(x):x2(6—x)3(18—7x) 2
8x 5x? —24x -5 5
f'(x)= p f'(x)=———=— 12 f'(x)= > N (8
G v S B O v
T P ST PR S T i )
X X (X—l)
3x? 2 1
f'(x)= . f'(X)=— . f'(Xx)=—= . 9
(x) 2x3—1) (x) m: (x) 2\/;N(
X—3 x(5x+12) , 9x+1
fr(x)= : fr(x)=— o) fr(x)=22 1
( ) 2x\/; 1 (X) 2Ux+3 " (X) 2\/;
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NN NN

MHNY

X4y —1=1 NMINDN MIPNAN AR (1
.4Inx+10Iny = y* NOINDN PSP NN (2

Xy =xy ImINoN MYPNan NN (3

LV X2y =sin(y — 2X) + 4y +1 NN NVINDN PYPNON MY (4
(1,2) nmpraa y' nxavn

JAX+y? +c0s%(xy) = In(X*y +1) + Ine® NNAN NMINDN PN M (S
.y=07121NTP1 y' NNIIWYN

X —=xy =10 NOINDN ISPNIN NN (6
XY=y =1 NPINoN DINPNAN RN (7

Xy =Y+ X2 =x=0 NOIND XPNI NN (8
LYy=1Panmpia y" 7oy NN IRNND

Cyx2+eY =X IMNNVHY 0WPY P (9
AMIN IR TAN TN Y TW OPP Xx=1 NIV NN .N

X=1Panmpia y" nxkMwn A

Jh(y)=x+1=2x+4e’ +2y NNIWNRN D P (10
X DV NMIND TINPND Y = y(X) DN DPTN
DT MDY NP h(y) 22 )
PINDTIV Y(X) 221000
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Gwl TPNPNA DY NI IWON

NOYD Mvn

—2X
5y*—1%0, "= 1
y V=51 (
10 a
—-2y=#0, y'=10 (2
y
-1 2y
\/;?&Ol \/;?&11 'z\/y : (3
y 2% 1-x
, 14
y(l,Z)Z_H 4
y'(1,0):1 (5
y_xy.z
x - Inx—x=0, y'=—-%X (6
X’ Inx—=x

X —xyl+yx-|ny
X Inx—y*-=%0, y'= X —
y X Inx—y*-=

<

-1 (8
. 9
Yy wo) = —g A (9

.DNOYN NONRY (10
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15 P19 GWL PSPNI DY NI VN
navavn 222
MYNY
.£'(4)=10 n»pnn, f(x) MIpna M (1
Lg(x)= () :NwTN MYPND T
.9'(2) NN
:DONIN DPOYON DY VY (2
VTN NPNS PN . F(X) MONPND NN N
Z(x)=f (lj— f(4x+1)
X
.Z'(X) XY avn
SO =2 17D =¢ numonn T mrspna mmm 2
z(x) = f2(InX)+— L v TINPND PN
f2(Inx)
.Z'(e) NxH”IWN
2 (Vx)-1
Lg(X) = ———=— mspNo MM (3
()
. f(10) = f'10) =4 »>
.g'(100) yawn
f(1j+4
.g(x) :X—l NPNON NN (4
(%)
d@=1, f'@Q=4>n7
.g'( ywn
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(x) = fz(lnx) NPNIN INM (5
T )y

F0)=2, ' (0)=1»r»v7
.g'(@) »awn

f(4x)+1
f (4j+l
X
f@)=1, t'(4)=2>>n1
.g'(@ »rawn

.g(x) = NP NN (6

{17 (<)
.g(X) =———== spnan My (7
f(x“)
dA@=1, f' Q=4 >
.g'(® »awn

: DONIAN DOYON DY NY (8
TINT-IN TPSPND NOT TN TPNPND DY NIDINY NN N
T TPNPND NN TINT-ON TINPND HY NI

f ™(x) TPNPNON ONN IPTL .TOM-N NN F(X) NP .2
JPINONIN I NN

L) =(f(x)" P IM-ON F(x) PN )
JONTHONIN TPNT g'(X) NI8PNON ONN WP

R N TPSPNY OV NVINY T T
ITIT-IN NI TPISPNINY NP 1N ONXN
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PYD MAIVN

40 (1
z'(e) =3E A z'(x)=f (EJ(—AJ— f'(4x+1)-4 N (2
4 X X

17
80
36 (4
8

2 (s
9(

(3

44 (6
-2 (7
NDLTOOTMONLY TMON D (8

232 www.GooL.co.il INND 191271 INT 2107102 N NN
© PMMYD NN —INM 2ANd



15 P79 GOOI. NPNY HY NI VN
NMNMA2 N
MONY
:ININ NPXPNAN NN I

10x-1 7
=4 ’—-1,0/ 2x+1 (1

y x+1 ( )
y=(410x+1)" @

(x+ 2)""".(5x+6)

~ (7x+8)-(9x+10)
NI MAIVN
y-:y[z PP SP S S

410x-1 10 2x+1 4 x+1 |

1\ g 1 1
"= (10x+1)4 | -=|2"-In2-In(10x+1)+ -10-2* (2

y [( ) ) 4{ ( ) 10x+1

{3-In(x+2)+i(3x+4)+ 1 5— 1 .. 1 9 (3

X+2 5X+6 7X+8 9x+10 |
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16 P19 Gwl LYTRPN NPNPND DY NI WD

nN21anNn NMXpan Nl

mMYNY

s MINAN MINRNONN NN ,NDANN PPN DY NN DD NI NN

, 1
(&) =m (1
(arcsinx)'= ! (2
1-x°
L1
(arctan x) e (3
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16 P19 Gwl LYTRPN NPNPND DY NI WD

nN1ax 1 TON NATA

mMYNY

:ININ NSNS, f (x) ,n-N NI DX YN

y=—- (1
X+a
2X+3
= 2
X? —3x+2 ¢
X
= 3
Y (x2 —1)(x—2)
X4
= [
Y= (
A0 MAIVN
y"W =(-1)"-nt(x+a)"" (1

y" =(=1)"-nt (_5(x ~1) "+ 7(x- 2)_H) (2
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16 P19 Gwl LYTRPN NPNPND DY NI WD

yn2a»? Nnnon

mMYNY

- NAN NVEPNON S, Yy | pWwYn RITIN NN 1IWN

y=x%" (1

y=x>sin5x (2

PIID MAIVN

(&)™ =&*[ x* +103x +456x +120-6] (1

(sin5x-x3)(m)=—51°x3sin5x+6-51°x2c055x+54-59xsin5x—24-59cosSx (2
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16 P19 Gwl LYTRPN NPNPND DY NI WD

nMmvvnia N

YNV

,ININ TPXPNN Y IV NMIYRIN MDD INIMvN (1

x(t)=t—sint
. VNI NIIND NN
y(t)=tcost
NAVYN
. _cost—sint-t y' = (~tcost —2sint)(1—cost) —sint(cost —tsint) a
1-cost (1-cost)?
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17 79

GOOL .. 297 PPN DNON 90 ,PPWn

2wnn

MHNY

TPNPNNN MDY NN INSD (1
(2,2) nmpaa, f(x)=2-7x N

X==27nMpn, f(x)=

x*—3

.a>0 WK, f(x)=+ax mspnan nm (2

1
A VMPY Oya NN, X = > N2V NTIPIA TISPNN N POPUNN

.a V12PN NN INSD

-h(x)=3Jx M¥PNAN 90 YN 2y-3x=3 w0 (3
PYNN NTIPI DX INSD

.21In3 N, (1,15) nTpaa, f(x)=a-37 " +3° mxpnab prunn v (4

.b -y a ©9YNI9N MY NX INNN

_In*x+a
In X+
.b-y a ©YVNMIN MY NN INNN

e 1
3 NI ’(E’_lj NP, f(x) INPN YNNI MY (5

TPNPNON GNY, Y =-5X+6 N PPW k W IDINY (6
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32 P79 G/WL .N-NLY) DMODNN INVINN PVINIY

t=1.2 .INON NONY LN (24

S, =|-S|=2.i S =2.i (5,0) .2 a=13 .X (25

U 10 .2 (26

X<5 DT, Xx>5:19W .2 . x<5 YOV, x>5 :mavn N (27
VY100 N TONY T min(5,-2) .)

JPINNY 1292 NDW PPSPNANY NN N9 NN (3,0) NTIPIN .ND N (28
MY 9 ) NN NONY .2

Wy la f(x):n, f1(x):1 .8(29

VN 604.8 ) M 9.6 .2 NN NONRY .N (30

Wy S =0.192 (31

b=2 (32

N2 NONY (33

a=1In2 (34

VI S =4.744 ) y=—(e+2)x .2 A(L-e-2) .N(35

152 a f(x)=2 +4e " a-—2 n(36

W $=103.5  A(L4) ,5(1%252] ,C(0,1) .2(37

a=2.1 y'=xe* .N (38
W S=In4 (39
VN S=4In2-2 (40

2 1
VMY S=1.76 .2 f(x)=—— X)=—— ,a=2 .X (41
( ) x—1 ’g( ) X—2 ’ (
x=2.1 f(x)=7+2x—§,a=2,b=—4.z~<(42
S=6+In256~ .w'n> 11.54 .)
VM S=6-4In2 .2 f(x):g N (43
k=8 .) S,-S,=In16 2 S,=2Ink-In16 ,S, =2Ink .NX (44
1 2
W' S=In5=~1.674 .) -2,2).2 X)= N (45
3 ( ) g( ) 2X+5 ¢
a=2.1(46
S
S—1=5.955.3 a=5. (11).x (47
2
W S =16 .2 (0,0), (80) .N (48
N> S =18.149 ) (2,0) .2 x>0 .N (49
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32 P19 Gwl ...N-NLY) OMDNN TNVINN VIV
34 (50
S,
1
a=8.3 (g,Zj N(Sl
(-1.21.2) 2 Xx>-1.2 .2 f(x)=Y5x+6-x ,a=1 .8 (52
I S =456 .0 y:—£x+£ A
32 16
11
W S=2 2 (11) X (53
28
5 1
IS :1& A2 f(x)=(6-5x)5 .X (54
WP S =456 .3 yo—2Ry B s
16 16
15 1 1
k:(sj =0.2296.. .) (0,0) ,(g,oj ,(—g,oJ a X 99 .X (56
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32 P99 Gwl ...N-NLY) DMDNN TNVIRN PVIY

y-n X2 o2 D'NvY 21w'N

MHNY

JY =X46 WM y? =—x 1912990 2 XIYIN NLWN IR IVN (1

LY =X=8 M x=y*+2 1912990 2 XIYON NVWN NN IVN (2

YD Mvn
5
20— (1
5 (

5
20— (2
5 (
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32 P79 Gwl ...N-NLY) DMDNN TNVIRN PVIY

NnYp TMIX

(1<x<8), y=x* (2
(0<x<3), y:§(1+x2)3/2 4

(1<x<8) ,x"*+y**=4 (6

(1<x<2),y=Inx (8

{\/5+—In

MHNY

NN DIPYN TN NN I12WN

x* 1
1<x<2),y=—+— (1
(1<x<2),y 5t 1 (

x° 1
1<x<2),y=—+—— (3
( X ) y 15 4x3 ¢

(OSXS3),y:%\/;(3—X) 5

(0O<y<4), x=3y**-1 (7

(1<x<2),y=x* (9

A0 MAIVYN
33
= @
16 (
1.5 1.5
1 {40 13 } "
9| 3 3
1097
480
21 (4
1 2
- 2 3 _31.5
22853
9 (6
8 — {82 -1} (7
243
Ul 5t ‘/_ = [SE:
J5+1 2

ﬁ_£+l|n(r+4)__|n(£+z) (Decimal: 3.16784) (9
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Gwl . DXNVYN MY OMINH ONP

MY DM oMy

MHNY

: DININ DMINNN NN NN VLIV (1
S={(x,y)|-1<x<1 -1<y<4} .N

S:{(x, y)|-1<x* <1, -1< y£4} A
S={(x,y)|x<y<4} .

: DINAN OIMNNN NX NYNIAIVLVLIV (2
S={(xy)|x-1<y<2x+1} .N

S={(x,y)lly-2x<1} .2
S={(xy)lIx|+y<4} >
S={(x,y)|(x+y)2s4,x>1 T

: DINAN DDHWNN DY OPTIN 10900 NN NN (3
X +y*—2x-3=0 .N
x> +y*-8y=-15 2
X+ Yy +2x+4y=0 .

AN YLV D3NN PN DININ DXBYOIN TN YO (4
y=+v1-x* .N

y=—J1-x* 2

2

X=41-y°
X=—y1-y* .7
0<x<1 y=v1-x* .n
—gﬁxsg y=v1-x* )
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33P99 val . DXNVYN MY OMINH ONP

AMNX VLIV VNN PON DINIAN DXPOYONN TAX DI (5

y=2+1-(x-3) .N
y=2—+-x*+6x-8 .2

Xx>35 x=4—1-y* .

: IV DXNAN DINDN NN IVVLIVY (6
S={(x )X +y* <4} X
{(x V)X +y <4}
S={(x.y)[x*+y* >4/
S={(xy|X+y* >4} .
s={xI~a-x* <y<fa-x}
5 ={(x y)|—ﬂ<x<W}
s={(x)|0<y<Va-x}
/-

5 ={(x )| —4-y* <x<0

: YN OINIAN OIMINNN NR VLIV (7
:{(x, V)1 X +y? s4} N

S={(x,y)|lsx2+y2£4,x20,y20} A
:{(x,y)|1£x2+y2£4,x20}
S={(x,y)|1SX2+y2s4, yZO} 1

;YN OINAN DIMINNN DX VLIV (8
S :{(x, Y) | X2 +y? —2x+4y+1£0} N

:{(x,y)|0§ y+1§\/1—7} A
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33P99 G/WL . DXNVYN MY OMINH ONP

;YN DINAN OIMINDN IR VLIV (9
S={(x, V) 1<x*+y* <4, x<y<2x} .N

:{(x,y)|x2+y2£4, yZX}

={(x PIZx+2<y<25-%

3

{(x y) | X2 +y? <4, y>x2} T
s={x I <y<a- xZ}

s ={(x M) lIx-1l= y < 1-(x-27

.25%% +4y® —50x +16Yy =59 NNIWHN NN (10

MR VLIV NODONR NIRNND IRNYIIY INIIN N

NNNNN INNN NN JPYYN INNN DN MINNNDY NPIPNON NN MY .2
.OHNN HVY

YNNIV IXNN NN 2D HONNN NN MINNNDY NPXPNON IR MY )
.OMHNN HVY

POV IN NOONN TINA NMONN NN MTIPIN DD NP >IN T

XD DYDY NODINRN TINA DN NN MTIPIN DD NP YN
MOV NUNN

=]

: 9V DXNAN DIINHN NN VLIV (11
S ={(x,y)|4x* +y* +8x—4y+420} .N

{(X y)I0<y<— 9- X} A
={(x y)|—y+1<x<— 4- y}

{(xy)l—— —x*<y< } T
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GW‘ . DXNVYN MY OMINH ONP

: YN DXNAN DIMINDN NN IVLVLIVY (12
={(xy) X <y<2-x*} N
S:{(x,y)|—2£ ys-xz}

={(x Yy —2<x<-y*}

S={(x,y)|y2£x§1—y 1

: WD DINAN DIMINNN NN VLIV (13
X,
{( y) 1
2 2
X ¥ sl
Xi - T 1 -
e R
XZ y2
X, y)|— - T
{( y) 7 g ° }

2 2
X__y_gl} N
9
{( y)__%>1 x? +y <16} u
Y90 MAIVH

GooL.co.il 9NN 1DI9N DXVIVIYY DININ MNINY
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33P99 th . DXNVYN MY OMINH ONP

nMmvunNna naxna Mvnna 0NN oMmy?

MHNY

L TPTOIP MINNY ,NNTIN NIVNION MISNN P Y (1
t>0 x=t*+1 y=t* .N
0<t<~r x=sint, y=cos’t .2

T<t<L2rx x=cost, y=4sint .)

NN OO0N HY IIVNID NN PID - (2

21901 95 NNRVIANY MORNND IRNWND INSND ,t VNN DY NIDONOIT DY
272092 y-) X DINYNN MYNNHNI

x=t—-4 ,y=t> .N

x=—-4+cost ,y=1+2sint .2
x=4cos’t ,y=4sin’t .)
x=tt+)+1 ,y=t(0.5t+D)+1 .7
20t 20-5t°
e T e
Mp k) x=ke'+ke" ,y=ke'—ke"

"

L XP+y =8 Yynpn pm (3
1PI0VNPIN INNNVN NN INSNDY DIVNHN IR IVVIVY N
NTIPID A(2,2) DTIPINN 2HYNN PIN DY VNI MINN INSD .2

.B(-2,-2)
NN AB WO DY 920NN, D DINNN DY NPIVNII MIND INYD )
R \V)a))
2¥10 NN DN P2 DAINNN, E DINNN DY NIVNID NMIND INSD T
X +y* =16
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33P99 GWL . DXNVYN MY OMINH ONP

X+ y? =25 (x=8)° +(y—4)* =25 D9ayn »Nv oMM (4

TINM INYI) NPIVNIAN OPMRNYN NN INYI ,DI0IYNN DX VLIV N
.DO2NNN THN 952 RIDIN DINNY NPIVNID

TW NOYa A DTIPIN NN, B-1 A ,MTIPI dNY1A DONNY DDHYNN .2
AN TN y-N
.B 120 A 290N PON DY NPIVNION MINNN NN INSND
.DMPN NYI YN

.DY2X¥NN MY P2 OIDNN DINND NPIIIN TN INYD )

2
X_+y_:l
) 42 22 s MOMHYNOINY HY MIXNVN DM (5
X_+y_:1
2 4

D1PI01D9970 NN DX INNND) MOPIIND NX VLIV N
JAMXIRSD ,MTIPI 4-2 MONNI MOPONND .2

2010 4-1D 2571 D20 MTIPIN 4 NN 12NNN PN )
M270NNN NNN 73 DY IIVNIN MISNN DN INSD

MOYONRN YNV TINA D2NNN ,0INNN DY NPIVNID MIND INSD T

AXE—y? =4 99N Ny (6

.MY0N YNWN NN NDI1INNN N
NNN Y9 5Y NMIVNION NINNN NN TPIIND NINDN DN INSD
.MY0NNN

1’25 191299010 12 S2NN DINNN NX VNIV DN NN .2
DY MOVIVIIONN

32—y =3 nNnwnn N (7
AOVIY IRNYNN NINNND NYINIIP NN N

MYY0N dNVUN 20NN X PYONIPN A
NNN Y9 HY 1Y70VNIN NINNN DRI NIIND NINDN DN INND
.MYY0NNN

NP A(=2,-3) DTIPINN PN IPN DY PON NN C ND0NN )
.B(-1,0)
JP01m79 NNNA C NNOHIAND

.C 12007 y-N PN P2 INPIINPN PRIND NN INSD T
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33P99 Gwl . DXNVYN MY OMINH ONP

X=t-sint
0<t<27 DPYN TIN NINHIIVN (8
y =1-cost
X =4sint
—r<t<27 {y=10t  OPYN TN NNIMIVN (9
z=4cost
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33P99 val . DXNVYN MY OMINH ONP

NOYD Mvn

y=1-x*,-1<x<1.a y=x-1 x>1.X
2
x2+y—=1,—13xs1,ys0 2
16
2 2 2 L1V
X3+y3 =43 ) (x+4)2+(y7j =1.a y=(x+4)" .N

x2—y?=4k? ) X2 +y?=25 .1 X' —dxy+4y?=2y-1.1

X(t) = /8 cost X(t) = /8 cost
®=+8 T 1<% 4 (=8 0<t<27 .N
y(t)=+/Bsint 4 4 y(t) = /Bsint
X(u,v) =+/8ucosv
(uv) =8 0<us<l, Z<v<T
y(u,v) =~Businv 4 4
x(U,V) = U cosVv
{ V) J8<u<4, 0<v<2r 7

y(u,v) =usinv
.5:0177.(0,0): 99 : X* +y* =25 Yvnn N
x(t) =5cost
{y(t) =5sint
x(u,v) =5ucosv
'{y(u,v) =5usinv

0<t<27z 95NN 5V NMLVNID NIND

0<u<1 0<V<2r 99N BV NMLVNID NIND

5:0P77.(8,4) : 10 : (x—8)* +(y—4)> =25 Yynn

X(t) =8+5cost

’{y(t)=4+53int

x(u,v) =8+5ucosv
'{y(u,v) =4+5usinv

0<t <27 :D2vNN YV NIVNID NIND
0<u<1 0<SV<27 :9MynNHY MIVNID NIND

o OstSarctan(fj 17PN .2
y(t) =5sint 3

X =8+5cost
"|y=4+5sint

{(x, y) | 25— (y—4)* +8< xs\/25—y2} 2

X(t) = 2cost, y(t):\/fsint 0<t<2r
x(t):\/fcost, y(t)=2sint 0<t<2rx '

{x(t) =5cost

4
, T<t<arctan 3 +7 -2 0PN

2 2 2 2 2 2 2

AR A e L Ik

(1

(2

(3

¢

(s
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33P99 val . DXNVYN MY OMINH ONP

: X1 = \/E_COSt arctan (—ij <t<arctan (iJ :DA 0NN 2
y(t) =2sint 2 J2
. XV :\/E_COSt arctan(—i}wrgt <arctan (ijwz : BC no»onn
y(t) =2sint 2 J2
X(t) = 2cost
. © _ arctan(\/f ) <t< arctan(—«/f )+7r . AB nYonn
y(t) = J2sint
X(t) = 2cost
: ® _ arctan(\/i)wr <t< arctan(—\/E)JrZ;z : CD nYonn
y(t) = J2sint
D=D,uD,uD,uUD,
D. - x(u,v) = J2ucosv
" | y(u,v) = 2usinv
0<u<] arctan (—ij <v<arctan (ij
2 2
[ x(u,v) =+2ucosv
D3 ) .
y(u,v) =2usinv
0<uc<l], arctan(—ijwz <v<arctan (ijwr
V2 V2
~[x(u,v) =2ucosv
' y(u,v) =J2usinv
o<u<l, arctan(\/i)SVS arctan(—\/f)wz
~ [x(u,v)=2ucosv .l
' y(u,v) =2usinv
0<u<l, arctan(\/i)wzSVSarctan(—\/E)+27r
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33P99 th . DXNVYN MY OMINH ONP

2 2
.x:—,/1+yZ n>bmw,x=1/1+y7 I PION X (6

X =—cosht X =cosht
. ) teR : ONNDVY, - teR mnd mvNIo
y =2sinht y =2sinht
D=D,uD,

[ X(u,v) =ucoshv

X ] O<u<l veR 2
y(u,v) =2usinhv

x(u,v) =—ucoshv
D,: O<u<lveR

y(u,v) =2usinhv

2

2
X=— 1+y? n>‘:z~mw,x=1’1+y? ™I :NION .2 .09 N (7

X =—cosht {eR b x =cosht (R
. € R INNDVY 9IMN € R 707 9y : MIVNI
y:\/§sinht L y:\/§sinht L
X =—cosht
11 C: _ In(2—/3)<t<0 .)
y= J3sinht
8 (8
67329 (9
414 www.GooL.co.il 91N 10120 INT MDA KON PNIND
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th . DXNVYN MY OMINH ONP

(M21a) NMavip Naxna MY na DPNinN DMp

MHNY

: DYNAN DXYOYON HY MY (1

0P NP (4,%) ™IAVPN NTIPIN AN PN N

020 NP (=1,—-1) TIOIPN NTHIPIN DN IYPHN .2

: DYNAN DOOYON HY NY (2

0P NTIPY (10,—%) ™MAVYPN NTIPIN NN YPHN N

P20 NP (0,-4) NIVIPN NTIPIN IR IPHN .2
P20 NP (-2,2) MI0IPN NTIPIN IR PN )

: DYNAN DYOYON HY Ny (3
PAVIP MOPTNNIPY 4X—X° =1+ Xy IRNWYNN NN PO N

VIO MOPTNNIPY r=—4c0s6 IRNYNN IR IPHN .2

:DYNIN DXPYON DY NY (4
P MOPTNNIPY X2 +y? =4y IRNVHNI IXR YPOD N
P29 MOUPTNNIPY X =10 ARNYNN IR PHN .2
PIAD0 MOPTNINIPY Yy =4 IRNWNN IR PO L)

: DYNAN OOYON DY NY (5
PO MOPTNRIPY =4 IRNWNN DX PN N

V0P MOPTNNRIPY O =714 DRNIVNIN AN IPHD .2
PO MOPTNINIPY 1 =2c0s0+4sinG NXIWNN DX IPOIN )
NPTV MOPTNINIPY 6r’sin@d =4—-cosd IRNVNN NN YPON T
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GWWL . DXNVYN MY OMINH ONP

AP DNN TNN D02Y ,DMIPR MY PN (6
219 MINNA OMNPNN TN DD 1aND

AN

20NN PON DMNAN DXOYONN TN YD1 (7
P20 MDA ININIAND

y=+1-x* .N

y=—J1-x* .2

b
I
T
<

N
A

20V PON IRNND ONPNN TAX DIV ININ I-N DXPYDa (8
(PPAVIP) N1 NNNA INMNX NN IPN DX VLIV

y=4y4-(x-2)* .N

X=—/6y—-y*> .2

y=—1+yJ1-x*
LDINNN AW T DY ) PYON PN NN INO T
7V Y HY 1IN ININD OIN

: 1YI9IH NMIND DNMIN NN NN DINAN DININNN NN VLIV (9
S :{(x,y)|x2+y2 34} N
S ={(x, y)|0< ys\/4—x2} i

S:{(x,y)|—W£x£O} 2D

416
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33P99 GWL . DXNVYN MY OMINH ONP

: TPIDI9 NMINN ONIN PN YN OINIAN DIMINNN NN VLIV (10
S :{(x, y) 1< X% +y? 34} N

S:{(x,y)|1£x2+y2£4,XZO,yZO} A
S:{(x,y)|13x2+yzs4,x20} 2
S={(x,y)|1£x2+y2£4, yzo} T

: TPIDI9 MINN ONIN PN TN DINIAN DININHN NN VLIV (11
S ={(x,y)|lsx2+y2 <4, x< yst} N

S={(x,y)|x2+y2£4, yZX} a

.S= {(X, )| %X+§ <y<425-x? } : P21 NN NN OINNN NN NN (12

Na

.S= {(x, y) | igx <y <A8x— xz} :TPIADID NN NN OINNN NN NN (13

.DINN PN HD2) 0PN NV PD (14
.DMINNNN TON DD DN IND NMIDID NHINNA OININNNN THN DD 1ANd
a 99N N MIN

417 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN
© PMMYD NN —INM 2ANd



33P99 val . DXNVYN MY OMINH ONP

D MAIVH
(r,H)z(\/E,ST”j A (x,y):(2,2\/§) NO(1
(r,e):[@%”j 3 (r,e):(4,37”j 3 (xy)=(5-53) x @

(x+2)°+y*=2? 2 4rcos@—r’cos’@=1+rcosd-rsind .N (3
rsind=4 . rcos@=10 .2 r=4sind .N (4
(x=1)°+(y—2)*=5 . y=X .1 X+y° =4 N (5
3
6(«/x2+y2) Yy =4 +y? —x T
r=t Zop<Z A r=—1  0<0<” N (6
singd 6 2 cos@ 3
r=1 , r=1 . r=1 N 7
o< r<0<2r 0<O<rz’
2 2
r=1 r=1 r=1
) N T
arctanESHSarctan(—ﬂ)wz Osesz ’ 13933—
3 3 2 2 2
r=6sind, 0.57<0<7z .2 r=4cosd, 0<6<057r .N (8
r=-2siné
r=—_i, 1252 <0<1.757 1 B
sin@ 7<0<1.257r0or1.757 <0< 2r
0<r<2 0<r<2?2 0<r<2?2
2 . NO(9
057<0<15x 0<f@<r 0<0<2r
1<r<?2
—-057<0<05x
1<r<?2 1<r<2
or b ul .N (10
0<0<05x 0<0<2rx
1<r<?
152<0<25r
1<r<2
0<0<r
<r<
0<r<2 0257<0<1257 A lsr<2 N (11
0.25r <@ <arctan2
_LSrsS
7sin@—cosd (12

arctan g <@ <arctan (—%j +7
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33P99 Gwl . DXNVYN MY OMINH ONP

0<r<8cosé, %ses% (13

0<r<—t Zep<® a o<r<—2 0<0<” n(18
sing 6 2 cos @ 3
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33P99 GWL . DXNVYN MY OMINH ONP

ANTNA DYNvvn

MHNY

:3=1 MONYA DXNLYNN NX VLIV TN

—+—+—=1 (1
1 (

7 =5x*+1.25y* (2
20x° +45y* =180+36z> (3

: DYNAN DXNVLYN DX IVVLIY I (4
7=4x"+y*+1 .N
z=3-x*-y* a2
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92PNNY 9N X D912 1IN 2NN DONIN DMNNN NN VLY (5
(Y, X +y*+2° <4, K +y* <1} N
{(x,y,z)|x2+y2+z§4, x>0,y>0,z>0,x*+y*<1! .2
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36 P19 GWL NPOANINIINT NPPON M

N2 ANXINAT

MHNY

.(0,0) NTIPIY MLANIKIIIT NNTHN MPXPNON DN IPTA §-1 MHNWI

f(xy)= 2Xx2++yy2 (x.y)=#(0.0) 1
0 (%¥)=(0,0)
 (y)= (X2+y2)3in\/x2l+7y2 (x,y)#=(0,0) o
° (x.y)=(0.0)
siny Y y) (0,
f(xy) ATy (x,y)#(0,0) 5
0 (x.y)=(0,0)

4x+y
, 0,0
Fxy)=qy+ax U200

0 (xy)=(00)

t(xy)=18 T (6 Y)#(0.0) mxpnan noavoseTipTa (5
0 (xy)=(0,0)
x"siny
X,y)#(0,0
yapm, f(xy)=1x+y’ (xy)=( )]m) 6
0 (xy)=(0.,0

ITPYNIA NN TINPNN M OV OIIIWIPIN N N
ITPYNI TIPON NP 7PNPNAN M DY DIV 1IN MY .2
ITPYRID TODIANONINDT TPNPNN M DY DWW IPIN MY )
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36 P19 val NPYANINIIT NPPON MNN

Xy
— = (xy)=(0,0)
ap m,f(xy)=1(0¢+y?) N (7
0 (x,y)=(0,0)
ITPYNRID NN TPNPNON M DY DI IPIN MY N
ITPYNIL NPPON NP PSPNON M DY DDIWION Y .2
1TPYNID TPDANINITINT MINPNIN M DY DIV IPIN MY )

.(0,0) NTIPI2 TIANONNDT MIPNS f NN (8

f(x,y) xy=0

p(xy)= (x.y) xy NYTN TNPNY T
0 Xy <0

. £,(0,0)= f,(0,0) = £(0,0)=0 1™

.(0,0) NTIPI ANOKINT ¢ -¥ NN

zsm(XY) . (X,y,z);t(0,0,0)
6y 2)= (¢ +y? + 27 NPYAONINTIPT (9

0 (x,y,2)=(0,0,0)
.(0,0,0) NP1

\/1+||x|2 -1 -

D=9 N P oy NN, f:R" - R N (10

0.5 x=0
1x=0 NTIPIA TPDIANONNDT f OND
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36 P19 Gml NPOANINIINT NPPON M

NOYD Mvn

JODANNNTND (1

ODANONDT (2

JODANONNTND (3

JODANNNTND (4

YN NTIPI 992 DIANINIT (5

m>2.) m>0 .2 m>1.N (6
m<0.5.) mbYoo .a m<1l.8 (7
NN TONRY (8

DODANNNT (9

)5 (10

457 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© IO N — N 2AND



GOOL

SN0 Hravw2

NYINYY npvnnn

LIXTIN NINON N - 37 214

01Myn 101N

S LINTIN IMNON NI .1

www.gool.co.il
457

4—



37 P19 GWL VINTIN TINDN NI

VIXTIAA NININ NATA

MHNY

X y)=x2+y?on (1
(3,4) nTIip)2 NN NN fHY LINTIIN NN VN LN
ITINSIND MYNPWYN SN
.(3,4) 771 2wn, £ 5 NN IPY 9NN NXIN LINOTNNY NN .2

(X, y)=3x2y rnn (2
U =31+4) Mmopnn proa, (L2) nmipaa £ 5w mamonn NN DX 1IvN

. F(x,y)=x-=sin(xy) >nn (3

,(1,%} AT 9 MINIHA NN DX 1IWN

U= 1i +£j TOPNN PPO2
2 2
(X, y)=2x2-3xy+5y? nn (4
AN NP PP, (L,2) NP2 5 MMNDNN NN NN AW

X =N PY YW HAPNN PONN BY 457 5w I I8N

X y)=xy?oon (5
.(4,5) nmpao proa (L,3) nmipaa f Y nMonN NN DX 1AWN

(X, y,2)=x%y?2 >nn (6
,(2,,4) nmipaa, £ 5w mmHNn NN DX IIVN
U=1142-jJ+2-K mopnn proa

V= In«/x2 +Y2 P OY NN, (X, Y) NTIPIAV HNUNN HNONIVION DX (7
.(2,6) NP P02 (3,4) NTIPIA HNOXIVION HY NPVN AP NN INSD

f(X,y)=e*(cosy+siny) S nmonn NN 12 PPN NN INSD (8
199y NN 1avM o opn o0 (0,0) nmipin
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37 P19 GWL VINTIN TINDN NI

, £ (X, Y,2) =2x3y —3y%Z 18P0 YW NINDNN NN 12 PPN NIRINSD (9
9 X VM 90PN 0 (4, 2,—-1) NP

N8N, T (X, Y,2) =3x2=5y2 4222 > 5y 1M N1HVI9NLN OX (10

111
11555 MY NI NN NN INMY NND IIPNND NN 3D ARA[PAN!]

CF (X y) =4x%y 8PNan NM (11
,(1,2) DTIPI2 TONPNON DY NINDNN NITIN NN INSD N
XN PN HYHIPNN PON OY 30° DY TN AP NP P2
,(1,2) DTIPI2 ONPNON LY IIMNINN NN NN INSD .2
LY =N PN OWHIAPNN PPON OY 30° HY IONT ANV NVPI P2
,(1,2) NP INPNAN N0 PPUNN WO DY NPIVNII MIND INYD L)
72 PYDIA NN NVPNN NP2

Cf(x,y,2) = xPyz* 8PN NM (12
,(1,2,-1) DTIPIA TINPNINN KV MNP NN NN INSD
, X =1 PY DY IPNN PON DY 60° DY TN AP NOVPI P2
. Z =N PN OVWHIPNN PNPON DY 60°-)
DTNy =N PN DY INMRNIY INDIN

.Q(D) NTIPIN NI (X, y) =xy? =Xy 8PN NN (13
,Q NTIPIA IXPNON DY MINPIN NN DN HIYN N
XN PN HYHIAPNN PPON DY 60° THINT INPY NVPI NP2
of .
.E(Q):o-w T2,0 MOPYINYD .2

zZ—f(Q) =6-¥ 70,0 7VP) O”P OXN )
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37 P19 GWL VINTIN TINDN NI

X2 (4 y)#(0,0)
CF(xy)={x*+4y? INPNON NN (14
0 (x,y)=(0,0)
-(0,0) NTIPI2 NN PXPNAN 7D INIIN N
.(0,0) NTIPIA MXPNAN HY NPPONN MITNIN NN VYN .2
.V(0,0) NXYawN )
.(0,0) NTIPI2 NIXPNON NPIANININTIPT T
,(0,0) NP2 f MNP LY MININN NININ NN INSD .1

.0 = (1,-1) MOPNN NP
2T PYDA TITIN NNV TITL,1P97ANININDT NN TIYPNON WITN 1PN )

(X%, Y,2) DTIPIA NNV NINDN, T(X, Y, 2) =2X> +4y* +2° 7PSPNON (15
7(2,4,1) NP2 NNVINVLNOIIN N
,20° VY NNMVLIYNVLN NI, (X, Y, Z) MTIPIN GON .2
2772 .DDNAN NLYNI INNN
N DM NNVINNLY YHND NN (2,4,1) NTIPI2 NINNDIV NN )
DHYOPN NN NNVIVNVLN NPY ANPY NN HY ,YND MY NP NNA

,(Z=17v0) 1 NN NW DY NYD RSN MOV NomN .7
;7N NN NIVINNVLY YHND NN NN L) PYDAIND . (2,4,1) NTIPIA

AN2WN NN 1YY 1Y NON DY TN
DORIOPN PN NHY NIV AXPY NN DY YN 7IOY NP NN

.2=20-x*=2y? Nownn Sy, (2,1,14) NTIPI2 NPININ N2 (16
.10 2972 NLYNN JY YN NIPNNN N NZIN NN ITINY
NN NVLYNPNIND N
123N DW N2’9N NI NN INNNN U = (a,b,c) MOPNN NN INND .2

:DINMPNN ,NYINN 92 THDIANINIT DIPNS f = f(X,y) NN (17

2

X 995 f(x,xz):%+x4 1

4 3
'(g’gj MOPNN MO, (L1) NP, f(X,y) ¥ NN NIIIN.2

1w
(L1) nMpaa £ 5w VLINTIN NN IIYN
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37 P19 GWL VINTIN TINDN NI

.f(x, Y, x2+y2):2x+y NNOPNRN ,TPPANIDT | = f(X,y,z) "N (18

0 =(-2,1,2) 2wNo ,24(0,2,4) = —g DM
U

.Vf(0,2,4) nxywn
12
Cf(x,y) =12x3y3® papNnan NN (19
.0 =(3,4) MOpNN Proa ,2—2(8,1) N 2VN N

- (0,0) MMIPI2 HINIKIINT NIXPNON DN IPTL .2

_ of
a TONTIAXPH L,V MOPIY PNO] ’E(O'O) nvn
X =1 PN DY HIPNN PO DY
of
TYOPN PIN 5(0,0) PHODNA DIINN ,a NPI NV T

NN DY HOLOPNN TIVN NN

.1
x?sin—+20x+21ly x=0
X2 y INPNON N (20

f(xy)=

21y x=0

. of
0 NN NOPIYIY ,—(0,0) <m OM»PNN M SY DMWY DN NAY .N
ol

of )
.%(0,0)=0 0PN, 0 DTN NOPIINSD .2

1290 MIYN
: D977 XNWA NYWNI NOPY OY 1M 1PN ,i=(10), j=(0,1) : R? Mwna (1

0

Xi+yj W U=(XY)
.0=(3,4) © i=3i+4j :bwnd

,i=(,0,0), j=(0,1,0), k=(0,0,1) : R* an7ma

NV =Xi+yj+zK N,V = (X, Y,2) : D277 >NY1a IN7102 NVPI D 1) 199
0=(345) < 0=3-i+4-j+5k :5unb

LUON U DY T MO onnonn ey (2

L0 0 DM O (3
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37 79

GWL VINTIN TINDN NI

NOYD Mvn

20 OMOTHN TIN .2 . (6,8) LINTIN.N (1

1 48
752 4 > (3 < (2
%Jﬁ 7 % 7 N ERRC

29w (L1) MOPNN NP2 NOYNIOPN NIMONN NN (8
229 MW (12,14,-12) MOPNN NI ODDI0PN NIMONNT NN (9
(-2,2,-2)Mmopnn o3 (10

0 (1,2,4)+t(%,§,8+2\/§}) 8+243 .2 8J3+2 .N (11

1
—-2 (12

V2

. 1.5
N9 ) Ay w) i=(51) a —§+EJ§.N (13
Vf(0,0)=(10) f,=1f=0.1 N0 N (14
0.n JPDANONIDT ND T

.(8,32,2) Mmopnn o1 ) SPNIDON 2 DOYN 73 N (15

.(8,32) mopnn o T
u=(4,4,-32) a NI N (16
v (1,1):(_3? (17
v (0,2,4)=(2,-31) (18

1
12(c05a—c053a)3 2 DIANININT NY .2 % N (19

1
Max%(0,0) :12(2/\/5)3 @ =54.73 1

{DINX W) 1=(21/29,-20,29) .2 m>29 .N (20
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38 719 Gml 09901 DY NPXPNNA NIVIVN DD
DINYN 1abNn 7Y NXpnail nawvavn 222
NP NMIVIAN MITIN 55w NN ,NT P91 DXYNINA
MYNY
X=2u-Vv, y=u?+v?  z=In(x2-y?) :ym @
.2y, Z, :72WUN
vV=4t+k, u=t?+4m, z=¢e""V . pm (2
22, 2, Z, 2 )AVUN
2=f(x2=y?) :pm (3
Yz + Xz, =0 Hom
z=T(xy) :pm @
X2y =Yz, =0 100N
z=f1 (EJ M (5
y
X-Z,+Y-Z, =0 Hom
Z=FT(X=y,y=X) : ™ (6
2y +2,=0 :noom
w=f(x—y,y—2z,2—X) :pm (7
Wy Wy +W, =0 0N
.u=sinx+ f(siny—sinx) : (8
.U, COS Y +U, COSX =COSXCOS Y :IN2MN
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38 719 val 09901 DY NPXPNNA NIVIVN DD

.Z=Xy+xf GJ ;M) (10

XeZy+Y-Zy =Xy +Z 0N

—x2. f| Y 2],
u(x, y,z)=x f(X,XJ.nm (11

XUy + YU, +2ZU, =2U :)n00m

h(x y)=f(y+ax)+g(y—ax) : pm (12
hy=a%-h,: on

u(x,y)= f(e*siny)—g(e*siny) :ym (13

NN
u,, —u
uXX +uyy:XX—2X N
siny
Uy =Uy 2

£'(0)=2, g'(0)=1-v T ON,u, (L7) NXIAVN )

? Pxy

.y=rsing , x=rcosé@ , u=f(x,y) :m (14

.(ux)2+(uy)2=(u,)2+r—12(u6,)2 PN LN

u., =f.cos?0+2f.,. cosdsin@+ f.. sin?0 : N .a
Ir XX Xy yy

1 1
o+ fyy =Uy +Fu% +Fur NN )
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38 P19 G/WL .2 9901 DY NPIPNA NIWIVN DD

NXNWN IR M»pn u= (X, y), v=9g(X,y) » nnn,z=h(u,v) pm (15
Uy =V, Uy ==V, MD»Pn Mo y-up
92 NN
L0995 INNVN AR MNPPN U,V K
Ny +Vyy =0 197 Uy, +Uy, =0 955

he +hyy :((ux)2 +(v)()2j(huu +h,) 2

.y=rsinhs, x=rcoshs, u=f(xy) ) (16

2 2 2 1 2
(u) = (uy ) =(ur) —F(us) £ I179I1
(o ty)=t"-f(x,y) ON,n 3700 7N XN f(x,y) mspna (17
SN, TN fOX Y IO
x-fo+y-f,=n-f(x,y) .N
x*f +y*f, +2xyf =n(n-1)- f(x,y) .a

Xy X, V) #
~Z=f(X,y)= X2+y2 (7y) (0,0)

0 (x,y)=(0,0)
.(0,0) NTIPI2 NMPEPNAN SY NPPONN MININ NN VN N

PNPNIN NN (18

X=2t,y=t M .2
PY 9INa 2'(0) INOHYIYN
X=2ty=t P )
NIVIYN 99595 z'(0) NNHIVYN
JPDANINIINT TPINPNAN DR WIAP ,T202 ) PYD NINNIN NNYA .7
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38 79

Gml ... 9901 YV NYNPNA NIVIVN Do

NYAYD MIVN
1 1
z, = 7y 2% 2+ 7y (-2y)-2u (1
z,=e""(1)-2t+e"V(-1)-4, z,=€""(1)4, z =e""(-1)1 (2
t
- ) (13

JVDANONIDTND T 0 ) %‘3 f,(0,0)=f,(0,0)=0 .8 (18

GooL..co.il 9NNY 19120 DININ NMNINAT , NN MORY N MINYN INY
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39 P79 GW‘ LN DYIVIDOY - MININD NYIPNS

1J2VN 1an - NININY NMXpna

MHNY

X2y =Xy +19UND Y INOINSD (1
.Y'(0) nxavm

&Y+ x2y2 =5x—4 qwuno, y'(D) NNINSD (2
2Inx+Iny=19wxo,y"(e), y'(e) nnxsn (3

(z=12(x,y)=0) 22— L (x+y)sinz=0 pm (4
oz
oy

oz
.&(O, 0), —(0,0) nxH»awn

(y=Y(x2)20) 22— +(x+y)sinz=—e* ym (5
-¥x(0,0), y,(0,0) nxrawn

1 1
.x—y=x~y~f(;—zj INNWNRD N (6

Xz + Yz, =127 92 PO

(z=12(x,y)20) *-2xz+y=0ym (7
.2y (LD e

CINOINSD L (2,1,-2) NP 22 -3Xyz =4 nxnwn Dy (8
Z,(2,) x
Z,(21) 2
2,(2,1)
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39 P79 Gw‘ LN DYIVIDOY - MININD NYIPNS

U2 —v=3x+y
: , s MNNYN NOIYN NN
u—2v-=x-2y
Uy, Vg, Uy, Vy INDIVUN X
Uy, =U, XN .2

N2NYNN MDD LAVYN DY THNDNY PN 12 PYDI : NIYN*

X=U+V
y=U%+Vv> :MIXNYND NOIWHN NN
w=ud+Vv?
Wy, Wy, IN2WN N
Y Y, 2UN 2

Xyz =4
. :DIRNYND NOIYN NN
X+y+z=4

L2'()+y"(x) =0 20N

xcosu+ysinu+Inz = f(u)
: _ . :OIYNN NN
—Xxsinu+ycosu = f '(u)
22D
2
(zx)2+(zy) =7 N
Z,=2, 3

NIAMYNN MINN LIVYN DY THNDND PN 2 PYOI : NIYN*

(9

(10

(11

(12
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39 P79 GWL LN DYIVIDOY - MININD NYIPNS

NOYD Mvn

y'0)== (1
y'@)=

yi(e)=—2, y'(e)=
e

1
5
5 (2
(3

sinl

2,(0,0)=2,0,0)=-==
1

¥,(0,0)=0, y,(0,0) = (5

2¢’
NN TONY - (6

2, (L) =-16 (7

2,20 =2,20=12,)=4 (8

12v-1 N+2  3-2u  4u+l (uv;«tlj x

u=——,Uu, = WV, = WV, = 9
8uv-1 ¥ 8uv-1 8uv—-1 7 8uv-1 ¢

.NOYN NONY A
ow

ow 3
—=-3uw, —=—(v+u) (u=v) .X (10
OX oy 2( )( ) (

y__aw y 2

X v+u ow 3(v+u)
NOYN NONRY (11
NOYN NONY (12

(u=+v) 2
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39 P79 val LN DYIVIDOY - MININD NYIPNS

WANRNN 19N = NMNINY NXpana

MHNY

Y HY Ay =xE =1 nNnwnn ny - (1
NPT NIRNWNN NIV, (2,1) NTIPIN DY N0 NROPY ININ N
Ly = f(x) D8pNo
.f'2) nxyavn a2
.(2,1) DTIPI2 D.9.0 NN DIPPNN OXNIPTL )
A2UNN X 939 y = f(X) MSPND NVTHIN IRNUYNNIYINDIN T

X y+eY =17 NN M (2
NPT NIRNWNN DAY, (4,0) NTIPIN DY N2X20 NHMPY INDIN N
LY =Yy(X) DONPND
N2 NTIPI2 TIN IN N IXNIWNN NN INNNN DIPYN ONNIPTA .2
.Xx=4
DRNYNN DN NNPPRY NTIPI DI MN2Y DOPNN D.9.9-Y NN )
SUNN X 935 y = f(X) MNP NPT DIRNVOIYINDIN T
ST PYD MINXXIN /) PYD NMINSIN P2 NWN 1D

VX -3y 4+ 6x2 43y —12x+7 =0 INNWHN M) (3
(2,1) DTIPIA NMINDN MNP VIV ININ DMIPPNN ORN IPTA .N

MTIPIN N0 X DY 7PIPNDD y DX NPTHN IRNYNN OND .2
N PYDI NAIWND NPND NTNIY A PYOY NN OND )

LOIRNND F (X Y) 7INPND YPTIN MININ MXNYVORNIN NNR D120 (4
0.9.0 NN OOPNNY T, (X, Y,) NTIPI NNMP ONNIPTD
20aVNNN PXONY 1NN NN NIPN YO IPTa
X +y*+4=0 .N
Xy —40x =100 .2
X —y*=3
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39 P19 G’WL LN DYIVIDOY - MININD NYIPNS

2%+ yP—6xy =0 NNMWHRN NN (5
PINDN MIIPNAN VIVN DPPNN 1NIY MTIPIN DI NN INND N
JONTIPINIAY y' INMIVYN 2
10.9.0 DM»PNN XD N2 MTNIPIN DY NT A5V IMD OIN NN L)
1

L DVIVIVN THD HY ,IaAPY ,INNWAN VIVIYY P97 MDINI IWHNYN .
NN 199NN N220 NP ,0»PNN KY ©.9.19 )N MTIPIA ONN
X 9W PNPN XN Y 1) DTN

(a>0) x*+y*—3axy =0 : N2 INNWHN M (6

VNN MPEPNON VIVYN DPPNN 1NIY MTIPIN I NN INSD N
DONTITIPY MY y" IXIAWN .2

X4+ y? =R nRnvnn ny - (7
PINON TINPNON VOVN OPPNN 1NIY MTIPIN YD NN INND N
DN WAP ,MNMINDN NPIPNN LIV DOPNN XY N2 MNP .2
cy = f(X) 7PXPND NINNND IXIWNN N2 NTIPIN DY N0 NP
: DYIVT YNV NINT VY
LDIPYN DV O MNONOIT DY .1
2NN DY .2

SUNPN MNP a VNI, ax’ +y* —xy =0 IRNWHN NN (8
MNIN NN NDOPN NI TR, NINNYNNI DR INDMPN (X,,0.5) NTIPINY T

.NINDN PPN VIVN

.2 VPN NN X, ININYD N

ND TN NN DXNYNN IR MNMPHRY M0 MTIP) MN»P ONN .2
AMININSD ;)0 DX 70.9.0 IN MN»PN

,DIVIVYN TN HY ,IWIAPY , INNYNT DIVIYD NP9 NIDINL NNV )
NN 19991 N30 NHMP ,0PPNN XY 0.9.0 102 MTIPIA OXN
X DV IINPNA NI Y N NTIPIN

NOW NPAYNN NTIPIN NIAYY ,1P99) 1IN WIOW ROY N .7
y NN NP0 INNYNN NIV N0 NHMP KD ,D.9.0 NN NNYPN
X DY INPNAD
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39 P19 G’WL LN DYIVIDOY - MININD NYIPNS

Xy =Iny—Inx+1 pxnwnn nnny (9
PINDN MIIPNAN VIVN DPPNN 1NIY MTIPIN DI NN INND N
JONTIPINIAY y' INMIVYN 2
10.9.0 DM»PNN XD N2 MTNIPIN DY NT A5V IMD OIN NN L)
1

L DVIVIVN THD HY ,IaAPY ,INNWAN VIVIYY P97 MDINI IWHNYN .
NN NYYI0N 1220 NP ,0M»PNN KY ©.9.0 N2 MTIPI2 ONN
X 9W PNPN XN Y 1) DTN

,0PNN XD 0.9.0 102 MTIPIA OXN WIAP N9 MINI VINOYW NID .1
JPNPND NIRNND NNNWNPN N2 NTIPIN DX NDYINN NIAD NPMP

(e=2)Inx+Iny=y-1 nxXNwnNn N (10
.(e,€) NTIPIN MY DPPNN ©.9.0 ONNIPTL N
X =e NMPN NNIN DIPYN DY MTIPI NND
PR PYD2 NVNY NPNDA NTNIW 2 PYDA NIWNN ORN
0.9.0 NN MNMPNN MTIPIN I NN INSND
210 MTIPIA NN NN HIVN .
D»PNN XY N2 MTIPI2 ORN ,WIAPY 1IN DY 797 NIDIND IWHNYN
Jy = (X)) 7PNPND NPT INNWNN NAY N0 NINND N ,0IWNN

PN NDD NN NN DYIN P, PYD OV INN 3

J 49 L

.
—t

.(0,-2) TP NN, y2 +6xsiny =—8 NNIWHN NNM (11
TIPIN N0 Y = y(X) ISP NPT IRNVNONIY INDIN N
2 TON YNMOPN NVY y(X) IXINNS .2

: DYNAN DXOYON Yy Ny (12
X =g(y) My MNMINDN NYSPNIND VIV NN INDI N

x=In(x*+y*) nxnwnn My .2
NN PTIN INNWNN NV, (0,1) ATIPIN SV N1 INMP 23 1NN
X=g(y) ,y DV 8PN X

.g'(1) PXYAVN )
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39 P19 G’WL LN DYIVIDOY - MININD NYIPNS

Xy =Iny—Inx+1 Dxnwnn nnnd (13

X NN DTN IRNWNN NAY, (1,1) NTIPIN DY 12220 NNMP D NI N
X=g(y) ,y Dv 8PN

.g(y) 9v Ompn DoPNn NTIP) NN (1,1) NTPINYININ .2

: 3Py —yz° —4xz =7 NNNVWNN DNN ,2-N D¥9OY02 (14
1(-11,2) PTIPIN NDADA Z = z(X, y) NOIND MIPN NPTHIN .N
1(-11,2) "TIPIN N0 Yy = y(X,Z) DNOIND IIPNI NPT .2
A(=1,2) NP2 1IANONINT Y = y(X,Z) TINPNANVINDIN )

X =y =722 =3x%y +3xy® +32° =3z -1 INNWNRN NN (15
: INNWNN DNN,D.9.0 TR0 YY ,2-NX DX9OYDA
1(1,2,0) DTN N22202 2 =2(X, y) NOIND DIIPNY NPTHN N

1(4,4,1) NTIPIN N2>202 Z=2(X, y) NOIND PPN NPTHN .2

TIND MIYPND NPTIO INNYNNY ,D.9.02 WY K9S IO )
(4,4,1) DTN N2103, 2 =2(X,Y)

Sin(x+ y)+sin(y+z) =1 DNNWNRN N (16
Y = Y(X,Z) TPNPND DTN DRNWNN NV NADIY NTIPI INSD
IR NOXPNAN PAY; J'H’P'Jl'\ﬁ NN NN INSD)

s MNNWNIN NOIWN N (17
) x=u+v, 2)y=u’+v>, Yw=u’+V
,W=W(X, Y) 9N2Y NINDN MIXPNN VYN ININ DIPPNN ONN IPTL N
(% y,u,v,w) =(1,1,0,1,1) DTy
W, W, IN NTIPIAAVN 0¥ NTNI
(G YU, v, W) =(2,2,1,1,2) DTIPIN N1 /N PY0 DY NN LA
NN MY, (X, y,u,v,w) =(2,2,1,1,2) 7PN Y¥ N2>20 NNH»P ONN
TW=W(X,Y) TPNPND NPT MWD
W, W, IN NTIPIAAVN )DW NTN2

TMINDN MPXPNON VIV DPPNN TNIY ,NYINI MTIPIN Y IR INSD .7
w=w(X,y) My
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39 P79 Gw‘ LN DYIVIDOY - MININD NYIPNS

S MINNWNN NN NN (18
1) x=acos¢cosd, 2)y=bsingcosd, 3)z=csind (a,b,c>0)

L= g(X,y) MIY IMNDN TPXPNON VAYN ININ DNMPNN DX IPTI N
.4, =0, :% D29 NPNNNA , P, NTIPIA

9,9, IR NTIPI2IIVN IOV NTNI
PV IVIN OT DY NIVNN IR IPTA
, 2=12(¢,X) 72Y NOINDN NIXPNON VAVN YNIN DINPPNN DNNIPTA A

.4, =06, =% DYYY NIORNNN , P, NP

.2,,2, DN NTIPIA VN ,)OW NN
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39 P19 GJWL LN DYIVIDOY - MININD NYIPNS

NOYD Mvn

4

NN T 22 9 A NN N (1

NN ST Opyn 2 NN N (2
N N0 T PYD NIRNIN D NN T

ND D oA DMIPII N N (3

0.9.0NN NN NOMPN OWNnY (1,140) NP .2 IYP XD .N (4
0.9.0 NN IR NPYYPN ownd (2,1) NTPIN )

.(0,0), (2,2) MMPINN NNY N, INNYNN DY (X, y) NTIPIDI.X (5

,__2x2—2y
y® —2X

.(0,0), (%/Za, %/Ea) MTIPINN NNV WX NN DIPYN Y NP Y9 X (6

el fotly-s ) o
. y? —ax y? —ax

N9 T 1090 ) a

y - A
(v -ax)
.(R,0), (-R,0) mMIPIynn NNV WX DHvNn Dy MMpn Yo X (7
UITIO N0 NHMP ND .2
.(0,0),(-0.5,-0.5) ,30 .2 X, :%, a=3.N (8
NN NORY T ND )
L(LY) TP ANY VXY, xy =Iny—Inx+1 SYv (X,y) NTIPI YD .N
1,2) ) Iny—Inx+1 5yw (x,Y) P ¢
1
MR RS N+T 10D L) y'= —% A
Ty
N ) MNPV A )9 .N (10
A(1,1) TP NNY IR DIPYN DY NTIPI DD .7
(x>0,y>0,(x,y) = (L1) y'(x) = (2=e)y
x(1-y)
NN NORY 3 AMIND D
p,(X)=-2+ %sin 2-X+ %sin 2(sin2—-2cos2)x* .2 .IN2N NORY N (11
g'D=-2 . NN NYRY .2 JVI0 NN LK (12
.IN2N NONY .2 NN N (13
.IN2N NORY L) 30 A NO N (14
OO IONY .Y IYVTD I ND 2 39N (15

y,(0,0,0.57)=-1, y,(0,0,0.57) =0 : yn "M (0,0,0.57) NN NTPIN (16
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39 P79 Gwl AN DIVINYY - MININD NYIPND

LDMMPNIN KD A @(1,1):§ ,@(1,1):0 N (17
oy 2 OX
D={(x,y)eR2|y>%x2} T w,(2,2)=-3, W,(2,2)=3 .
@_ 2 a&_ 3 W__ b W1 g
x a 'o¢ 2 & a3 'ay b
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39 P79 val LN DYIVIDOY - MININD NYIPNS

OMIVNIXRA DYYVINY

MHNY

2 2
X 4
(z<0) Z+ y? +§ =3 PNPNAN MY ITIND NLWHN P (1

1X=-2, Y=1n2,P nTipda nowny powun MUn IRNYNI NN

,(—2,2,-2) N2 Xyz =8 nuwnd Prun NN HY NNNYN IR (2
I NTIPI PNIN NVYNY 2NN YIVNIIN TN DY IRNWYN 1

, X2 +8y2=21-277% nowny pPwnn NN INSD (3
. X+8y+18z =0 7wnd Hapnn

SIVWOD NTIPI PPWNN MR 1vavn X +.JY +4Z =va nowny (4
JNNNN,AB,C MTIPIA X, Y,z DY PN NN TN DT NN
.0=(0,0,0) : oo

.OA+ 0B + OC =a yn
(NPYNN NTIPI2 NN 1R DIYOPN DIIFDY NI NYYND)

.(1,2,-1) NP NN, X°yz +3y? =2xz° -8z nLWNN PM (5
L X+3y =2z =10 7M1 DX TNIN,NNNIN NTIPIA NLWNY 9NN WD

QT2
.Q NTIPIN NN INNN

NNAWN 12NN TN 929 THINND X° —2yz+y° =4 NOYNRNIVIRIN (6
.(L,-1,2) NN NP, X +1=(2-4a)y* +az’ DNOWNN

,C:x=6sint, y=4cos3t, z=2sin5t DIPYY PPUNN WD NXNYN INND (7

1
t=27 mnmpa
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:DXNIN DOPYONIY DY (8
,C: x=x(t), y=y(), z=2z(t) Opy M .X
.DIPYN INNWNI t =t; NIANNN NOAPNNT, P (X, Yo. Zg) NTIPI NN
N> DIPYD 91N NN IXNYI D ININ
. X'(to)-(X—X0)+ yl(to)'(y_yo)"'zl(to)'(z_zo) =0
DIPYD DNINN NN IRNWN NN INSD .2
,C:x=6sint, y=4cos3t, z=2sin5t
.t=0.257 N2 NMPA
Coix=2t+1 y=t*-1 z=t’+t
, MMPY >NY MNNY (9
C,:x=s" y=-s z=s-1
NTIPI2 MONN JPNY I, S NLWN DY NINNNDI NIMIPYN SNV O NNN
XY IVWINI NINSOIN

DIMIPYN NV P TINND NTIPI DN IRYD N

TIIPNN NTIPIA MMIPYN SNWY PPUNN NN INNWN DX INSD .2
DIMIPYN NV Pav

Cix=2t+1, y=t"-1, z=t*+t
,C,:x=5", y =—s, z=s-1 MMmpy viov nmn (10
C,:Xx=U+2, y=u, z=u’-1

NTIPI2 NMONNI INVIDY 1Y, S NLWN DY MINSN) MMPYN YIDY ¥ NN
CXY YN NINNIIN

INIPYN SNV PR IINN NTIPI DX INSD X
1PN 1S NLWNY PEVN NYIN PIAYND 1N DN NTIPIA OXN .2

: DONAN DXOYON DY NY (11

F(x,y,z)=0
, :01‘7”5 POVYNN VN IXRNYNDY NN .N

G(x,y,2)=0
0: P+t-VF(P)xVG(P) NN, 19w P nTipaa
: DIPYY PPUNN WD DRNWN IR INSD, (L-11) NP2 a2

2xz—x’y =3
Xy +y’z=-2
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: DYNAN DYON DY Ny (12

F(x,y,2)=0
, DIPYY Y2071 NN IXNYNIY INIIN N

G(x,y,2)=0
,a(x—x,)+b(y—y,)+c(z—2z,) =0 NN ,PO¥W P N2
.(a,b,c) = VF(P)x VG(P) TWN>
:DIPYD OINDINN NN IRNWN NN INNA , (L,-1,1) DTPI .2
2xz—x’y =3
{3x2y +y’z=-2

.X=ucosv, y=usinv, z=u*+V? Oy r:R* - R mypnon nnm (13
1POUN NN DOP 1NIYY MTIPIN 1IN
(u,v)=(1,0) NTIPI,POUNN NYINN AINNYN NN INYN

NOLYND THINRND ,NTNN NOPND NV INND (14
,X=sinucosv, y=sinusinv, z=cosu
.uel0,z], ve[0,2z] Ty
192770 NLYN NPNAI
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NOYD Mvn

3x-6y+2z+18=0 (1
X—y+2+6=0,(-2,2,-2)+t(1L,-1,1) (2
X+8y+18z=21, x+8y+18z=-21 (3
SN NONRY (4

Q(7,-9,-15) (5

NN NORY (6

0: (%Y, z):(3\/5,—2\/5,—\/§)+s(3\/§,—6\/§,—5\/§) (7

3x—6y-52=262 .2 NN NONY X (8

X—2z=1.2 P(1-10) .X (9

.N2.2 LP(R-10) 20 TONN NPV 5AP) .N (10
(x,y,2)=(,-1,1)+t(3,16,2) .a .IN2N NORY N (11
3x+16y+2z=-11 2 NN MONRY X (12

—2x+z=-1  .(0,0,0) vy ,NTPIY> (13

,1 DT 0Y , DV YN BIINY NI, A= n_ _xyz) (14

Al 2 +y?+2°

X4+ yi 472 =1 . Imnonv
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40 P19 Gml DY DV TPINPNAY ND»V NNDN

DNINYN VY 7Y Xpna? M1?2»v nnon

MHNY

- (a,b) NTPIN 2220 MW YTD TY N1V NVY 4-1 MYNVYL NPIPION NN INND

(a,b)=(12) f(x,y)=x?y+3y-2 (1

(a,b)=(0,0) f(x,y)=@+y)InA+x-y) (2

(a,b)=(0,0) f(x,y)=eV>Y (3
(a,b)=(20) f(xy)=3 >):2+_y)2/ (4

Jn(L.5) nx 2y P2 awn 2 NHRY DY RN NNYA (5

.€% NN 2P 1IWN 3 NHRY YW IRNIND MY (6

32 A nvn 4 NN Y ININD DY (7
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40 P19 Gwl DY DV TPINPNAY ND»V NNDN

A0 MAIVN

f(XY)=6+4(x-D+4(y-2)+2(x-1D*+2(x-1)(y-2) (1
1.5 _E 2

f(x,y)_x—y—Ex +2Xy 2y (2

f(x,y)=1+4y—x*+7y* (3
e v o e E (2 v —

f(X,y)—1+3(X 2) 3(y 1) 81(X 2) +9(X 2)(y-1) (4
3

2 (s

19 (6

CLe
81
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40 P19 ch)t DY DV TPINPNAY ND»V NNDN

MINM2N 21PN MNP - D?2WN 20X arTh

MHNY

.In(0.01°+0.99°) : 1y PPanawn (1

(‘/ 15.09+(0.99)? 5w TIyN NN 21PP2INYA ,DOWN SNONIDTH NNYA (2

ANAMNIOPTI DY DTITRN MXRXIN THD DY 203 HW NN NN awN) (3
, 2% DY N2 NN DPTIN NTITHI PO NRIYNIY N
4% Sy N2 NN NIANN NTITHA NPONN NRDYNIYY
2VINNM NI NIVANRD THIODIOPNN NPONN NIRIYN NN TIVN

.a=10cm, b=24cm Y2502 MYOX >NV N (4
TNIR DY (ONOXIIDT NITY) ANPNRN MNPWYN NN PIITHN MWD NN VN
Amm 23982 b YONN NNY 4mm -2 19N> a YONN DX ON 129070 IOION

N2 NN NN DX ,NDN DY THIRD DIX YT (5
.5% Dy NDW NN DTN D2 NMOMN NNMWYN
NOION DY TIINA NIVIND NIDNDI0PNN MOMN NNV NN IDIYN
SDTIN MNRXIN 29D 2aWvINHNN ,NNN

A0 MAIVN
~-0.01 (1
2- L @
3200

8% (3

.0.06153 : 2PN "v,0.06472 : pYTR NPV (4
5% (5
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41 P19 GWL WD Y SY NPT 9GIINY PNYOP

DINYN MY 2 nXpna? 901N NXp

MHNY

,8-1 MYNWA NPIPNOIN NNN 9 M2y
;9N IN DY ,DIOPNT JMN NN NPVIP MTIPI INSD

f(x,y)=8x3+12xy+3y*>-18x (1
f(x,y)=x3+y>-3x-12y+20 (2
f(x,y)=x3+y*-3xy+4 (3
f(x,y)=3x—x>-2y?+y* (4
f(x,y)=e¥>*Y (s
f(xy)=yJx-y?-x+6y (6

2,2
oy =Y @

f(x,y)=e*cosy (8

2=X3+ Y3 =3xy+4 nown Py (9
NOWRY DOPAIRN DIPOWNN DINWNN MINNIYA NN INSD

NLYY N2XNN YTHN NN IAYN ,P7ND 32 JNIY NINMNOT MINN YD Pan (10
SHNN NIN NHY DN

,—2X—=2Yy+z2=0 1wy (1,2,3) nTIiPInNm INP2 ISPN PNIND DX INSD (11
D71 NTMIPIY NP NAIPN NWINN DY NTIPIN NN 19)
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)02 YIND ,D012vN) 1010 I (12
.83 NN D2 NIAVNN NN MDY 63 NXN NIND NIAVNNI TY NN NDY
Q, VIPan NN ,XINA NIAVNND Q, VI AN NN TOIN PNV DN

.Q,=116—-30R, +20R,,  Q, =144+16P —24P, :> by 02 Navnny
DOPNY TN DY, P, -1 B ,02112wNnn >1PNN NX 2P0 MIND NN T8O
Y AN NN NN NN

f(xy)=xt+y +axy DOSPNAN NN (13
JPVIP NTIPI NN (0,0) NTIPINY NN N

a YV DYDY IDON NIY WIAP ,NMIVN NI 1NN NITYA .2
YT 370 ROV IR, 90IN, D120, 01900910 NN /N PYON NN

b 1
90PN O j (24-2x—x*)>dx-w 72 ,b>a ,01900 MW INYD (14

a

OO Mvn

0N (1.5-3) ;99 (-0.51) (1
AN (L,-2) , (-1, 2) ; owoPn (-1,-2) ; oY (1, 2

)
0N (11) ;9918(0,0) (3
99N (-1, 0),(11),(L -1) ; owropn (1, 0) ; owovn (-1, 1)(-1, -1) (4
.0MopPn (0, 2) (5
.DMOPN (4, 4) (6
.0mopPn (-0.5 4) (7
JDPOIP MTMPI PR (8
z=4, z=3 (9

270 2 D20, N0 4 TN, N0 4aM7 (10

-(1/3,473,10/3)9MP2 NP NTIPI .THIN MTN> 1 NI OO»N PNIn (11

.288% Ynopn N1 B =108, P, =12% (12

a>2, a<-2;nYmIMmNY,a=2 a=-27y .2 NN NONY LN (13
DYIPN 2<a<2 ;99N

a=-6, b=4 (14
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42 P90 GWL ...7) DINWR N2 TPNPND S NP

DNNa DWian - (DTPNN) DNINYN NAY XpNa 2w nxp

MYNY

:5=1 MONYA NPXPNON DY NHPN MTIPI NN INNND

fx,y)=1+2xy—x*—y* (1

f(x,y)=4—x2+y? (2
(z=f(x,y) ’+z+xy—-2x—y+2=0 (3
f(x,y)=x"-y’-3x*+6y*+3x-12y+8 (4

2 2
(x,y,2>0) f(x,y,z):x+y—+z—+z (5
4 'y 1z

Y =—X2 42X n911199, Y = X2 +1 19119970 1290 PRININSD (6
DT PO NVXY PO ,NIRNYA DY (ANPN) P10 PINA YT WITI DT 90N PINSY *

2 NS Y, (X, V) (%0 Vo) (X0, Yn) ,MITIPY 10N 11-7 MONWA
DIPYN P2 DMIIND DPNINN YA DOV T, Y =h(X) NNxNHn Dpy
290N PN MTIPIN

.(2,2.5),(1,0.8),(3,3.2),(4,3.5) MM May m1, h(X)=ax+b (7
.(=1,2),(2,0),(0,-2) ™YY My TN, h(X) =ax®+bx (8

.(10,20.2),(6,12.9),(4,8.5),(0.5,4) MTPan My m» 1N, h(x) =ax +§ 9

.(4,33),(2,8.5),(0.5,2.3), (1, 4.5), (0.1,90) TP My mx1n , h(X) = ax? +% (10
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42 P90 GOOL ...7) DINWR N2 TPNPND S NP

.(1,4.5),(0.5,2.3),(0,0.8), (~1,0.1), (-0.5,0.12) 2y m»7n ,h(X) =ax® +bx+c (11

(XL YD (5, Y0) e (X0 V) s TITIPY 0o (12
WO P2 DYIINN DOPNIND YD DOV 7, Y =ax+b 9w xsn
D000 T MTIPIN
.b=y a May nuNan NN YINY v

, £, =0, f, =0 mxnwnn panan ovapnnn, b - a-w nnb s 124 11 mdxwa : pavn

. 2
.f(a,b)= Z ( h(x)—Y, ) DN DIPRINN MDA NMEPN YW LINHN DIPIHN NN DIN
i=1

YD Mvn

.DMOPN pwnn t K30 (tt) (1
.0MmopPn (0,0) (2

AN (L,2) PP PR (3
A9 (L2) PP PR (4
0N (0.511) (5

0.375 (6

y=0.88x+0.3 (7

=—X"—=—Xx (8
y=3%-3 (
1.5039

X

y =2.032x + 9

y =2.06x +0;29 (10
X
y =1.48x* +2.196x+0.824 (11
nZyixi—ZinXi Zyizxiz_zyixizxi

a= — , b= - (12
s )
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43 P—19 th LLDONYVN MY ‘JW ﬂ’SPJWS ‘J\U ]13’17

(‘'Tan? *2a12) 112°X NNN DNNYN Y 2V dxpna v nxop

MOHNY

S NINN XIDINRD 91902, NPNPNN DY DIIPNM DIPOPNN NN INND §-1 MHNWI
f(x,y)=x2+y* 2x°+3xy=1-2y* (1

f(xy)=x"-vy% X +y’=1 (2
f(x,y)=4x+6y; xX*+y*=13 (3
f(x,y)=x%y; X*+2y*=6 (4

Xy >0 qwNa, max{xy} st x+3y=12 pppnnvyanm (5

PYIN IR IINS N
V2D 97 PINDNAN A

X,y20 IWN, max{2x+y} st JX+\y =9 nopnmmyamn (6
7PYAN NN IS LN
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60 P19 Gwl ... PI9N) DXODN DINTPNN DN

Convergence of a Sequence, Monotone Sequences
(NM1TO)

Questions

1) Let A be a non-empty subset of R and « =inf A. Show that there exists a
sequence (a,) suchthatan a, e Aforall neN and a, >« .

2) Let A be anon-empty subset of R and x, € R. Show that there exists a sequence

(a,) in Asuch that [x, —a,| > d(x,, A) . Recall that d(x, A) =inf {|x—al:ae Al

3) Let (a,) be abounded sequence. For every ne N, define x, =sup{a, :k <n}.

Show that the sequence (x,) converges.

Cauchy Criterion, Bolzano - Weierstrass Theorem
4) Show that a sequence (x,) of real numbers has no convergent subsequence

if and only if |x,| —> oo.

5) Let (x,) beasequencein R andx, € R. Suppose that every subsequence of

(x,) has a subsequence converging to x,. Show that x, — X, .

6) Let (x,) beasequencein R . We say that a positive integer n is a peak of the
sequence if m>n implies x, > x_ (i.e., if x_ is greater than every subsequent

term in the sequence).
a) If (x,) has infinitely many peaks, show that it has a decreasing

subsequence.
b) If (x,) has only finitely many peaks, show that it has an increasing

subsequence.

c) From (a) and (b) conclude that every sequence in R has a monotone
subsequence. Further, every bounded sequence in R has a convergent
subsequence (An alternate proof of Bolzano-Weierstrass Theorem).
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60 P19 GWL ... PI9N) DXODN DINTPNN DN

Continuity and Limits (maxm m212x)

Questions

1) Let lim-52=5. Show that lim~2=0.

2) Let f:R—R and x, € R. Suppose lim f(x) exists.

Show that Iirrg f(X+X,)=lim f(x).

3) Let f(x)=|x| forevery xeRR.Show that f iscontinuouson R.

4) Let f:[0,7] >R bedefinedby f(0)=0 and f(x)=xsini—21cosi for x=0.

Is f continuous?

5) Let [-] denote the integer part function and f :[0,0) - R be defined by
f(X) =[x*]sin7x.
a) Show that f iscontinuous at each X # Jn, neN. [Here N includes 0]
b) Show that f is continuous at each x=k e N..

c) Show that f is discontinuous at each x = Jn, neN such that x ¢ N.

6) Letthe function f :[0,1] — [a,b] be one-one and onto. Suppose f is continuous.
Show that f ™ is also continuous.

7) Let f:(0,1) > R be given by

L ifx=2 where p,q e N and p,q have no common factor
f (X) —J4a q

0 ifx isirrational

a) Suppose x, — x, for some Xx,, with x = x forall neN, and suppose

X, = g—n €(0,1) where p,,q, € N have no common factors. Show that

n

limg, =oo.

n—oo

b) Show that f is continuous at every irrational.
c) Show that f is discontinuous at every rational.
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Existence of Extrema, Intermediate Value Property
(oxLYAIM vawvn 012N )Y vavn)

Questions

1)

2)

3)

4)

5)

6)

Give an example of a function f on [0,1] which is not continuous but satisfies the
IVP". "We say that f has the property IVP [Intermediate VValue Property] on [a,b] if
for every x,y €[a,b] and « satisfying f(x)<a < f(y) or f(x)>a > f(y) there
exists x, €[X,y], such that f(x,)=«.

Let f :IR — R be a continuous function. Show that f is a constant function if
a) f(x) isrational for each xeR.
b) f(x) isan integer foreach x€ Q.

Let p(x):R — R be a polynomial function of odd degree. Show that p is onto.

Let f,g:[0,1] > R be continuous such that
inf{f (x):xe[0,1]}=inf{g(x): x [0,1]}.
Show that there exists x, €[0,1] such that f(x,)=9(x,) .

A cross country runner runs continuously an eight kilometers course in 40
minutes without taking rest. Show that, somewhere along the course, the runner
must have covered a distance of one kilometer in exactly 5 minutes.

Let f :R — R be a continuous function.
a) Suppose f attains each of values exactly two times. Given:
f(x)=f(x,)=«a forsome x,X,, R, and f(x,)>a for some
X, €[X,X,]. Show that f attains its maximum in [x, X,] exactly at one point.
b) Using (a) show that f cannot attain each of its values exactly two times.
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Mean Value Theorem, L'Hopital's Rule, Differentiability
(M 2va? 222 ,'TaNA? vawn)

Questions

1) Does there exist a differentiable function f :[0,2] - R satisfying
f(0)=-1 f(2)=4and f'(x)<2,forall xe[0,2]?

2) Let f:R— R be differentiable such that for some o € R, ‘ f '(X)‘ <a<l

forall XeR. Let a, € R and define a sequence (a,) recursively by
a,, = f(a,).Showthat (a,) converges.

3) Let f:[a,b] >R be differentiable and let & € R be such that
f'(a) <a < f'(b). Define g(x) = f (x) —ax forall Xx<[a,b].
a) Show that there exists C €[a,b] such that g'(c) =0.
Hint: prove by contradiction, noting that g’(a) <0 and g'(b) <O.
b) From the above, conclude that if a function f is differentiable on an
interval [@,b], then ' has the Intermediate Value Property on [a,b].

4) Suppose f :[0,1] — IR is continuous and E f()dt =1.

a) Show that there exists C € (0,1) such that f(c)=1.
b) Show that there exist ¢, = c, in (0,1) suchthat f(c,)+ f(c,)=2.

5) Let f:[0,]] > R be such that ‘ f '(X)‘ <10 forall xe(0,1) and let (x.) be
asequence in (0,1) satisfying the Cauchy criterion. Show that the sequence

( f (Xn)) converges.

6) Let f:[0,1]] >R and a, = f(%)— f (ﬁ), n=12,...
Show that:

a) if f iscontinuous, then Z:zlan converges;

b) if f is differentiable and ‘ f '(X)‘ <1 Vxe[0,1], then
ZL a, (cos n)\/ﬁ converges.
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7) Let p(x)=a+bx+cx®. Find all values of a,b,c e R for which the function
p(|x]) is differentiable at 0.
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Power Series, Taylor Series (m2»v v mprn M)

Questions

1) Let f:(a,b) > R be infinitely differentiable and let X, € (@,b). Suppose that
there exists M > 0 such that ‘ f(")(x)‘ <M" forall neN and X (a,b).

Show that Taylor’s series of f around x, convergesto f(X) forall X € (a,b).

1
2) Let (a,) be asequence of nonnegative reals and suppose that (an") isa

bounded sequence. For each n, define A, :Sup{ak% ‘k>n}.
(A,) converges since it is decreasing and bounded below (by 0).
So A, —> L forsome L >0.

a) Show that if L <1, the series Z:Zlan converges and if L >1 the series

diverges.

o0

b) Show that the radius of convergence of the power series Zn:l n

n - 1
ax Is—.
L
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D™ 2N 7Y vavn ,X"1TNN ?2¥ *MP@ vavnn
1M "NI2DY DNV

MHNY

f0=10 X0 £ 11> R nn (1
0= 0<x<i [ RO

Al<x<1 3y F(x)=[ f(t)dt NPT
N2, F - f 5 D970 IR VLIV
N F DANL(0-2) NN PR f N

0 2ANPRAPR F 2
,0-2 NNV NPNR f-w D, f:[-11] > R MIpNS noNTIin D

.0-17PW F(x)= [ f(t)dt Yan

NPSPNANY NNINA ,DIDNVINRY MNYN DN TIY LIV AN NN (2
: (MPDIANVIN NDY) MYNI
.[a,b]-an2>x f O>nn

,F'=1-v 75 ,[a,b]-2 F NN MIPN ND»P ON

[0 f(x)dx=F (b)-F(a)

NN fi[a,b]>R oD (3

lim S (P, f):j: f (x)dx 3379590

IP|—0
A =x—%, SR =S" FE)A, P ={X %X} :DNDD
.|P| = max{Ax} ,Coe[x 4, %]

I<i<n

.neN Y a, InL@} mn (@

lima, N NSD) 1277 01207 &, NN DN

Jab]-amoNy g’ f-w 1o, f,g:[a,b] >R Mm»n (5

e (x)ax=[f(x)g(x)] - £'(x)g(x)dx 31271
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¢ 9V ML NN fHONM MNP ¢ia, Bl >R OIN (6

B , #(8)
= ’
T E(s(t) g ()t L(a) f (x)dx >3 1,mN
MYV uv:i[ab]>R v NN f:ilab]>R N0 (7
,[2,b]-2 ©551m v-1 u SW DNV DN 2 ININ
d v dv du

vl f(t)dt= f(v(x))&— f (u(x))& W
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DI1axXa vavn navyn nvvy nal

MHNY

X =1 PN 0OY TOONNN D02 OY MYDN MY YOwn NNy (1
.2 YN YN TN
,9NN N NN AWNT 1IN JY DTN VIVNI IWNNYN
.y =—a YN 12D YOIWNN 0 O DY I8N

DINNN YV T2I9N 1999 NN INSNDY DN VAVNI WHNVYN (2
.D:{(x,y)|x2+y2 =4, x>0 andyZO}

a

(x=2)"+y? =1 %yn2 0NN NVIwN PN (3
.y -1 Y 220 2IN0N NVIVHN
,INNY NLYN DY DN NLY NN INSN
NNV NN N NN

4
.gnr?’ NI, T DT DY T NI : )

Ly =X PN 10 231NN (x—4)° +y? <4 9ynn porT (4

/d‘ O NIV 1 NI NN INSD
(x=2)" +(y=2)" =4, y>2 moynn nwpa man (5

LY +2x=0 930 A0 NIDNDN NYPN
NNY NN YV DI9N NLY NN INSN

.y=%(x2+1), 0<x<1 DWPYN ¥ (X,¥) P> (6

S / LDIONO VAVYN NINYA X NN INSD
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Gml L0970 NYIPND - OMNDTPNN DINY

nN21279NN NPXPNan NNTaAN

tanh(x) =

coth(x) =

e —e€

e 4+e
X —X

e +e
e*—e

995 D190

NOAIDNN NPIPNN

099 OXIND

Y]
'sinh(x)
T
Yy
_____________ y=1|  tanhx)
xr
"""" y— 1

MHNY

.x=1 M2y ,sinh(x) MY2997N DPYPNON HY NI NN VN (1

sinh(x,)=-1> M (2

.coth(x,)-1 tanh(x,) ,cosh(X,) NPYPNAN HW 177y NN 1WN

.sinh(In5) yawn (3

.tanh(-3In2) yvawvn (4
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YYD MAVn
1175 (1
cosh(%,) =2, tanh(xo)z—g , coth(x)=—2 (2
24 (3
2 e
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61 P19

val .90 NNIPND - DINTPNHN DIXRWI)

n2121a0 NXpPna oy NIMnt

"hs DI9r0
NP2 NPSPND HY NPTID NN DDAV
VINOIPY OO VINVIPY OO
09929990 09929990 P95V OIMIN
. » 1
cosh(x)xsinh(x)=e" 1+tanh*(x) = oS (x) cosh(—x) =cosh(x)
1
2 —gj 2 = ch —1:— i - =—8i
cosh?® (x)-sinh®(x) =1 | coth’(x) Sinh () sinh (—x) =—sinh(x)
DY0IMNMNIN W99 D120
sinh (x % y)=sinh(x)cosh(y)+cosh(x)sinh(y)
cosh(x+y)=cosh(x)cosh(y)+sinh(x)sinh(y)
9195 VINNIN HY MNAT
sinh (2x) = 2sinh (x)cosh(x)
cosh(2x) = cosh? (x)+sinh?(x) = 2sinh? (x)+1=2cosh?(x)-1
mMYNY

.sinh(2x) = 2sinh(x)cosh (x) MM NX NN (1

191950 MM IN NN (2
2 2(cosh(x)+1)

x>0 o

.cosh*(x)—sinh*(x) =cosh(2x) MmNt X ININ (3

.cosh(x £ y)=cosh(x)cosh(y)+£sinh(x)sinh(y) RN N NN (4
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n2127aN NPXPNa vy nnm

HYs DI9’D

NPN2INNN NVNPNON DY NPTIDND MWD

(sinh(x))" = cosh () (tenh (x)) = 005h12 ()
(cosh (x))'=sinh () (=0 00) =

MHNY

. f(x)=cosh(Inx) Mspnon NI (1
. f(x)=sinh(tanh(x)) MY¥PNON NN (2
. f(x)=cosh(In(sin x)) M¥PNON NN (3

- f(x)=sinh?(x*) 3PN NN I (4

PID MAIVN

F(x) = sinhiln X) a
_ cosh(tanh(x))

()= cosh?(x)
f'(x):sinh(ln(sin(x)))~cot(x) (3
f'(x)=3x"sinh(2x°) (4
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nidIaNN N212719 NN NXpnan

HYs DI9’D

MNONN NMJNAYIDYNN NPYPNAN

_ 1 1+X
sinh’l(x):ln(x+\/x2+1) tanh l(x)=§|n(ﬁj
cosh ™ (x) = In(x+ X' _1) coth*(x) =1|n(x_+1j
2 x—-1
099) 9YINN
4 cosh™"(x) Y im0

o

T

Y Y
coth~'(x) tanh="(x)
ﬁ T T

NN

.sinh™(x) =arcsinh (x) SwNY ,arc DY NN MPYPNY HY NID D) OMP

MHNY

x| >1 995 ,sinh(arccosh(x))=+/x> =1 N0 (1
X J

NI (2

x[<199 ,cosh(arctanh(x)) _
1— x?

WWW.G00L..co.il 9NNY 193D INT MIVIDI MINDND MIVNY

560 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© NMMPO N — N9 AN




61 P19

Gwl L0970 NYIPND - OMNDTPNN DINY

nNan N1M2121an NXpna ?2v N

HYs DI9’D

NPN2INNN NVNPNON DY NPTIDND MWD

L , 1
(smh 1(x)) = ) (tanhl(x))'zﬁ ¥ <1
(cosh‘l(x))'z x21—1  x>1 (coth‘l(x))'zl_lx2 . [X>1

mMoYNY

. f(x)=In(arcsinh(x)) M¥PNON NN I (1
. f(x):In(cosh(arctanh(x))) PN NN (2

. f(x):arcsinh(arccosh(tan(x))) TPNPNON NI (3

NOYD MmN

f'(x)= L (1

Vi In(x 1)

1 1 1

) 2 2 R (3
\/1+(cosh’1(tan x)) Jtan?x—1 C0s°X

£'(x)
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62 719 Gml L.DI0 NPIPND - DRTPNN DIRYD
NMuNIMu NNXpaia - D'NTRNN D'RYI1)
WY 01990
MIIIDNN NPFVNINMINIVN NIIPININ NITHID
J . f(x) =arcsin(x) mxpnon Hw 1973 0N
m/2 -
. f(x)=sin™(x) ;900 o
't 1z —1<x<1 ;T oINn
=72 P T
—=<f(x)<Z v
2 2
" : T (x) =arccos(x) mxpnan Hv 9 mon
L
\ . f(x)=cos(x) :qon o
m/2
\ —1<X <1 - min onn
T T ° e L0 f(X)<7 smw
. f(x) =arctan(x) mxpnan H¥ 327 Mon
y . f(x)=tan™(x) :qon o
"""""""""""" L1 1742 e i et
.—00 < X <00 :1THN DIND
—4 -3 -2 -1 1 2 3 4 T T
L—=<f(x)<Z v
------------------------ L e e 2 2
; : T (x) =arccot(x) mxpnan Hw 97 Mon
. -1
\m\ . f(x)=cot™(x) :qo1n o
.—00< X <00 : TN DIND
—4 -3 -2 -1 0 1 2 3 4
2 L0<f(X)<z im0
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MNONY NPIVNINNIVN NPEPNDN P2 DIIYP

: DONIN DMWPN DX YaP) ,Y7AN IPRY ,NPI0HDMION NPEPNO 2y

MmN NINPNIN
sin(sinfl(x)):x ~1<x<1
X—27k —%+27Z'kSXS%+27Z'k e
sin™ (sin(x)) = ]
z(k+1)—x %+27zk£xs7ﬂ+2ﬁk
cos(cos‘l(x))zx ~1<x<1
X — 27k 27k < x <7 (1+ 2k AT
cos*(cos(x)) = i " 7 (Lr2K) |
27k —x 7w(1+2k)<x<27z(k+1)
tan(tan‘l(x)):x —0< X <0
T T 0NV
tan‘l(tan(x)):x—zzk ~Ztak<x<Z=+7k
2 2
cot(cot’l(x)):x —00< X <0
030V
cot‘l(cot(x)):x—nk 7k < x < 7+ 7k
mMYNY
:NAVNN ROD H1IWN 12-1 MONYA
arccos(—1) (2 arcsin (—%J (1
arctan (—\/5 ) @ arccot(? (3
arcsin(-0.5) (6 arccos(% (s

N

sin(arcsin(—O.S)) (8 arcsin(sin(__j

6

&

9

|
)
j a

tan (—arccot(\/§)) (12 sin (2arctan (\/5)) (11
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:NPNPNON DY NITHINND OINH NN INNN 15-13 MONYWA

X+3 . 2X+1

y = arccos (14 y =arcsin (13
2x+1 3—-3x

y =arctan (15
1-Inx

: DMPNN NITHND OINNND X DD ¥ INN,19-16 NMONYA

. T
arcsin X +arccos X = . (16

sin(2arccos x) = 2xy1-x* (17

arctan x +arctan y = arctan 1X+ y (18
1 7 x
arctan x+arctan—==-— , x=0 (19

X 2|x

.arctanl+arctan 2+arctan 3=z IWPN NN NN (20

OO Mvn

T T
-— (4 — (3 -— (1
3 ( 2 ( T (2 1 (
1 T /4
-= (8 -—= (7 -— (6
5 ( c ( 5 ( ¢ (5
1 J3 1
-— (12 N2 - (9
Ng 2 (11 1(10 5 (
x>0,x=e (15 xs-%,x22(14 xgé,x24(13
NN MR (20 - (16
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