1 559)02°X) YININIIT PNAVN




GOOL

S1'Nn Hrawvw2

D1™YN 1PN

L OYTHN OWNLIN .1
< 7D%91 9310 NITNINY NVIVA DIDNVIN .2
B ] DOPYNA MINVIN NVIVIA DDNVIN .3
72 NANNN NVVA DYYNOLIN .4
1S . NPLINNT NPXPND HY DYNOIN .5
20 NPIVHNMIIV MIAXM OPIVNMINIV DIYNVIN .6
) 199795 NPHIANVIN ,ONONN DNVINN .7
R, NYRI ITON MRNYN .8
B8 . 2NN DN DXNVWI NN DIIINM DNP .9
B0 . NPPON M .10
68 DNNYN 1901 YW NPIPNN NIWIVN D .11
T DIVNIN) DIV - NININD NPIPND .12
86. DOVN DNIXIINTN DNINWN MY DY MINPNAY MO»V NNO .13
B ] DMNYN MY DY 1PIPNDY 99N INP .14
2 B DYMNAN DIYIN - (NDTPNNI NMNT) ONINWN NI MSPNI DY NP .15
O N7 ONLYWN ,NAN NP ,NIAN - DINWND 190N DY NPSPND .16
www.gool.co.il

BN T



GOOL

SN0 Hravw2

1 27V 2NXIAT N1AYN

D TN D2NVIN - 1 218

01MyN 12N
DYTN DYNLIN .1

NNYTP NISPN NNONN .2

www.gool.co.il

4—



1p79 GWL DM TMN DTNOVIN

QN TN D2V IN

MHNY

:( j x"dx = ::1 +€: 9991 T DY NPNY) 12-1 MORYA DD NVINRN NN 1AYN
| %dx (3 [xiax 2 [adx @
[axedx (6 | de (s [Vxdx (a

2 1\ 3 o3 2
[(x+1) ax €9 I(X4+2ﬁjdx (8 [(2¢ —x+1)ax (7

IXH dx (12 jm#d (11 I(x2+1)(x+2)dx (10

:20~-13 NYNYIA DDYNVINND NN YN

] b n+1
(j(ax+b) dx=w+c:‘7‘73n YT 2y NN9)
a-(n+1)
4 15 o &
'[(x—2)5 dx ( I(x2—2x+1) dx (14 I(4x+1) dx (13
X 10
| (x-1) dx (18 | mdx (17 [¥/ax-100x (16
— X+
xdx
(20
Jx+1+1 I
:26=21 MYNWA DYDNVIND NN YN
(jidx = Mw :9951 1 Y NNI)
ax+h a
2 2
j(l+£j dx (23 [ o 22 [ (21
X X 4x
4x+1 X+3
jx+2dx (26 J'—d (25 j4x 1dx (24

WWW.G0ooL.co.1l 9NNY 193N INT MNVIDA KON NIND
© IO N — N9 2AND




119

I

_
4\/e_+ﬁ

T

I3

X2
—X

)dx (29

2

dx (33

DY TN DINVIN

GOUL

:29=27 MYNYA DYONLVINN NN YN
ax+b

+C: 9990 1 Yy NINY)

(jea“bdx _&

[(e) ax (28 [(e™+e™)ax (27

X 2X 3X
%dx :97VPNN NN VN (30

mx+n

(J‘amx+ndx _ a

+C:995n 71 by NNY)
mina

:33-31 NYNYI DYONVINRN NN YN

| L ax (32 [ (31

Ny e 1+ 4x?

wWww.GooL.co.il 9N 19270 INT 1IVIDA NN NN

© YD N — N9 2Nd



1p79 GWL DM TMN DTNOVIN
YO0 MAIVH
1 5
—te (3 X e @ 4x+c (1
4Xll 2 15
+c (6 -—=+Cc (5 Z_—+c (4
11 ‘ Jx 15 (
X 2x° 1 3 2x® X2
—+—+x+Cc (9 = 8 ———+Xx+C (7
5 T3 x3+ 5 +c ( 3
15 0.5 3 4 3 2
X X e (12 —1+2x+x—+c (11 X 2i+—+2x+c (10
15 05 X 4 3
1 21 11
_ +c (15 (x-1) (4x+11)
(x—2)4 1 +c (14 y +c (13
3
10V2x+4+c (17 5\3/(4x—1o)“+c (16
C2(( 1V ¥ ot o oas
§((x ) +x )+c (19 2(x—1)2 3(x—1)3
2 In|x 2
In|x|+x+x?+c (22 j+c (21 3 (x+1)’ —x+c (20
x+In|x+2[+c (25 In|4:—ﬂ+c (24 x+2|n|x|—1+c (23
X
2x+2 e4x
+c (28 —e*4+¢ (27 4(x—1.75|n|x+2|)+c (26
GRE 4
5 5)  (200) x g3
c (30 3e
2" (16) 200y ¢ 8e? —— —+c (29
Inf=| In|=—
5 5
_(x—%ln 1+—§J+c (33 arcsin(gjw (32 %arctan(Zx)+c (31

wWww.GooL.co.il 9N 19270 INT 1IVIDA NN NN
© YD N — N9 2Nd




1p79 GWL DM TMN DTNOVIN

nNITR NXPNa NXXN

MHNY

f(X)=2x=4x :nNan mvn M (1

-(2,3) NTIPI2 N2 NPNON D I
TPSPNON NN INSD

CF(x)=¥Bx+7 XA NIWIN M (2

X=4 D2V NP X-N PN DN NONIN 7PNPNN M NP
IPNIN DN ININD

1
S +(x=1)" :AN2N MDD MY (3

(X)) =
S e
LY =-6 NAY NP y-N PN DX NOMN PN PNAN D VT
PPN NN INSD

CF(X)=2x-6 - xpNa SV N NN (4

.5 NIN MYV NP NTIPIA NISPNN T
TPSPNON NN INSD

' (X) =X 42 =X=1+2 ;8PN Y M M (5

2
3NN, Y= 55 N2V NTIPIA,MINPNAD PPYNN MDY

PIPNN DN ININD

F(X)=6x+6 :PYPND HW MWD MTIN NN (6

,—12 NIN NHY 919N NTIPIA TPNPNION NV
.1 N W TP PISPNON T
TPNPNON NN INSD

8
F(x) =1+—5 :M¥PND 2V IWN NN NN (7

Y = =4 YN XN NOY NN NTIPIA MISPNAY PPvnn
DNPNON NN INNND

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




1p79 GWL DM TMN DTNOVIN

, F(0)=0 m»pnn f:R >R OXpNo M (8

. F(x)—f(x
Alim T09=1(x) = X, | :2WNN x, 9353 9ONI NN
=% X=X,

JPNPNON DY MAPNIN IMIND NN INND N

|ing f(X) DPP N NXINY IVIP IN XAN D12DN DX WD .2
X—>

X =1 PN DY PSP G0 W TIFN MTIPI NN INYD )
TP DY 1PN MTIPI D3 NN INSD .7

X2 YT ISPNS G(X) YN

(G- f(x))" MmN X HIYN

=]

YD Mvn

2_33 4
f(x)=x 1 (4x) +2 (1

f (x):z%s (5x+7)" —122—3;) (2

1, s 1. 3 .ol
f(x)_12?/(x+l) +3(x 1) 186 (3
f(x)=x*-6x+14 (4
f(x):g\/(x+2)3—g\/(x—l)3+2x—3 (5

f(x)=x>+3x"-9x-10 (6

f(x)=%x2+§+3x+2 (7

-(0,0) NN TN NTIPI ) lim f(x)=0 .2 X D25 NN N (8

0.n -(0,0) N I NTPY T

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




GOOL

SN0 Hravw2

1 27V 2NXIAT N1AYN

091 122 NN DLW D?7IVLIN - 2 18

01Myn 101N

b D92 725 NN NVIVA DYNLIN .1

www.gool.co.il




2 P19 Gwl .:2920 NN NVIY DIDNLIN

"0M492 120 NNINT NLwa 0Y2VINN

MHNY

JAKNN NVIY NP D) NNV 1N NT P93 DITNVIIRN NN : NIYN

: DYNAN DMNVINN NX 1AYN

NG 2X
cotxdx (2 dx (1
Jago @ J ( S ¢
ex+2 1
j dx (6 ——dx (5 J.tan xdx (4
e*+1 xIn x
2 etanx )
J' e xdx (9 —dx (8 I e¥ 2xdx (7
COS” X

Imdx (12 Jcos(sinx)~cosxdx (11 Icos(2x2+1)-4xdx (10

X
J‘Sin\&dx 15 [sin(x*+1)xdx (14 [cos(10x* +1)x’dx (13
Jx
(tan X) arctan x In_X
Icoszxdx (18 I 1+ X2 dx a7 '[ X e e
_ COS X 20 19
IZX\/X +1dx (21 Im x -[ /x 1 x ¢
G, g R I P

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




2 P19 GWL ...2920 NN NVIVYI DIDNVIN

NOYD Mvn

%In‘x3+1‘+c (3 Injsinx|+c (2 In|x*+1+c (1
e’Infe* +1+c (6 Infin|x|+c (5 —~Inlcosx|+c (4
—2x2 ,

- +c (9 e +c (8 e +¢c (7
sin(Inx)+c (12 sin(sinx)+c (11 sin(2x2+l)+c (10
1 1 .
—2cos(\/§)+c (15 —Ecos(x2+1)+c (14 4—Osm(10x4+1)+c (13
1 2 1 2 1 2
E(tanx) +c (18 E(arctan X) +c (17 E(In X) +c (16

3

%(x2+1)2+c (21 J2sinx +c (20 2Jx*+1+¢c (19

3 3 3

%(arctan X)2+c (24 %(In X)2+c (23 g(x3 +4)7 +c (22

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




GOOL

SN0 Hravw2

1 27V 2NXIAT N1AYN

D°?7N2 NXALIR NLWA D20V - 3 218

01Myn 101N

B DYPYNA MNNVIN NVIVL DINVIN .1

www.gool.co.il




3P Gwl PPN MXNVIN NVIVA DIINVIN

D'??7N2 NXMVIX NLVYA DY?2VIN

MHNY

:23=1 NYNYI DYNVINN NN YN

Ixsin xdx (3 Ix“ Inxdx (2 Jxexdx (1

Ixze‘4xdx (6 Ixzsin4xdx (5 I(x2+2x+3)ln xdx (4

jarctan xdx (9 jln%dx (8 I Inxdx (7

_[ XZ dx (12 'fx-ln\5/x—2dx (11 I arcsin xdx (10
cos? X

Ixz In(x2+1)dx (15 J.xarctan xdx (14 I I:](—Zxdx (13

2
Iex cosxdx (18 J' (In_xj dx (17 J.Inzxdx (16
X

_[ -~ 7dx (21 J\/l—xzdx (20 Iezxsin4xdx (19
(x+1)

J'(x+1)4~\/x+2dx (23 jxtanzxdx (22

JY1V n AYUNI IX”eXdX 712y N1OI NNON INNND (24

X J.x“exdx NN VN (25

JYav n VNI ICOS” Xdx 912y NI NNON INNND (26

) I cos* xdx NN IAWVN (27

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




3 P19 Gml ...PIN2 MPYNLVIN NVLIVI DYNVIN

JYaV n AIYUNI Isin” Xdx 912y NI NNON INNND (28

.Isin“ xdx NNIAVN (29

1
JYAV n AYUN] jﬁdx 712y NIOI NNON INNND (30
1

(1+x°)

’I(l;z)“dx NN VN (31
+ X

. j e cosbxdx, j e™sinbxdx D97IVPNA NN VN (32

wWww.GooL.co.il 9MNY 1DIN INTI 101D KON NIND
© YMYD NN — N AND




3P Gwl PPN MXNVIN NVIVA DIINVIN

NOYD Mvn

X

—-e"+c (1

5
X_(mx_l]H; @
5 5

XCcosX+sinx+c (3

Xe

3 3 2
Xixaax|nx=24+X 13xvc (4
3 9 2

2
—X—cos4x+l 5sinx+icos4x +c (5
4 2\ 4 16
2
—X—e“‘x+l(—lxe4‘x—ie*‘xj+c (6
4 16
xInx—x+c (7

—%(xlnx—x)+c (8
xarctanx—%ln‘1+x2‘+c 9
xarcsin X ++1—x? +¢ (10
2 2
1 X—In(x—2)—1 X—+2x+4x|n|x—2| +c (11
5( 2 20 2
xtan x+In|cosx|+c (12

—llnx—l+c (13
X X

2
arctan x-%—%(x—arctan x)+c (14

3

—In(x +1)—g X——x+arctanx +c (15
3 3( 3

(Inx) —2(xInx=x)+c (16
)+c

—llnx——(lnx 1)+c (17
X

e (sin x +cos x)

18
5 c(

—e*cos X+

g% [—cos 4X + ;sin 4xj

+c (19
c (

X+/1— X2 +arcsin x .

c (20
2

10 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd



3 P19

GWL ...PIN2 MPYNLVIN NVLIVI DYNVIN

_[ e™ coshxdx =e

X

+c (21

x+1
2
X(tan x—x)+|n|cosx|+X?+c (22

9 11

2(x+1)(x+2)2 -5 (x+2)2 4o (@23
x“ex—nIx”’lede (24
ex(x4—4x3+12x2—24x+24)+c (25

1 n-1 . n-2
H{(cosx) smx+(n—1)j(cosx) dx} (26

%(0053xsinx+3~5(cosxsinx+x))+c (27
1 . n- . n—
H(—(smx) lcosx+(n—1)_|'(smx) 2dx) (28

%(—sinSxcosx+3-5(x—sinxcosx))+c (29
1 X dx
il 2n-1) | (30
2n[(1+x2)"+j(1+x2)n( ! )J

1 X 1 X 1] x
- s+ 2+—{ 2+arctanx} (31
6|(1+x) 4|(1exe) 2[1+x

« asinbx —bcosbx
a’+b’

« Dsinbx+acosbx
a’+b’

, Ieax sinbxdx =e (32

11

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




GOOL

SN0 Hravw2

1 27V 2NXIAT N1AYN

NAXNN NLWI D?7ILIN - 4 18

01Myn 101N

1 NANDD DVOVIA DYYNLIN .1

www.gool.co.il
11

4—



4979

GOOL

NANDN NVIYA DIYNIVIN

NAXNN NL'WA D27V

MHNY

: DYNAN DMINVINN NX 1AYN

2X
dx (1
J‘\/F (3 J\/x3+4-x5dx (2 j(xzﬂ)z
o I 6 [
xv1-In?x xIn* x e 11
1 3 2
Imdx @ [edx (8 [e'xidx (7
2
J’de (12 Ix3(3x2 —1)14dx (11 f2x3cos(x2+1)dx (10
X
x2dx 3 1
In° xdx (14 il
Ix8+2 (15 jn xdx ( J'/1+X2dx (13
dx 2 4
18 arctan® x In® x
J‘x~lnx-ln(lnx)( .[ 14 X2 dx (17 X (16
dx X
I v (21 dex (20 f arctan/xdx (19
+ —_
1
[xe3/x +10x (29 ] mdx (23 [cos(Inx)dx (22
12 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY

© NSO N — NN aNd



4 P9 GWL NANNN NVIYA DINOLIN

NOYD Mvn

1
- +C 1
x2+1 ¢
5
2 (‘\/X3+4) 4 3
— ———( x3+4) +c (2
3 5 3

—Jx“+1l+c (3

arctan (ex)+ c (4
1

5

(In x)3 (
arcsm( nx)+c (6
( —e* )+c (7

3e’3&($/§ _2¥x+2)+c (8

SR
X+= |+, x+= | ==
2 2) 4

NG sin(x2 +1)+cos(x2 +1)+c (10

2_ 16 2_ 15
% (3X161) +(3X151) +c (11

In +c (9

%(In x+%sin(2ln x) +c (12

NG +l+—| ‘X +1-1
2 |1+l

x(lnsx—SIn2 x+6|nx—6)+c (14

+c (13

X4
arctan| — |+c¢ (15
(ﬁ J

UnX)" ¢ (16
5

(arctan x)’
3

N
a2

+c (17

13 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




4 P19 Gwl NANNN NVOYA DYONLIN

In|in(Inx)|+c (18
xarctan\/; —\& +arctan\/§ +c (19
—l(—i—ln‘l—x“‘}rc (20

1, [N1+e¥ -1

e 41
X (cos(inx)ssin(in) e (22

6(</x —arctan 9/;)+C (23
7 (7

7 4

+c (21

+c (24

14 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© IO N — N 2AND




GOOL

SN0 Hrawvw2

1 27V 2NXIAT N1AYN

N21X7 NXPNAa 2V 0D2001K - 5 14

01Myn 101N

15 . TPOINNT TPNPND HY DIONOUPN .1
17 TPDIPNT PPN DV DIDNVINI DI PN .2
18 . THOINN PPN NANN DXIAOVNY DIDNOVIN .3

www.gool.co.il
14

B T



L PDINVNY NPNPND OV DIDNOVIN

GOOL

N'211X1 NXpna 2w 0Y21ava1N

MHNY

: DYNAN DMINVINN NX 1AYN

J (Xzi—;ilydx 2 | (X"j)z dx (1
[Pt T 2
szxjf;ldx (6 [t o @

J % x (8 [ %dx 7
jxf;’;zdx (10 jmdx ©

'[(xz—2x+1;jé(x2—4x+4) 12 I% x (11
Jr—dx e Jrpsox @3
[ (xzz)(:)%dx (16 I%dx s
Fraaie It
I(x—l?F::M)Z a9

15 WWw.GOOL.C0.il AN 10397 1N $NDADI N 1msd

© IO N — N 2AND



5pP79 GWL L PDINVNY NPNPND OV DIDNOVIN

YD MAIVN

5
In|x— 4] - — 1
n|x—4 27 ¢ (

X_
1 1
- - +c (2
3(x—6)6 (x—l)7
1In x=2 +c (3
4 |x+2
2

gln|x|—%|x+5|+c (4
3In|x+3-2In|x+2|+c (5
In|x|+%|x—1|—%ln|x+1|+c (6

In|x+1+2In|x+2|+3In|x-3[+c (7

In|x+3|+In|x—3[—In|x+2|—In|x-2|+c (8

In|x—2|—£—ln|x+2|+c (9

——+c (10

+——+c (11

X+

Sl S PP’
x—2| Xx-=1 x-2

2In

1 arctan (x_+1 +c (13

Z" R

Larctan X+—05 +c (14

P L

arctan x+2|n|x—3|+c (15

1
Eln(x2 +1)+In|x+2|+c (16

arctan x — % arctan (%) +c (17

1 1
In|x|—EIn(x2+1)+2(X2+1)+c (18
i(arctan (§j+lsin[arctan (ED}FC (19

16 2 2 2

16 wWwWw.GooL.co.il 9NNY 102 XTI 1IVID XON NINSD
© NSO N — NN aNd




5P79 Gwl L DDIPNY NPIPND HY DDV

n"211°X1 NXpna 2y 0"?27v1rN oomiaa " n

mMYNY

: DYNAN DYDINVIIND DX IAVN
I3X3 —5X®+4x-2

dx (1
x-1 ¢

dx (2

J- x* +2x% —10x* —8x
X+4

dx (3

Ile3 —11x* +6x -1
4x -1

IX4_2X3+X2+X

(x-1)°

dx (4

dx (5

IX4_4X2+X+1
X’ —4

NOYD Mvn

XX —x?+2x+c (1

4 3
X_2X e (2
4 3
X*—x*+x+c (3
3
X—+In|x— e (4
3 x-1

3
X_+§|n|x—2|+lln|x+2|+c (5
3 4 4

17 Www.GooL.co.il 9MNY 1027 INT 1IVIDA XON NINSY
© IO N — N 2AND



5P19 Gwl L DDIPNY NPIPND HY DDV

NY211°X7 NXPNA) NAXN DNAPYnY D21V IN

mMYNY

: DYNAN OYDINVINN NN VN
dx

X a
Tx "
dx

_ X @
lmw ¢

j 41 dx (3
1+1/x-1

(&

dx (4
X+1
j 1de (s
1+e

j Ji+e'dx (6

_[1 dx (7

18 Www.GooL.co.il 9MNY 1027 INT 1IVIDA XON NINSY
© IO N — N 2AND




5pP79 GW‘. L PDINVNY NPNPND OV DIDNOVIN

NOYD Mvn

—1.5|n‘1—2/§2 e (1

6 <1+9/;) _3(l+\6/;)

3 2

+3(l+§/;)—ln‘l+\6/;‘ +c (2

. (1+ (‘/ﬁ) ~ 3(1+ (‘/ﬁ)

3 2

+3(1+<‘/E)—In‘1+ (‘/ﬁ‘ +Cc (3

g%/;+ In‘§/§+1‘—%ln(<§/§—0.5)2 +0.75)—\/§arctan(23/\/;§_l +c (4

—In‘1+eX +x+c (5

2J1+€e* +1In Nire -1 +c (6
Ji+e* +1

1-v1-%*
X

INNHDN

(a—b)3 =a®-3a’h+3ab’-b?

19 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© IO N — N 2AND




GOOL

S1Nn Hrawvw2

1 27V 2NXIAT N1AYN

NIMLNINAML NIAXN DMIVLNINAL D2NVVIKX - 6 214

01Myn 101N

(OO NDD) N2 - DPIVNMNIV DDNOVPN .1
20 . NN YT DY PINI - DPIVNIMNIV DYNVVIN .2
22 MLIVH MAXN YT HY PIND - DPIVMNNIV DIINVIN .3
23 Y995 NANN T DY PIND - OMIVMIMNIV DOYNVIN .4
24 DYVUINYNA VPN JNIVNY NPIVPMNIV MIAXN .5
27 NPIVNIMNIV NVIPND P2 DNVY 2N .6

www.gool.co.il
19

4—



6 P19 Gw‘ ..M DMIVNINNIV DIDNVIN

NnMNT T 2V NNAa - DMYNNMY D21V IN

_ 1. £33 3791
jcosxdx:5|nx+c J'cos(ax+b)dx:gsm(ax+b)+c
jsin Xdx =—Ccosx+cC Isin(ax+b)dx=—1cos(ax+b)+c
a
J'tanxdx=—ln|cosx|+c jtan(ax+b)dx:—§ln|cos(ax+b)|+c
jcotxdx:lnlsinx|+c jcot(ax+b)dx:iln|sin(ax+b)|+c
a
1 1
J. —dx=tanx+c Iz—dx:—tan(ax+b)+c
COS” X cos”(ax+hb) a
1 1
j ——dx=-cotx+c .[_z—dx:——cot(ax+b)+c
sin® x sin“(ax +b) a
MHNY

: DYNAN OYYINVINN NN VN

dx . X
2 sin2x—-4cos— [dx (1
J.cosz 4x ¢ I( 3) ¢
. dx
cos’x—sin®x)dx (4 — = (3
j( ) Isin210x (
I(sin X +C0S x)2 dx (6 J'(cos4 x—sin* x)dx (5
J'tanzxdx (8 jsin Xcosxcos2xdx (7
dx
Isin 7xcos5xdx (10 _[—2 (9
(sin xcos x)
j(sin“ X + cos* x)dx (12 I(cosxcos 2x-+sinxsin2x)dx (11
I sin® 4xdx (14 I cos? xdx (13
J' sin® 4xdx (16 _[coss xdx (15
j sin* 4xdx (18 j cos® xdx (17
J-s_|n5x—s_|nx dx (20 J-1+c052x X (19
sin4x —sin 2x 1-cos2x
sin® x sin2Xx —cos 2x +1
dx (21
Il—cosxdx (22 J.sin2x+0032x+1 (
3
J‘sin2 xcos” xdx (24 ‘[1+COZSX Xx (23
cos’
20 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY

© NMMPO N — N9 AN



6 P9

1tan4x+c (2
4
1.
Zsin2x+c (4
2
1
x—5c032x+c (6
tanx—x+c (8
1 _100812X—1C052X +c (10
2\ 12 2

§x+isin4x+c (12
4 16

X sin8x

+c (14
2 16

—icos 4%+ icolex +c (16
16 48

§x—isin8x+isin16x+c (18
8 16 128
2sinx+c (20

—cosx—%c052x+c (22

GOUL

1
8\ 2

..M DMIVNINNIV DIDNVIN

NOYD Mvn

—%COSZX—lZSinE-FC (1
—10cot10x+c (3

1.
Esm2x+c (5

—icos4x+c (7
16

tanx—cotx+c (9

sinx+c (11

X sin2x

+c (13
5 (

§sin x+isin 3x+c (15
4 12

§x+lsin 2x+isin 4x+c (17
8 4 32

—cotx—x+c (19

In ‘cos x|+c (21

3x+%sin 2x—=2sinx+c (23

x+}sin 2x—lsin 4x—isin 6x |+c (24
8 8 24

21

WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© NMMPO N — N9 AN




GOOL

.. TN OMIVDINNIV DIDNVIN

NvVIva Naxn "™ 2y 11Na - D"MunimaMv D210 nN

) sinx=t
If(sm X)-cos xdx = (x = arcsint)

_ cosx =t
jf(cosx)-sm xdx = (x arccost)

= [ f(t)dt

[ f(t)(=dt)

D03

J.(cos3 x+cosx—2)sin xdx (2
j sin®2xdx (4
Isin5 xcos® xdx (6

I tan® xdx (8

dx

— (10
sin x

X (12

J- 2sin x
CoS2X+4cosx+7

—cos* X cos? x
4

+2cosx+c (2

cos® ZXJ
+

—l(coszx— (9
2

—lcos5 x+gcos7 x—lcos9 X+c (6
5 7 9

MINY

: DONIN DYINVINRN NN 1IVN
J.(sinzx+sinx+2)cosxdx (1
J'cos3 xdx (3
jsin4 xcos® xdx (5
_[coss xdx (7

L dx (9
COS X

Isin 2x-e%*dx (11

PNID MAIVN

sin®x sin?x
_+_
3

+2sinx+c (1

sin® x

sin X — +c (3

%sin 5x—§sin7 x+lsin9 x+c (5

1 in®
—+————In|cosx|+c (8 sin x—2sin® x+ X | ¢ (7
4c0s” X COS“ X 3
lln cosx-1 Lc (10 lln 1+s!nx 9
2 |cosx+1 2 |1-sinx
1 cosx+1
——arctan| ——— |+cC (12 —2e“**(cosx—-1)+c (11
e 5 (cosx-1)
22 WWW.GOO0L..CO.il 1nND 103277 1T 99107102 NN P1INSD

© NMMPO N — N9 AN



6 P19 Gwl .. TN OMIVDINNIV DIDNVIN

N*222 Naxn ™ 2y 17Na - DMuNmMv 027V eN

X
t=tan— —t?
J.f(sinx,cosx)dx= 2 =If( 2t2,1 tZJ 22 :93)79%
(x = 2arctant) 1+t° 1+t° )1+t
MONVY

: DYNAN OYYINVINN NN VN

jdx 1

1+sinx

J- dx (2

1+sin x+cos X

_f COS X
2-Cos X

PID MAIVN

B 2
tan(xj+1
2
1+tan(§)

2
2 tan(xlz)J
—X+2 arctan| ——~ c (3

23 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MHYO N — N9 ANd

+c (1

In +c (2




6 P19 Gwl .. TN OMIVDINNIV DIDNVIN

D'Y1YN 1Van? JNIvYNY NIMYNIMAIY Naxn

7 7)., | X=asint | .
If( a‘—x )dx_ (t = arcsin2) _J' f (acost)-(acostdt)

X =atant
If( a2+x2)dx: :jf[i)( az dtj
(t=arctan %) cost ) \ cos“t
a

If(ﬂ)dx= X= Cost =jf(atant)~(_a5intdtj

2
cos“t
(t =arccos?)

mMoYNY

: DYNAN DMINVINN NX 1AYN

dx
oy el
j ! dx (2

VX2 +4

| Jax’ —1dx (3
JPINNY NPIPNG DY DIDNOIRY NYTY TN NONYN NN NN T : NIYN
dx
oo @

x*x? =1

2

R

dx (5

j\/x2 +2x—3dx (6

24 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MHYO N — N9 ANd




699 Gwl . TAXM DMIVRIMNIV DYNVIN
j\/—ex —x%dx (7

dx
— (8
I(4+x2)

dx
9
I (x2 +2X +5)3/2

_[ VX2 +1dx (10

j ! i (11

Jx2 -1

25 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MHYO N — N9 ANd




6 P19 GWL .. TN OMIVDINNIV DIDNVIN

NOYD Mvn

—lcot arcsin5 +c (1
4 2

1+sin (arctan (gj
+c (2

1—sin[arctan (Xj
2
————|+Cc (3

— +—4 1+ /1—i2 n
/ X
1- 1—? + 7_

1+, /1-
) 1
sm(arccos[—j +c (4
X

Z{arcsin(ij—lsin(z(arcsinED}H: (s

2) 2 2

+ L Cnf p-—2 ~|— L +c (6

1- po? R C O T R
(x+1)° ?

(x+1)

1In

1

In

1- /1— 4
(x+1)

9 . X+3 1 . . X+3
—<Jarcsin——+=sin| 2arcsin—— |t +Cc (7
2 3 2 3

i arctan X +lsin 2arctan5 +c (8
16 2) 2 2

1sin arctan(x—Jr1 +c (9
4 2

{%In‘\/H NG +x‘+%x\/x2 +l} (10
In‘x+\/x2 —1‘+c (11

26 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MHYO N — N9 ANd




6 P19 val ..M DMIVNINNIV DIDNVIN

nMunnnnMvu NiXpeana ’a Q'Nvy 21vn

MHNY

f(x)=x+2sinx P8PNON MM (1
NNIVYNIN DIDOPNN NTIPIY DIPNN MWYKI PIY DINNA

A 1 WUV POVN MISPNIAY 1aYN NPNMN
POUNN NRNYN NN INSD X
pd 5/ TPXPON P2 NIDON NLWYN DTN NN IAYN .2
/ DU NYRIN YT, X -1 PN POUnNn

sin2x+1
, F(x)= 2T rypnan 9 M Pvw N (2

.—0.257 < x<1.757 0NN
,TPNEPNAN SV DIOPHN NTIPY TIT AB PPwn Iy

INMYNRIN TINNN NTIPIN X -1 XD TIN NYYN
/\f{x} NN DINNA X -1 N DY MINPNN G OV

x ABCO 125110 98NY 75 ,C-2 MMonn
OPNPN) S, -1 12D DXPXM PPN 97 P2 XIDIN NOLWN

.S,72 YD y =N PN TPEPNAN 92,1200 MYON P2 XIDIN NVYN
251010 D AB YO NIRNWN NN INNAD N

% ONN IXIMIVYN .2

2

L0<X <27 DINNA, Yy =Sin X+ X PPN NN POV PN (3
JINT NN IPMN DINN NI NP MTIPI MINPNY ¥ DNN . N

, X =27 DAY NTIPIA X =N VXD 7ISPNIN DN IR TN .2
NN IR NOIRNY NTIPIND X -1 PN 72PNN ¢ Y

DMWY, S, - S, 0109V DIMDNRN DXNVYN D ININ

27 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MO N — N AND




et

6 P19 GWL ..M DMIVNINNIV DIDNVIN

NP DY DXANN DININD PNOW PN (4
. .0<x<7z DINM, g(x)=sin’ x+cosx-1 f(x)=cos’x

NN OINNA DN DOV TINNN MTIPI NN INSD N

\ x D990 NV P2 NIYON NLYN IR AYN .
50 .C0S2a = C0S? @ —sin® ¢ TN WNNYN

. f(x)==cos2x—sinx NN f(x) MIPNI LY NINN (5

I\ ‘ PPN MTIPIN DY X -N I NYY NN INSD N

0<x<27 o, f'(x)=0

X
\/ NP PR WK, (X)) =0 NN»PHRN NTIPIN M N
X =T PN DY NINND)
F(X) YPNIN NNINYD 2

PN DINN PPN 9N ININN PO IPND )
LD TINPNO I P2 XIVON NLYN NX IAYN

.Y =—X?COS X+ 2XSiN X+2C0s X TPNPNAN NNMY (6
§ JY'=X2sinx N NPT NN D NN LN
., £ (x) = x2sinx P8PNAN NN PNdY NI
§ L~ <X<7z BNN1

.DXPNN TPYNRIA DWW 7P8PNN 90D ININ .2
N DINNA X -N P TPEPNON 97 P2 IO ALY NN VN )

.DMVNI a,b IWND, f(x)=acosx+bsinx MNP N (7

X =% N2V NTIPI X -1 DY NN NOMN DIPNN
,{o,ﬂ DINN TIAPN XM

2d2-2 xn [o,ﬂ DINNA MSPNAY NNNN XIDIN NLWN DTN

.b -y a ©VNIAN MY NN INNND

28 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MO N — N AND




6 P19 Gwl .. TN OMIVDINNIV DIDNVIN

NOYD Mvn

Y y=x+2.8 (1

S, 3x+2
S, 37-2

A NP NN (7, 7) DTN NP AP PR.X (2
S=0.57"-2=2.934 2

=1538.1 y=1.8 (1

s-15%3 12091 (04), (Z1) x @3
2 3 4
KUY 1 2 f(x)z—lsin2x+cosx.:1 x=2 , iz , &.N (4
2 2 2 6 6
.S= 2(;r2 —4) ~11.74 ) NN NONY .2 NN NONY N (5
b=-2,a=2 (6
29 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY

© NMMPO N — N9 AN



6 P19 Gwl .. TN OMIVDINNIV DIDNVIN

1AMV N1MANT - Nav)

sina+cos’a =1

SIna
tana =
COSsox
COSo
cota = —
SInNx

sin2a = 2sin ¢ cos
cos2a =cos? a —sin*a =1-2sin*a =2c0s* a —1

1+tan’ o =—
cos’ &

1+cot’ a =—
sin“ «a
_— 1
sin a=E(1—COSZa)
) 1
cos a=§(1+0052a)

sinacos B = %(sin(a+ﬂ)+sin(a—ﬂ))

sinasin g = %(cos(a—ﬂ) —cos(a + j3))

COsa Cos B = %(cos(a + ) +cos(a - f3))

30 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© NMMPO N — N9 AN




GOOL

S1Nn Hrawvw2

1 27V 2NXIAT N1AYN

1N a7 NM22NIVIR 00NN 2AL1NRN - 7 2148

01Myn 101N

L NYTNN DY MHTIONN NNONN ,DN0NN DNVIND .1
3 . DMNLIN NIPNY IR, INOVINN NPNVNNA .2
O NPIANVIN ,NITIND 29D DNDNN DNVIND .3
3 NPINOINN OVIVN .4

www.gool.co.il
30

B T



7979 Gwl <. IPDANOIN ,DNDNN T NOPNN

X"1TNN ?2Y ™MD NND1IN ,0NPDNN 271V 1NND

MHNY

:9=1 MYNWA 0YD)NVINN NN VN

4
I x —4x+1 (1
1

2
J‘ 4x+1 dx (2

L 2X°+X+5

Jl'xe‘xdx (3
0

jln de @

jcos2 10xdx (6
0

Jx 0<x<1 4
Cf(x)= GuNo L | f(x)dx (7
1 o 1

'H4+|x—]4dx (8

jmax{x, xz}dx 9

31 wWww.GooL.co.il 9MNY YD) INT MVIDI KON IIND
© PMMYD N — N9 ANd




7979

G,,w; e DPDANOLIN ,DNONN INVINN

90O (10
b b
jf(x)dx:jf(am-x)dx N

a

1 1
_[xm @-x)"dx :jx” @-x)"dx .2
0 0

: f N9NY MSPN HOHW NN (11
7l2 zl2
j f (sin x)dx = j f (cosx)dx .N

0 0

[xfsinx)dx=2[f(sinx)dx 2
0 2 0

.f(x)=jgdt Y19y NI f:[Loo) > R AN (12

1

1
F(x)+ f (;j =2 PNNYNN NN IIND

Ux
dt+ j I ltz dt DW TIYN NN 2WN,DDNLINRN IWN NOD (13
+
1

72 m
"4 4sinx +4fcos x

dx :ywn (14

]’- Xsin x

—adx :1awn (15
1+cos” x

0

DN . f NN INPNS NN (16
a

A F(x)dx=2 f (x)dx w0 f DN X
-a 0

A F(x)dx=0 X - f Or 2

32

wWww.GooL.co.il 9MNY YD) INT MVIDI KON IIND
© YD N — N9 2Nd




7 P19 GOOL - NPDANOLIN ,DNDNN TNV

:18~17 MYNYA DYONLVINN NN YN

j(x3 + xs)cos xdx (17
e

4 -
_[Slnx+1dx (18

2

5 X+l

Jf(x) |sE Y P, X 999 TINT-INY NDNT INPNS F(x) D P (19
2

N [

n (1— f(x)

dx HYMLVYNND NN YN
1+ f(X)

N

: DYNIAN DXDNVINRM TV DX WN (20
”f f (sin x)
f (sinx) + f (cos x)

0

i3 f (cos X)

o f(sinx)+ f(cosx)

wl2 l
(neN) j —  dx
o 1+tan" x

(NANNN NVOY XY NININ) (21

1
1+ x?

l 1
t=— MmN mwa, j dx YVYNN NN YN N
-1

e j.

-1

.1PNON DX 1PA0N .MMV MAIWVN NODP '2-) N DIPYDI )

dx DVNRN NN IAVN A

1+ x?

b4 zl2
.j%dhzj L x5 22
o 1+cos” X o 1+C0s” X

: DYNAN DYYON DY NY (23

1
=== dx YmLrrN NN 1YN t=tanx NI¥NN NIYI X
1+cos” x

V4

1
=== dx 5morxn Ty nxavn
o 1+C0s” X

33 wWww.GooL.co.il 9MNY YD) INT MVIDI KON IIND
© YD N — N9 2Nd



7 P19 GOOL - NPANOYN ,DNONN TNVINN

ToXx
=== dx Ym0o»Nn 7Y N 3N (24
5 1+C0s” X

.[a,b] YOP2 DY NI PIPNS f(X) NN (25

15N DY % T NP X =a NTIPIA TPEPNN N9 PPUNN WM ¥ N

% TP XY X =b NTIPI2 FIIPNON N PPWNN WM X PN HW21PNN

L X PN OWHOIAPNN PON DY
eh

g de Y930PNM TIY IX 12WN

e

NN (26
f Sv MNHN T ORY WD 93 DY INTNMD) NN PN f ON

a+T T
. j f (x)dx = j f(x)dx D»PIN a dWNN 19PN Y99 IN
0

a

: TINAN NMIYLN NN 1IN IN NN (27

b
o _[f(t)dtzO oNY,[a,b]-2 MP¥I NP g f DN N
a

m'-.—.c-

b
f(t)g(t)dt=0w,[g(t)dt=0
Y0P 992 PIAPOLPNY Y f ON .2

PN g(x):jf(t)dt PNPNAN IN
0

34 wWww.GooL.co.il 9MNY YD) INT MVIDI KON IIND
© YD N — N9 2Nd



7979

GOUL

VIV INA )

2 A
5

e DPDANOLIN ,DNONN INVINN

OO MIvn

-6 (1

15
In (EJ (2

—2et+1 (3
1
@
c (

arctan6—arctan3 (5
T
5 6
17
o (7
2 15 1.5
3(-16+6°+7%) (8
17
6
.IN2N NONY (10
NN NONY (11
x=e’ (12

0 (13
T

Z (14
4(

(9

72_2
vy (15
NN NONY (16
0 (17
2arctan4 (18
0 (19

T
n 2,3 ,K (20

% A 0.N (21

NN NORY (22

iarctan (taﬂ}rc N (23

Z"

2
Vs

22
1-/3 (25

(24

35

wWww.GooL.co.il 9MNY YD) INT MVIDI KON IIND

© YD N — N9 2Nd



7719 Gwl .. IVPDIINLIN ,DN0NN TNVIND
NN NORY (26
NN NORY (27

36 wWww.GooL.co.il 9MNY YD) INT MVIDI KON IIND

© PMMYD N — N9 ANd



7 P19 Gwl <. IPDANOIN ,DNDNN T NOPNN

DM?27VIN NIIIMIY N, 270012RN NNNvian

mMYNY

,TPDANOPN PSPNS f:i[a,b] >R >IN (1
[a,b] yopa x Y95 m< f(x) <M » NN

b
.m(b—a) sj f(X)dx <M (b—a) ¥ NN

:10-2 MYNYIA DNYNYN-IN DX NN

2
a1

2 dx
< <4 2
;|.11+x4 (

2
6< j\/1+ x2dx <617 (3
4

2
2< Iexzdx <2e* (4
0

dx<1 (5

4
1 SI dXS 1 (6
4 3

(7

1
ESJ- dx <g (8
9 1

—lgjx-sin(ln()”l)] xs1 9
2 0

37 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© IO N — N 2AND




7 P19 GOOL - NPDANOLIN ,DNDNN TNV

n . 4
I x% arctan (w]dx <X o
0 X+4 6

PD2NOPN 8PNS f:[a,b] > R NN (11

YOPA TPOAMOIN | | DI 2 WY 09NN Yy THNONI
b

[ f(xdx

a

b
<[] (9] dx >3 3N

a

.

xe[0,1] 93 | ()| < jox f(t)dt TN»PN NN PPN f:[0,1] >R >nn (12
.xe[0,1] 995 f(x)=0 » NN

.xe[0,a] 525 f"(x)>0-w o, f:[0,a] > R >nNn (13
. j: f (x)dx > af (2) >3 112N
22PNV IRNIND HIVNIN NMYNPYND NN

b
[lg(t)|dt =0 nm»pnn,[a,b]-2 ne>x7 NP g NN (14

a

.g(x)=0 0»pnn,(a,b) yYopa x 5353 IM0MN

f(x)dx>1 nn»pnn ,[a,b] YOPa 920X PPN f PN (15

.

D — T

. f(x0)>b—1a M2y ,[a,b] yOPa X, DPPY NN

TP20INY NDW TNOMN MIPNS f HONM PYav 1901 n > (16
.[L,n] yopa

E()+ £ (2) 4t T (-1)< [ £ ()< £ (2)+ £ (3) 4.4 F () 53 1950

.|im32|nk 212N DX 2WN (17

n—w N k=1

38 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd



7 P19 GWL <. IPDANOIN ,DNDNN T NOPNN

(a,b) yopanw,[a,b] yopanoxa f MYPNIN OXY NN (18

f M (b-a)’
.jf(x)dxsT W, f(2)=0 191, yopa x 939 f'(x)<M on

DPDANOINR NPSPNS fog:[a,b]>R v (19
JPOU-NR gy oy oo m

[T f0adx= £ O)[ g(x)dx+ f@)] g(xdx-v 72 ,c€[a,b] 7w NN

WWW.GO00L.CO.il 9nXY 199710 INT 210702 NMINYN MNVNY

39 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd



7 P19 Gwl <. IPDANOIN ,DNDNN T NOPNN

N2V, NTTANN a%? DPNN 271V 1RN

: 7=1 MOYNYA MDD NN IIAVYN

4 4 4
Iiml +2°+...+n a

n—oo n5

.1 .2 .. n
SIN—+SIN—+4...+SIN—
lim—21N n n

N—o0 n

) 1 1 1
Ilm{ + +..+ } (3
o N+l N+2 n+n

. n n n
im{ —+—5——=+.+5— (9
o | n°4+1° n°42 n“+n

Iim{ ! + ! +..+ ! } (5
oo | fn2+12 Jnf+22 Jn?an?

()

Iim{\/n+1+\/n+2+...+\/ﬁ}
3/2

n

nN—oo

Iim{ n >+ n 2+...+L2} (7
ol (n+1)°  (n+2) (n+n)

n—w n

lim In(wj avn (8

LDMINN-NRD DINVIN THOYW DT P OVINDI MY NN *

40 wWww.GooL.co.il 9MNY YD) INT MVIDI KON IIND
© YISO N — N 2ND



7 P19 GWL <. IPDANOIN ,DNDNN T NOPNN

(227 5¥) NITHNN 29 DY 12-9 MURYA DXDNVINRND NN 1AVN

1+2+3+..+n=05n(n~+1) : NN NN NYN2 1PN

12 +22+3°+..+n° :%n(n+1)(2n+1)

P+22+3+..+n° :%nz(ndrl)2

: : . sinjasinla
sina +sin2a +...+siNna = -
sin4

jfsin xdx (12 .l[xsdx (11 szdx (10 j.xdx (9
0 0 0 0

4
. j x2dx NN Y97 HW NYTINN 299 1awn (13
1

2
.Jédx NN Y YW NTHNN %99 1avn (14

1

0 1 2 3 n
.P= {1: 21, 20,20, 20,20 = 2} YOPN DY NRAN NPIDN WNNYN : 107

wWww.GooL.co.il 9MNY YD) INT MVIDI KON IIND
© YD N — N9 2Nd

41



7 P19 Gwl <. IPDANOIN ,DNDNN T NOPNN

OO MIvn

1
= Q
c (

1-cosl (2
In2 (3

Z @

In(1+\/§) (5

1.5
22
15 3

=3
N

(7
(8

|
[N

(9

(10

(11

N OBRIERE Wl N

(12
(13
0.5 (14

N
[

42 wWww.GooL.co.il 9MNY YD) INT MVIDI KON IIND
© PMMYD N — N9 ANd



7 P19 ch)L <. IPDANOIN ,DNDNN T NOPNN

NI22VINN vavn

MHNY

: [a,b] YOPA A NOPN NN DRN MNIN NPEPNANN NNX 9 N2y P72 (1

X x#1

[a,b]=[0,2] f(x)=4x-1 N
1 x=1

[a,b] = [~4,14] f(x):"zj—x+1 A
X“+1
4x  x=1

[a,b]=[0,9] f(x)={_41 1 2

: DONIN OXOYON DY DY (2
. [a,b] YOP DWW D12 VIN NPNX NDIPT NNKPNAY ININ N
2 TPDYANVINR NPRY DNDN YOPA NMIDN MIXPNAD NOITINYD .2

,[-1,1] YOPA PYLIPNRD THPNVINN XPNY IINT INSD )
JUPA NODIINVIN NPNY

PN NNDY KD IN IO NN DX WP ,NNIYOLNN NNR 93>0 (3
,[a,b] yopa, f 5270 PN NP N
Y YOPA NIDYTR TINPND NY PRY
,(a,b) yopa nw [a,b] yopa nmonn, f 8PN NHMP A

.[a,b]-2 19>27VIN NPNY

0 xeQ, x;t%, x;t1

4
(X)) =41 xeQ INPNON NN (4
2 x:l, x:1
2 4

2[0,1] YOPA MAMOLIN PPN ONN

WWW.G00L..c0.il 9NN 19PN INT 7)IVIDI MINDND MAIVND

43 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© NMYD N — N9 2ND




GOOL

SN0 Hravw2

1 27V 2NXIAT N1AYN

WK1 1TDN MXNvnN - 8 i1a

01Myn 101N

(V00 N N .1
B DOYNVN NTINN .2
BO NYNT ITON INDD INNWN .3
www.gool.co.il
43

4—



8 P9

Gwl NYKI ITON MINNYHD

DNYN nmMan

MHNY

:INID MNNYND DN IIND
dy x°

X o
(y=0) ™ y(

1-x)y'=y* @

yy'V1+ X2 +x\/1+ y>=0 (3

: dy
y@2)=1; (x-)-=>=4y (@4

dx
y()=-1 ;ﬂ:xy+3y—3x—9 (5

dx

(¥*y—2+2x* —y)dx—(xy* —4—4x+y*)dy=0 (6
dy=2t(y*+4)dt (7
—=X"-2Xx+2 (8
y(z)=1; y'+y’sinx=0 (9
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f0y) =In({+y7) @2

f(x,y)=sin(10x+4y) (13

f(x,y,z)=xyz (14
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S (xy)=In(xy=x*—y*) My, f, (11) yawn (15
f(xy)= In(x2 + y2) My, f,(11) yawn (16
(% y)=PE+y? My, £, (11) awn (17
X2
f(xy)= N (18
Iny+x
0% f o* f o* f
2 (Le), W(Le), (Le) xawn
19950 NYYN
of of
fX:&:fl fyzazfz
o’ f o’ f
f=f(xy) = fXX:¥:f11 W:W:fzz
o* f o* f
fxy = G'y@X =l fyx = 8X8y = f21
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fy =_2X2y+10
fy =—4xy
X
y —_ —_—

y

3

f, _ax

y

f, =3y” —6x

f =-6

f, =3y?+3-3x—6y

f, =e” 'X(X2 +Xy+1)+(0+ x)-e¥

f

f, =x*—2xy

f, =™ (X* +y* +2y)

, =e—x2_y2 (4y_2X2y_4y3)

=X (—2x)

f _ e7X27y2

GUUL

fxx :8—2)/2
f, =—4xy
f,=12x%Iny
3
o _ax
y
fxx = 6X
f, =6
o = BX
fXy =-3
f =2y

fxy = fyx :2X_2y

f,, =2[0-6x-1-54+0+0]

f,=e” (X2 + xy+1)

nYPON M

NOYD Mvn

f, =-2x°

yy

f =4xIny

f =3x’ -6y
fyy =6y

f, =3x*+3-3y

f,=6y—6
f =2xy—y?
f, =-2x

vy

f, =2[8xy—3y’-1-24x—0+57y-1+72+0+0]

f, =2[4x2 -1—3x-2y—0—54y+57x-1+0+27+0]
f, =2[8y—0-24]
f, =2[8x-1-6y—-0+57+0]
f :exy(xy+ y? +1)

o :exy'Y(Xy+ y?+1)+(y+0+0)-e”

fy =€ x(xy+y? +1)+(x+2y)-e”

f e (x4 7+ 2)

’ fxx =e* (X2 + y2 +2X)+(2X+2)ex+y

vy

f, =€ (X’ +y? +2x)+2y-e

fx — e—x2_y2 (ZX— 2X3 _4Xy2)

(2x-2° —4xy? ) +(2-6x° 4y Je

f :eX+y(x2+y2+2y)+(2y+2)ex+y

X+y

2

(-2y)(4y -2y —4y°)+(4-2x* ~12y*)e "

fxy =e" "’ (—ZY)(ZX— 2x3 —4xy2)+(_4x,2y)e—x2-y2

f =8x-2xy*+4 (1

(2

(3

€

(s

()

(7

(8

(9
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2y 2X
I f=—2% (10
Yl x4y lex 4y’ (
. :2-(1+x2+y2)—2y-2y _2y-2x
Y (1+x°+y?) W (1+x2+y2)2
2(x* +y®)—-2x-2x 2
x ( ) 2 fy:2 2 f><:2X2 (11
(x2+y2) X2 +y X2 +y
f 0(X* +y?)—2y-2x f 2(X* +y?)-2y-2y
Xy (X2+y2)2 vy (X2+y2)2
f _2(X2+y2)_2X'2X.1 fo_2y 1 fo 2 1 g,
x (X2+y2)2 3 Y oxP+y? 3 ©oxXP+y? 3
f _O(x2+y2)—2y-2x& _2(x2+y2)—2y-2yé
Xy (X2+y2)2 3 (Xz+y2)2 3
f, =—100sin (10x +4y) f, =10cos(10x+4y) (13
f,, =—16sin(10x+4y) f, =4cos(10x+4y)
f,. =—40sin(10x+4y) f,, =—40sin(10x+4y)
f,=Y fy =2 f,=0 f,=yz (14
=X fyy:O fyX:z fy:xz
fzz=0 fzy:X fzx=y fZ=Xy
-2 (15
-1 (16
1
-—= (17
2\2
!
e e) (18
16
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10 P19 GWL nYPON M

NYTANN a2 N1P2N NN

MHNY

Xy
X,¥)#(0,0
(% y)={x +y° (xy)=( )mxpmnmm) 1

0 (x,y)=(0,0)
.(0,0) NTIPI2 NNAN MPIPNAN DY NPPINN MMM DX IAVN N
1(0,0) NTIPIA NN PSP ONN .2
DN NN NN PPIN NP I¥PNY DN )

3

X
R (x.y)=(0,0)
Fy) =1 +y S5¢ NPPONN MDD DN INSD - (2
0 (x.y)=(0.0)
.(0,0) NTIP12
2
(v+x*)
F(6Y) =1y ext (% ¥)#(0.0) 5y nyym5nn MmN NN NSD (3
1 (x,y)=(0,0)
.(0,0) NTpP1na
ysin x
- X, ¥)#(0,0
F(xy)={x+y (x.y)=(0.0) PNPNAN M (4
0 (x,y)=(0,0)

.(0,0) NTIPIA NN NY PNV ININ K
ANV (0,0) NTIPI2 NPPIN M MNMP DIYPNDYINDIN .2

X +y’
ez (xy)#(0,0)
X y)=1xT+y NP N (S

0 (x,y)=(0,0)
PNPNN OV NPPIND MINTNN IR VN N
1(0,0) NTIPI2 MOXT PPN DY MPIND MIIN DX .2
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Xz_yz
X X y)#(0,0
f(xy)= yx2+y2 (xy)=( )mxpmn mn (6

0 (x,y)=(0,0)
Y N OOy, £ (0,0)=f,(0,0) OXNIPT X
7(0,0) NTIPIA MY MANYNN MINN O .2
Q4 ="f__ (L4) ONN .)

: fyxyxyxy XYXYXYX

nhi'n!
2 PYD 7-1 6 MORY — NPANIKIINT NIMDN NNN PN TYNNL DXODN DIININ

PID MAIVN

(0,0)NMpaaney¥IN>.a (0,00=0, f (0,00=0 .8 (1
1987 NIONA NN TPPON NPT INPND L)
f,(0,00=1, f,(0,00=0 (2

£,(0,00=0, f,(0,00=0 (3
f,(0,0)=0, f,(0,0)=0 .2 NN TORY X (4

x* +3x%y? - 2xy*
2 (x9)20.0)
Fooy)=1  (X*+y?)
1 X,¥)=(0,0
NPNINT 2 c 3( ¥)=(0.0 N (5
2y° +4x°y° = 2X
Y222 22 (xy) % (0,0)
f,(x,y)= (x +y )
0 (x,y)=(0,0)

f,(000=-1 # f,(00)=1.% (6
322 .(0,0) TP MK XY MIANWHRI MM .2
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SN0 Hravw2

1 27V 2NXIAT N1AYN

D INYN 1abn 2V NXpnal Nvawvn 222 - 11 71a

01Myn 101N
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11919 Gml 09901 DY NPXPNNA NIVIVN DD
DINYN 1abNn 7Y NXpnail nawvavn 222
NP NMIVIAN MITIN 55w NN ,NT P91 DXYNINA
MYNY
X=2u-Vv, y=u?+v?  z=In(x2-y?) :ym @
.2y, Z, :72WUN
vV=4t+k, u=t?+4m, z=¢e""V . pm (2
22, 2, Z, 2 )AVUN
2=f(x2=y?) :pm (3
Yz + Xz, =0 Hom
z=T(xy) :pm @
X2y =Yz, =0 100N
z=f1 (EJ M (5
y
X-Z,+Y-Z, =0 Hom
Z=FT(X=y,y=X) : ™ (6
2y +2,=0 :noom
w=f(x—y,y—2z,2—X) :pm (7
Wy Wy +W, =0 0N
.u=sinx+ f(siny—sinx) : (8
.U, COS Y +U, COSX =COSXCOS Y :IN2MN
68 WWW.G00L.co.il 91NNY 10327 INT 1IVIDA XON NINSD

© IO N — N 2AND



11919 val 09901 DY NPXPNNA NIVIVN DD

.Z=Xy+xf GJ ;M) (10

XeZy+Y-Zy =Xy +Z 0N

—x2. f| Y 2],
u(x, y,z)=x f(X,XJ.nm (11

XUy + YU, +2ZU, =2U :)n00m

h(x y)=f(y+ax)+g(y—ax) : pm (12
hy=a%-h,: on

u(x,y)= f(e*siny)—g(e*siny) :ym (13

NN
u,, —u
uXX +uyy:XX—2X N
siny
Uy =Uy 2

£'(0)=2, g'(0)=1-v T ON,u, (L7) NXIAVN )

? Pxy

.y=rsing , x=rcosé@ , u=f(x,y) :m (14

.(ux)2+(uy)2=(u,)2+r—12(u6,)2 PN LN

Uy, = f, cos?6+2f,, cosdsind+ f,, sin’ G :xvom 2

1 1
o+ fyy =Uy +Fu% +Fur NN )
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11 P9 G/WL .2 9901 DY NPIPNA NIWIVN DD

NXNWN IR M»pn u= (X, y), v=9g(X,y) » nnn,z=h(u,v) pm (15
Uy =V, Uy ==V, MD»Pn Mo y-up
92 NN
L0995 INNVN AR MNPPN U,V K
Ny +Vyy =0 197 Uy, +Uy, =0 955

he +hyy :((ux)2 +(v)()2j(huu +h,) 2

.y=rsinhs, x=rcoshs, u=f(xy) ) (16

2 2 2 1 2
(u) = (uy ) =(ur) —F(us) £ I179I1
(o ty)=t"-f(x,y) ON,n 3700 7N XN f(x,y) mspna (17
SN, TN fOX Y IO
x-fo+y-f,=n-f(x,y) .N
x*f +y*f, +2xyf =n(n-1)- f(x,y) .a

Xy X, V) #
~Z=f(X,y)= X2+y2 (7y) (0,0)

0 (x,y)=(0,0)
.(0,0) NTIPI2 NMPEPNAN SY NPPONN MININ NN VN N

PNPNIN NN (18

X=2t,y=t M .2
PY 9INa 2'(0) INOHYIYN
X=2ty=t P )
NIVIYN 99595 z'(0) NNHIVYN
JPDANINIINT TPINPNAN DR WIAP ,T202 ) PYD NINNIN NNYA .7
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Gml ... 9901 YV NYNPNA NIVIVN Do

NYAYD MIVN
1 1
z, = 7y 2% 2+ 7y (-2y)-2u (1
z,=e""(1)-2t+e"V(-1)-4, z,=€""(1)4, z =e""(-1)1 (2
t
- ) (13

JVDANONIDTND T 0 ) %‘3 f,(0,0)=f,(0,0)=0 .8 (18

GooL..co.il 9NNY 19120 DININ NMNINAT , NN MORY N MINYN INY
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12 P99 GW‘ LN DYIVIDOY - MININD NYIPNS

1J2VN 1an - NININY NMXpna

MHNY

X2y =Xy +19UND Y INOINSD (1
.Y'(0) nxavm

&Y+ x2y2 =5x—4 qwuno, y'(D) NNINSD (2
2Inx+Iny=19wxo,y"(e), y'(e) nnxsn (3

(z=12(x,y)=0) 22— L (x+y)sinz=0 pm (4
oz
oy

oz
.&(O, 0), —(0,0) nxH»awn

(y=Y(x2)20) 22— +(x+y)sinz=—e* ym (5
-¥x(0,0), y,(0,0) nxrawn

1 1
.x—y=x~y~f(;—zj INNWNRD N (6

Xz + Yz, =127 92 PO

(z=12(x,y)20) *-2xz+y=0ym (7
.2y (LD e

CINOINSD L (2,1,-2) NP 22 -3Xyz =4 nxnwn Dy (8
Z,(2,) x
Z,(21) 2
2,(2,1)
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U2 —v=3x+y
: , s MNNYN NOIYN NN
u—2v-=x-2y
Uy, Vg, Uy, Vy INDIVUN X
Uy, =U, XN .2

N2NYNN MDD LAVYN DY THNDNY PN 12 PYDI : NIYN*

X=U+V
y=U%+Vv> :MIXNYND NOIWHN NN
w=ud+Vv?
Wy, Wy, IN2WN N
Y Y, 2UN 2

Xyz =4
. :DIRNYND NOIYN NN
X+y+z=4

L2'()+y"(x) =0 20N

xcosu+ysinu+Inz = f(u)

. ) : NOAYNN NN
—Xxsinu+ycosu = f '(u)

D INIMN
(zx)2+(zy)2:z2 N
Z, =1, 2

NIAMYNN MINN LIVYN DY THNDND PN 2 PYOI : NIYN*

(9

(10

(11

(12
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NOYD Mvn

y'0)== (1
y'@)=

yi(e)=—2, y'(e)=
e

1
5
5 (2
(3

sinl

2,(0,0)=2,0,0)=-==
1

¥,(0,0)=0, y,(0,0) = (5

2¢’
NN TONY - (6

2, (L) =-16 (7

z,(2)= ny(2,l) =1, Zyy(2,l) =4 (8

12v-1 N+2  3-2u  4u+l (uv;«tlj x

u =——,u, = WV, = WV, = (9
8uv-1 8uv -1 8uv-1 8uv-1

.NOYN NONY A
ow

ow 3
—=-3uw, —=—(v+u) (u=v) .X (10
OX oy 2( )( ) (

y__aw y 2

X v+u ow 3(v+u)
NOYN NONRY (11
NOYN NONY (12

(u=+v) 2
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WANRNN 19N = NMNINY NXpana

MHNY

Y HY Ay =xE =1 nNnwnn ny - (1
NPT NIRNWNN NIV, (2,1) NTIPIN DY N0 NROPY ININ N
Ly = f(x) D8pNo
.f'2) nxyavn a2
.(2,1) DTIPI2 D.9.0 NN DIPPNN OXNIPTL )
A2UNN X 939 y = f(X) MSPND NVTHIN IRNUYNNIYINDIN T

X y+eY =17 NN M (2
NPT NIRNWNN DAY, (4,0) NTIPIN DY N2X20 NHMPY INDIN N
LY =Yy(X) DONPND
N2 NTIPI2 TIN IN N IXNIWNN NN INNNN DIPYN ONNIPTA .2
.Xx=4
DRNYNN DN NNPPRY NTIPI DI MN2Y DOPNN D.9.9-Y NN )
SUNN X 935 y = f(X) MNP NPT DIRNVOIYINDIN T
ST PYD MINXXIN /) PYD NMINSIN P2 NWN 1D

VX -3y 4+ 6x2 43y —12x+7 =0 INNWHN M) (3
(2,1) DTIPIA NMINDN MNP VIV ININ DMIPPNN ORN IPTA .N

MTIPIN N0 X DY 7PIPNDD y DX NPTHN IRNYNN OND .2
N PYDI NAIWND NPND NTNIY A PYOY NN OND )

LOIRNND F (X Y) 7INPND YPTIN MININ MXNYVORNIN NNR D120 (4
0.9.0 NN OOPNNY T, (X, Y,) NTIPI NNMP ONNIPTD
20aVNNN PXONY 1NN NN NIPN YO IPTa
X +y*+4=0 .N
Xy —40x =100 .2
X —y*=3
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2%+ yP—6xy =0 NNMWHRN NN (5
PINDN MIIPNAN VIVN DPPNN 1NIY MTIPIN DI NN INND N
JONTIPINIAY y' INMIVYN 2
10.9.0 DM»PNN XD N2 MTNIPIN DY NT A5V IMD OIN NN L)
1

L DVIVIVN THD HY ,IaAPY ,INNWAN VIVIYY P97 MDINI IWHNYN .
NN 199NN N220 NP ,0»PNN KY ©.9.19 )N MTIPIA ONN
X 9W PNPN XN Y 1) DTN

(a>0) x*+y*—3axy =0 : N2 INNWHN M (6

VNN MPEPNON VIVYN DPPNN 1NIY MTIPIN I NN INSD N
DONTITIPY MY y" IXIAWN .2

X4+ y? =R nRnvnn ny - (7
PINON TINPNON VOVN OPPNN 1NIY MTIPIN YD NN INND N
DN WAP ,MNMINDN NPIPNN LIV DOPNN XY N2 MNP .2
cy = f(X) 7PXPND NINNND IXIWNN N2 NTIPIN DY N0 NP
: DYIVT YNV NINT VY
LDIPYN DV O MNONOIT DY .1
2NN DY .2

SUNPN MNP a VNI, ax’ +y* —xy =0 IRNWHN NN (8
MNIN NN NDOPN NI TR, NINNYNNI DR INDMPN (X,,0.5) NTIPINY T

.NINDN PPN VIVN

.2 VPN NN X, ININYD N

ND TN NN DXNYNN IR MNMPHRY M0 MTIP) MN»P ONN .2
AMININSD ;)0 DX 70.9.0 IN MN»PN

,DIVIVYN TN HY ,IWIAPY , INNYNT DIVIYD NP9 NIDINL NNV )
NN 19991 N30 NHMP ,0PPNN XY 0.9.0 102 MTIPIA OXN
X DV IINPNA NI Y N NTIPIN

NOW NPAYNN NTIPIN NIAYY ,1P99) 1IN WIOW ROY N .7
y NN NP0 INNYNN NIV N0 NHMP KD ,D.9.0 NN NNYPN
X DY INPNAD
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Xy =Iny—Inx+1 pxnwnn nnny (9
PINDN MIIPNAN VIVN DPPNN 1NIY MTIPIN DI NN INND N
JONTIPINIAY y' INMIVYN 2
10.9.0 DM»PNN XD N2 MTNIPIN DY NT A5V IMD OIN NN L)
1

L DVIVIVN THD HY ,IaAPY ,INNWAN VIVIYY P97 MDINI IWHNYN .
NN NYYI0N 1220 NP ,0M»PNN KY ©.9.0 N2 MTIPI2 ONN
X 9W PNPN XN Y 1) DTN

,0PNN XD 0.9.0 102 MTIPIA OXN WIAP N9 MINI VINOYW NID .1
JPNPND NIRNND NNNWNPN N2 NTIPIN DX NDYINN NIAD NPMP

(e=2)Inx+Iny=y-1 nxXNwnNn N (10
.(e,€) NTIPIN MY DPPNN ©.9.0 ONNIPTL N
X =e NMPN NNIN DIPYN DY MTIPI NND
PR PYD2 NVNY NPNDA NTNIW 2 PYDA NIWNN ORN
0.9.0 NN MNMPNN MTIPIN I NN INSND
210 MTIPIA NN NN HIVN .
D»PNN XY N2 MTIPI2 ORN ,WIAPY 1IN DY 797 NIDIND IWHNYN
Jy = (X)) 7PNPND NPT INNWNN NAY N0 NINND N ,0IWNN

PN NDD NN NN DYIN P, PYD OV INN 3

J 49 L

.
—t

.(0,-2) TP NN, y2 +6xsiny =—8 NNIWHN NNM (11
TIPIN N0 Y = y(X) ISP NPT IRNVNONIY INDIN N
2 TON YNMOPN NVY y(X) IXINNS .2

: DYNAN DXOYON Yy Ny (12
X =g(y) My MNMINDN NYSPNIND VIV NN INDI N

x=In(x*+y*) nxnwnn My .2
NN PTIN INNWNN NV, (0,1) ATIPIN SV N1 INMP 23 1NN
X=g(y) ,y DV 8PN X

.g'(1) PXYAVN )
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Xy =Iny—Inx+1 Dxnwnn nnnd (13

X NN DTN IRNWNN NAY, (1,1) NTIPIN DY 12220 NNMP D NI N
X=g(y) ,y Dv 8PN

.g(y) 9v Ompn DoPNn NTIP) NN (1,1) NTPINYININ .2

: 3Py —yz° —4xz =7 NNNVWNN DNN ,2-N D¥9OY02 (14
1(-11,2) PTIPIN NDADA Z = z(X, y) NOIND MIPN NPTHIN .N
1(-11,2) "TIPIN N0 Yy = y(X,Z) DNOIND IIPNI NPT .2
A(=1,2) NP2 1IANONINT Y = y(X,Z) TINPNANVINDIN )

X =y =722 =3x%y +3xy® +32° =3z -1 INNWNRN NN (15
: INNWNN DNN,D.9.0 TR0 YY ,2-NX DX9OYDA
1(1,2,0) DTN N22202 2 =2(X, y) NOIND DIIPNY NPTHN N

1(4,4,1) NTIPIN N2>202 Z=2(X, y) NOIND PPN NPTHN .2

TIND MIYPND NPTIO INNYNNY ,D.9.02 WY K9S IO )
(4,4,1) DTN N2103, 2 =2(X,Y)

Sin(x+ y)+sin(y+z) =1 DNNWNRN N (16
Y = Y(X,Z) TPNPND DTN DRNWNN NV NADIY NTIPI INSD
IR NOXPNAN PAY; J'H’P'Jl'\ﬁ NN NN INSD)

s MNNWNIN NOIWN N (17
) x=u+v, 2)y=u’+v>, Yw=u’+V
,W=W(X, Y) 9N2Y NINDN MIXPNN VYN ININ DIPPNN ONN IPTL N
(% y,u,v,w) =(1,1,0,1,1) DTy
W, W, IN NTIPIAAVN 0¥ NTNI
(G YU, v, W) =(2,2,1,1,2) DTIPIN N1 /N PY0 DY NN LA
NN MY, (X, y,u,v,w) =(2,2,1,1,2) 7PN Y¥ N2>20 NNH»P ONN
TW=W(X,Y) TPNPND NPT MWD
W, W, IN NTIPIAAVN )DW NTN2

TMINDN MPXPNON VIV DPPNN TNIY ,NYINI MTIPIN Y IR INSD .7
w=w(X,y) My
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12 P99 Gw‘ LN DYIVIDOY - MININD NYIPNS

S MINNWNN NN NN (18
1) x=acos¢cosd, 2)y=bsingcosd, 3)z=csind (a,b,c>0)

L= g(X,y) MIY IMNDN TPXPNON VAYN ININ DNMPNN DX IPTI N
.4, =0, :% D29 NPNNNA , P, NTIPIA

9,9, IR NTIPI2IIVN IOV NTNI
PV IVIN OT DY NIVNN IR IPTA
, 2=12(¢,X) 72Y NOINDN NIXPNON VAVN YNIN DINPPNN DNNIPTA A

.4, =06, =% DYYY NIORNNN , P, NP

.2,,2, DN NTIPIA VN ,)OW NN
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12 P19 GJWL LN DYIVIDOY - MININD NYIPNS

NOYD Mvn

4

NN T 22 9 A NN N (1

NN ST Opyn 2 NN N (2
N N0 T PYD NIRNIN D NN T

ND D oA DMIPII N N (3

0.9.0NN NN NOMPN OWNnY (1,140) NP .2 IYP XD .N (4
0.9.0 NN IR NPYYPN ownd (2,1) NTPIN )

.(0,0), (2,2) MMPINN NNY N, INNYNN DY (X, y) NTIPIDI.X (5

,__2x2—2y
y® —2X

.(0,0), (%/Za, %/Ea) MTIPINN NNV WX NN DIPYN Y NP Y9 X (6

el fotly-s ) o
. y? —ax y? —ax

N9 T 1090 ) a

y - A
(v -ax)
.(R,0), (-R,0) mMIPIynn NNV WX DHvNn Dy MMpn Yo X (7
UITIO N0 NHMP ND .2
.(0,0),(-0.5,-0.5) ,30 .2 X, :%, a=3.N (8
NN NORY T ND )
L(LY) TP ANY VXY, xy =Iny—Inx+1 SYv (X,y) NTIPI YD .N
1,2) ) Iny—Inx+1 5yw (x,Y) P ¢
1
MR RS N+T 10D L) y'= —% A
Ty
N ) MNPV A )9 .N (10
A(1,1) TP NNY IR DIPYN DY NTIPI DD .7
(x>0,y>0,(x,y) = (L1) y'(x) = (2=e)y
x(1-y)
NN NORY 3 AMIND D
p,(X)=-2+ %sin 2-X+ %sin 2(sin2—-2cos2)x* .2 .IN2N NORY N (11
g'D=-2 . NN NYRY .2 JVI0 NN LK (12
.IN2N NONY .2 NN N (13
.IN2N NORY L) 30 A NO N (14
OO IONY .Y IYVTD I ND 2 39N (15

y,(0,0,0.57)=-1, y,(0,0,0.57) =0 : yn "M (0,0,0.57) NN NTPIN (16
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LDMMPNIN KD A @(1,1):§ ,@(1,1):0 N (17
oy 2 OX
D={(x,y)eR2|y>%x2} T w,(2,2)=-3, W,(2,2)=3 .
@_ 2 a&_ 3 W__ b W1 g
x a 'o¢ 2 & a3 'ay b
81 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY

© IO N — N 2AND



12 P99 val LN DYIVIDOY - MININD NYIPNS

OMIVNIXRA DYYVINY

MHNY

2 2
X 4
(z<0) Z+ y? +§ =3 PNPNAN MY ITIND NLWHN P (1

1X=-2, Y=1n2,P nTipda nowny powun MUn IRNYNI NN

,(—2,2,-2) N2 Xyz =8 nuwnd Prun NN HY NNNYN IR (2
I NTIPI PNIN NVYNY 2NN YIVNIIN TN DY IRNWYN 1

, X2 +8y2=21-277% nowny pPwnn NN INSD (3
. X+8y+18z =0 7wnd Hapnn

SIVWOD NTIPI PPWNN MR 1vavn X +.JY +4Z =va nowny (4
JNNNN,AB,C MTIPIA X, Y,z DY PN NN TN DT NN
.0=(0,0,0) : oo

.OA+ 0B + OC =a yn
(NPYNN NTIPI2 NN 1R DIYOPN DIIFDY NI NYYND)

.(1,2,-1) NP NN, X°yz +3y? =2xz° -8z nLWNN PM (5
L X+3y =2z =10 7M1 DX TNIN,NNNIN NTIPIA NLWNY 9NN WD

QT2
.Q NTIPIN NN INNN

NNAWN 12NN TN 929 THINND X° —2yz+y° =4 NOYNRNIVIRIN (6
.(L,-1,2) NN NP, X +1=(2-4a)y* +az’ DNOWNN

,C:x=6sint, y=4cos3t, z=2sin5t DIPYY PPUNN WD NXNYN INND (7

1
t=27 mnmpa

82 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd



12 P19 GJWL LN DYIVIDOY - MININD NYIPNS

:DXNIN DOPYONIY DY (8
,C: x=x(t), y=y(), z=2z(t) Opy M .X
.DIPYN INNWNI t =t; NIANNN NOAPNNT, P (X, Yo. Zg) NTIPI NN
N> DIPYD 91N NN IXNYI D ININ
. X'(to)-(X—X0)+ yl(to)'(y_yo)"'zl(to)'(z_zo) =0
DIPYD DNINN NN IRNWN NN INSD .2
,C:x=6sint, y=4cos3t, z=2sin5t
.t=0.257 N2 NMPA
Coix=2t+1 y=t*-1 z=t’+t
, MMPY >NY MNNY (9
C,:x=s" y=-s z=s-1
NTIPI2 MONN JPNY I, S NLWN DY NINNNDI NIMIPYN SNV O NNN
XY IVWINI NINSOIN

DIMIPYN NV P TINND NTIPI DN IRYD N

TIIPNN NTIPIA MMIPYN SNWY PPUNN NN INNWN DX INSD .2
DIMIPYN NV Pav

Cix=2t+1, y=t"-1, z=t*+t
,C,:x=5", y =—s, z=s-1 MMmpy viov nmn (10
C,:Xx=U+2, y=u, z=u’-1

NTIPI2 NMONNI INVIDY 1Y, S NLWN DY MINSN) MMPYN YIDY ¥ NN
CXY YN NINNIIN

INIPYN SNV PR IINN NTIPI DX INSD X
1PN 1S NLWNY PEVN NYIN PIAYND 1N DN NTIPIA OXN .2

: DONAN DXOYON DY NY (11

F(x,y,z)=0
, :01‘7”5 POVYNN VN IXRNYNDY NN .N

G(x,y,2)=0
0: P+t-VF(P)xVG(P) NN, 19w P nTipaa
: DIPYY PPUNN WD DRNWN IR INSD, (L-11) NP2 a2

2xz—x’y =3
Xy +y’z=-2
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12 P99 val LN DYIVIDOY - MININD NYIPNS

: DYNAN DYON DY Ny (12

F(x,y,2)=0
, DIPYY Y2071 NN IXNYNIY INIIN N

G(x,y,2)=0
,a(x—x,)+b(y—y,)+c(z—2z,) =0 NN ,PO¥W P N2
.(a,b,c) = VF(P)x VG(P) TWN>
:DIPYD OINDINN NN IRNWN NN INNA , (L,-1,1) DTPI .2
2xz—x’y =3
{3x2y +y’z=-2

.X=ucosv, y=usinv, z=u*+V? Oy r:R* - R mypnon nnm (13
1POUN NN DOP 1NIYY MTIPIN 1IN
(u,v)=(1,0) NTIPI,POUNN NYINN AINNYN NN INYN

NOLYND THINRND ,NTNN NOPND NV INND (14
,X=sinucosv, y=sinusinv, z=cosu
.uel0,z], ve[0,2z] Ty
192770 NLYN NPNAI
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12 P99 GWL LN DYIVIDOY - MININD NYIPNS

NOYD Mvn

3x-6y+2z+18=0 (1
X—y+2+6=0,(-2,2,-2)+t(1L,-1,1) (2
X+8y+18z=21, x+8y+18z=-21 (3
SN NONRY (4

Q(7,-9,-15) (5

NN NORY (6

0: (%Y, z):(3\/5,—2\/5,—\/§)+s(3\/§,—6\/§,—5\/§) (7

3x—6y-52=262 .2 NN NONY X (8

X—2z=1.2 P(1-10) .X (9

.N2.2 LP(R-10) 20 TONN NPV 5AP) .N (10
(x,y,2)=(,-1,1)+t(3,16,2) .a .IN2N NORY N (11
3x+16y+2z=-11 2 NN MONRY X (12

—2x+z=-1  .(0,0,0) vy ,NTPIY> (13

,1 DT 0Y , DV YN BIINY NI, A= n_ _xyz) (14

Al 2 +y?+2°

X4+ yi 472 =1 . Imnonv
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1 27V 2NXIAT N1AYN
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01MyN 12N
DOINYN NV DY PPN NO»V NN .1
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13919 Gml DY DV TPINPNAY ND»V NNDN

DNINYN VY 7Y Xpna? M1?2»v nnon

MHNY

- (a,b) NTPIN 2220 MW YTD TY N1V NVY 4-1 MYNVYL NPIPION NN INND

(a,b)=(12) f(x,y)=x?y+3y-2 (1

(a,b)=(0,0) f(x,y)=@+y)InA+x-y) (2

(a,b)=(0,0) f(x,y)=eV>Y (3
(a,b)=(20) f(xy)=3 >):2+_y)2/ (4

Jn(L.5) nx 2y P2 awn 2 NHRY DY RN NNYA (5

.€% NN 2P 1IWN 3 NHRY YW IRNIND MY (6

32 A nvn 4 NN Y ININD DY (7
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13919 Gwl DY DV TPINPNAY ND»V NNDN

A0 MAIVN

f(XY)=6+4(x-D+4(y-2)+2(x-1D*+2(x-1)(y-2) (1
1.5 _E 2

f(x,y)_x—y—Ex +2Xy 2y (2

f(x,y)=1+4y—x*+7y* (3
e v o e E (2 v —

f(X,y)—1+3(X 2) 3(y 1) 81(X 2) +9(X 2)(y-1) (4
3

2 (s

19 (6

CLe
81
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13919 ch)t DY DV TPINPNAY ND»V NNDN

MINM2N 21PN MNP - D?2WN 20X arTh

MHNY

.In(0.01°+0.99°) : 1y PPanawn (1

(‘/ 15.09+(0.99)? 5w TIyN NN 21PP2INYA ,DOWN SNONIDTH NNYA (2

ANAMNIOPTI DY DTITRN MXRXIN THD DY 203 HW NN NN awN) (3
, 2% DY N2 NN DPTIN NTITHI PO NRIYNIY N
4% Sy N2 NN NIANN NTITHA NPONN NRDYNIYY
2VINNM NI NIVANRD THIODIOPNN NPONN NIRIYN NN TIVN

.a=10cm, b=24cm Y2502 MYOX >NV N (4
TNIR DY (ONOXIIDT NITY) ANPNRN MNPWYN NN PIITHN MWD NN VN
Amm 23982 b YONN NNY 4mm -2 19N> a YONN DX ON 129070 IOION

N2 NN NN DX ,NDN DY THIRD DIX YT (5
.5% Dy NDW NN DTN D2 NMOMN NNMWYN
NOION DY TIINA NIVIND NIDNDI0PNN MOMN NNV NN IDIYN
SDTIN MNRXIN 29D 2aWvINHNN ,NNN

A0 MAIVN
~-0.01 (1
2- L @

3200
8% (3
.0.06153 : 2PN "v,0.06472 : pYTR NPV (4
5% (5
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14 P19 GWL LU OY DY TPNPNAY 9IIN) NP

DINYN MY 2 nXpna? 901N NXp

MHNY

,8-1 MYNWA NPIPNOIN NNN 9 M2y
;9N IN DY ,DIOPNT JMN NN NPVIP MTIPI INSD

f(x,y)=8x3+12xy+3y*>-18x (1
f(x,y)=x3+y>-3x-12y+20 (2
f(x,y)=x3+y*-3xy+4 (3
f(x,y)=3x—x>-2y?+y* (4
f(x,y)=e¥>*Y (s
f(xy)=yJx-y?-x+6y (6

2,2
oy =Y @

f(x,y)=e*cosy (8

2=X3+ Y3 =3xy+4 nown Py (9
NOWRY DOPAIRN DIPOWNN DINWNN MINNIYA NN INSD

NLYY N2XNN YTHN NN IAYN ,P7ND 32 JNIY NINMNOT MINN YD Pan (10
SHNN NIN NHY DN

,—2X—=2Yy+z2=0 1wy (1,2,3) nTIiPInNm INP2 ISPN PNIND DX INSD (11
D71 NTMIPIY NP NAIPN NWINN DY NTIPIN NN 19)
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14 P9 GOOL WD Y SY NPT 9GIINY PNYOP

)02 YIND ,D012vN) 1010 I (12
.83 NN D2 NIAVNN NN MDY 63 NXN NIND NIAVNNI TY NN NDY
Q, VIPan NN ,XINA NIAVNND Q, VI AN NN TOIN PNV DN

.Q,=116—-30R, +20R,,  Q, =144+16P —24P, :> by 02 Navnny
DOPNY TN DY, P, -1 B ,02112wNnn >1PNN NX 2P0 MIND NN T8O
Y AN NN NN NN

f(xy)=xt+y +axy DOSPNAN NN (13
JPVIP NTIPI NN (0,0) NTIPINY NN N

a YV DYDY IDON NIY WIAP ,NMIVN NI 1NN NITYA .2
YT 370 ROV IR, 90IN, D120, 01900910 NN /N PYON NN

b 1
90PN O j (24-2x—x*)>dx-w 72 ,b>a ,01900 MW INYD (14

a

OO Mvn

0N (1.5-3) ;99 (-0.51) (1
AN (L,-2) , (-1, 2) ; owoPn (-1,-2) ; oY (1, 2

)
0N (11) ;9918(0,0) (3
99N (-1, 0),(11),(L -1) ; owropn (1, 0) ; owovn (-1, 1)(-1, -1) (4
.0MopPn (0, 2) (5
.DMOPN (4, 4) (6
.0mopPn (-0.5 4) (7
JDPOIP MTMPI PR (8
z=4, z=3 (9

270 2 D20, N0 4 TN, N0 4aM7 (10

-(1/3,473,10/3)9MP2 NP NTIPI .THIN MTN> 1 NI OO»N PNIn (11

.288% Ynopn N1 B =108, P, =12% (12

a>2, a<-2;nYmIMmNY,a=2 a=-27y .2 NN NONY LN (13
DYIPN 2<a<2 ;99N

a=-6, b=4 (14
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15 919 GWL ...7) DINWR N2 TPNPND S NP

DNNa DWian - (DTPNN) DNINYN NAY XpNa 2w nxp

MYNY

:5=1 MONYA NPXPNON DY NHPN MTIPI NN INNND

fx,y)=1+2xy—x*—y* (1

f(x,y)=4—x2+y? (2
(z=f(x,y) ’+z+xy—-2x—y+2=0 (3
f(x,y)=x"-y’-3x*+6y*+3x-12y+8 (4

2 2
(x,y,2>0) f(x,y,z):x+y—+z—+z (5
4 'y 1z

Y =—X2 42X n911199, Y = X2 +1 19119970 1290 PRININSD (6
DT PO NVXY PO ,NIRNYA DY (ANPN) P10 PINA YT WITI DT 90N PINSY *

2 NS Y, (X, V) (%0 Vo) (X0, Yn) ,MITIPY 10N 11-7 MONWA
DIPYN P2 DMIIND DPNINN YA DOV T, Y =h(X) NNxNHn Dpy
290N PN MTIPIN

.(2,2.5),(1,0.8),(3,3.2),(4,3.5) MM May m1, h(X)=ax+b (7
.(=1,2),(2,0),(0,-2) ™YY My TN, h(X) =ax®+bx (8

.(10,20.2),(6,12.9),(4,8.5),(0.5,4) MTPan My m» 1N, h(x) =ax +§ 9

.(4,33),(2,8.5),(0.5,2.3), (1, 4.5), (0.1,90) TP My mx1n , h(X) = ax? +% (10
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15 919 GOOL ...7) DINWR N2 TPNPND S NP

.(1,4.5),(0.5,2.3),(0,0.8), (~1,0.1), (-0.5,0.12) 2y m»7n ,h(X) =ax® +bx+c (11

(XL YD (5, Y0) e (X0 V) s TITIPY 0o (12
WO P2 DYIINN DOPNIND YD DOV 7, Y =ax+b 9w xsn
D000 T MTIPIN
.b=y a May nuNan NN YINY v

, £, =0, f, =0 mxnwnn panan ovapnnn, b - a-w nnb s 124 11 mdxwa : pavn

. 2
.f(a,b)= Z ( h(x)—Y, ) DN DIPRINN MDA NMEPN YW LINHN DIPIHN NN DIN
i=1

YD Mvn

.DMOPN pwnn t K30 (tt) (1
.0MmopPn (0,0) (2

AN (L,2) PP PR (3
A9 (L2) PP PR (4
0N (0.511) (5

0.375 (6

y=0.88x+0.3 (7

=—X"—=—Xx (8
y=3%-3 (
1.5039

X

y =2.032x + 9

y =2.06x +0;29 (10
X
y =1.48x* +2.196x+0.824 (11
nZyixi—ZinXi Zyizxiz_zyixizxi

a= — , b= - (12
s )
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01Myn 101N
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16 P19 Gml ..N)12D - DNNYN 190N DY NPXPND

DMINYN VY Y nXpna? Xian

s TMININ NPXPNONN NNX DD Ny
APXPNAN DY D NITHINND DIND NN INSD N

.D N¥IAPN OV NVPOILLIWVY .2

f(x,y)=5-%x" -y’ +In(4y-x*) (1
f(x,y):«/x2+y2—4+% (2
X

f(x, y)=1/—x2+y2+1+u (3
X=y

g(x,y) =X +4y +{x-4y (4

1 N 1
Jx+4y  (x-4y

f(x,y)= (5

h(x,y) =yX—+Jy+4 (6

f(x,y)=e” [In 24 Xy -4 (7
X2 +y
4
(X, y) =———— (8
I-[x|-|y]

z(x,y)=|n(x_4y] 9
X+4y

f(x,y)=In[xIn(y-4x)] (10
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16 P19 GWL ..N)12D - DNNYN 190N DY NPXPND

1 1 1
+ +— (11
x+4 Jy-1 7

(7292 X PYO DY MY) u(x,y,z) =

(NOTIN/OPTR DVTINOITNIOIND PI) f(X,y) = tan Z (12

arcsm(4x +4y )
(NDTIN/DOPITH DY Y PRONY ) f(X,y) = 2 \2 (3
In(x* +y*-1)

PID MAIVN

D={(X,Y)|%X2£ys\/5—x2} (1
:{(x,y)|x2+y224 x>0} (2
D={(x V)X -y*<1,y=x| (3
%xyn—%x<y<ix} 0
%xyn—1x<y<%x}
x>0

«xw|—4<y<x— X201} (6
D={(x V)| x*+y* =4} (7
D={(xY)|Ix]+|yl<l} (8

{(x y)|—x<y<—%x or ——x<y< xt (9

+ P

D={(x,y)|[x<0and4x<y<4x+1]or[x>0and y>4x+1]} (10

D={(x,y,2)|x>-4,y>1z>0} (11
:{(x,y)eRz\x;eo,y;{ +7zk X keZ! (12

D={(x,y) 1< X’ +y*#2 <4} (13
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16 P19 GWL ..N)12D - DNNYN 190N DY NPXPND

DINYN Y 2V PXpna? nan mp

NN YLLIY ,NITHIN DIND INYN ,6-1 MINYA NPIPNANN NNN 9D NAY
L TPNPNON DY NHNI/NANN MNP NN NN IOVIY)

f(x,y)% (1

f(x,y)=Inx+Iny (2

fx,y)=x"+y* (3

fxy)=yl-x"—y* (4
f(x,y)=In(x*-y) (5
f(x,y)= x\/y (6

;121 NP NAN VLAY 10-7 TMYRWI NPIPNAIN NNN 9 N1y
f(xy)=(x-1)*+(y+3)° (7

f(x,y)=¢e" (8
f(x,y)=2Inx+Iny (9
f(x,y) =min{3x, y} (10

: K P2NN P DX IVLVLIY ,13-11 MORYI NPIPNONN NNNX DD N1AY

(k=0,4) f(xy)=(x-y)* (11
(k=0,2) f(x,y):min{y—xz,x+y} (12

X2 +3x—y—3 X2 >
ey Y (13

(k=1) f(x,y)={

—X*+3x+y-3 X<y
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GWL ..N)12D - DNNYN 190N DY NPXPND

-y x<1
f(X,Y) :{ y MPNPNON NN (14
2x+y x>1
(G y)=0 NANNHIP IR HIVVIVY .N

IPNIP NN F(X,y)=C NANNIP C »OIWIIND A
Y NIPN2 NN P IR

mHayn

.DX¥1931 DXNVYNN DI DY DIDPD INNNN N XDP Po2 *

STV MY DIMIPY = MWTR MMIPY = N0 MNP = NANONP **

NOYD Mvn

SY SN PN R NN, x=0 (1

DYV NOD NURIN WIAIN,x>0,y>0 (2
VNN Yo (3

DAY, Xy <1 (4
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