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52 (Le), Y (Le), (Le) :y1awn
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f, == f,=12x"Iny f =4xIny (2
y
3 3 4
T - F - fyy :_X_z
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f, =3 f, =6y—6
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f _0(x2+y2)—2y-2x f _2(x2+y2)—2y-2y
Xy (x2+y2)2 y (x2+y2)2
2(X*+y?)—2x-2x 1 2y 1 ox 1
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24 719 GOOL L DINVN NV HY DNPN0 SY NP

DPIY WP Y- OMNBAON VP X PIva NP T (10
AU(X,Y) =Xy POy M (X, Y) 0N N8N nOnn

DY 3 NP VP NN L,NMY 1 XN DMNBAN M PNN
DY 12 DV dNPN NTH
YT YA NN TN IND)I

X2+ y? =13 200, (y) 00N, (X) 00 P NN nmpY (11
(X, y)=4X+6Yy noyin »1o
NN IIPY OY, (X, Y) = (1310 ,00N) HON NN wann 1T

JOINY NN NN DY NOVIND NN DIPOPND NN
.7PYIN NN 1IN IND)

Q=K +JL M%» noxpng Iy (12
.B«=2,P =100 L~ K nmnS onnn
,(K*, L*) PPN NN WANMD NI 100 NPIDN NN NEDI 1IN

.MYYN NN DINPNY NN
.(07M9N HN) 1IN NYYA NN IND)
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24 P9 Gml L DINVN NV HY DNPN0 SY NP

NOYD Mvn

max (+1,71) min(i 1/7,1\/1/_7) (1
max(0,£1)  min(+1,0) (2

max (2,3) min(-2,-3) (3
max(+2,1)  min(+2,-1) (4

max(6,2) (5
max(9,36) (6
(6.2) (7

max (+1,71) min(i 1/7,1\/1/7) (8

min(\/s’_Z,\/g) 9

max(6,2) (10

max(2,3) (11

min{2K +L}; K ++/L =100 (12
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25 P19 val U0 VA TPNPND HY VIMN NP

NNIDN NP NX1APA DANYN YA NXpNa 2w v2nin Xy

MOHNY

TPNPNAN DY VOMNN DIIIINN DX VINMNN DIPOPNN R IIIVN (1
MDD OINNN XN R IwND , R onna f(X,y) =3xy—6Xx—3y+7

.(0,5),(3,0),(0,0) on »MpTIPY YWN NI

TPNPNON DY VINNIN DIIINPN NN VINNN DIPOPNN NN VN (2
AMON DINNN NN R wNd R onna (X, y) =x?—-3y?—2x+6y
.(2,0),(2,2),(0,2),(0,0) on »71ipTipw M2 nNNa

TPNPNAN DY VOMNN DIINNN NXY VINMNN DIPOPNN NN IIIVN (3
X2+ y2 <4 9yn Nn R wNo R onna F(X y)=x2+2y2—x

TPNPNON DY VLINNN DIINPN NN LINININ DIOPNN NXIAVN (4
AMON DINNN NN R IWND R 0nna F(X,y)=X2+y2—Xy+X+Yy

R={(x,y)|x+y>-3, x<0,y <0}
TPNPNAN DY VONININ DINN NN VLINMNN DIPOPNN NRIIAVN (5

AMON OINNN NN R AwNd R onna (X, y) =x2+y*-12x+16y
.Rz{(x, ) [ X2+ y? <1, 3x2—y}

PID MAIVN

=11 V5NN OMIN 700NN 0mopn (1
.—1 V5NN OMIN 300MN 0yopn (2
=¥ 05N omdyn 33, 09NMN DoPn (3
=1 VoMM DN 6 VOMN DMOPN (4

1-6v10 VIMN DIPYN  .1+6410 VIMN DIPDPN (5
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26 P9 wa my»MLYN
nix"mvn
MYNY
A6 Bier Cons Dyss Eg : TININ MNIOLOND NN (1
TN MINAD MXIVND PN ON Wwap
: IXIVNN ITO DN NIV ,NITNND NXIVNN NTI2
AE-B .7 AC-D AB 2 A+B .N
E'B .n (E+A")D E(B+A) B+AB .N
E(B-A) E(AC) .v
X+2y 3x-2y 2—-27 5+2
. = DI ON, X, Y,Z ININSD (2
2X—-5y 2x+8y —-4-3z -12z
s MINAN NINIVHNI MNM 8-3 MHYNVA
4 0 1 4 2
4 1 1 4 2
A= 1 2|,B= , C= ,D={1 0 -1|,
0 -2 4 1 5
-1 1 4 2 10
4 1 1 100
10
E=-1 0 1| I,= ,1,={0 1 0
01
4 1 -1 0 01
: (Y1) NT71N3) avN
E-D+l; 2 E+D .N (3
2D +4El, .7 5C .
2r(D*-2E) (g
1 1
“AT+=C A 4C"+A N (5
2 4
1,BC (6
tr(C'C) (7
DABC (8
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26 P9 G"l’,L mx»MoNn

LN ATON PO NNVN A O PN (9
A(A=1)(A+1)=0 > 1M
CA=—1 N A=1 199190 X IO

LA =41 MDOPHRY A, , MINIVNI YD DX DX (10

2 0) (2
. = 0 D»PNN YAV n DY >3 1NN (11
-1 1 1-2" 1

PEPYTIND NN NYTO WIATIV IO P TYPN NT 90N NN

. AB =BA DX MaYNNN NP> B-1 A M¥0n >nv (12
L TDTH DDNT T DY 157997 IN I

01
MXVNPN N ,(1 Oj NNIVNN DY MAONNN B-1 A M¥IVNN ONX .N

Mabnnn B-Y A

0
AT =—AN ,[1 oj NNV DY NAONNN A NYIVNN ON .2

.N 9TON PN NXIVN A NN (13
CA=090 . AAT =0 " M)
1010779 A MIIN DN 11)ID) NIRYI MYV DN
DT INTINAN ,ND DX NN D ON

(MASNNIN MY¥™LN) AB = BA MN1PNRN NPT MYV B-1 A »i (14
.AB* =B“A D»pnnHoyav k Y35 30900 LK
.(AB)" = AB* ©»pnnoyav k 995591, .2

n

n
IUNY, (A+B)" = Z(kj A"BX 1107 Sw DN NN Y (15

k=1
. ABeR, nkeN
NPV MNIVN B-1 A DN D) N1 NINRYI DIAN HNON ONXN . N

10 TON
DINIAN NNONY TN DY, B-1 A MNIVNN DY PIADN NN INND .2

AN2Y MDY 7PN
TON NP | -1 A WRY, (A= 1D" 5 (A+1)" HW MMON NN INSD )

A
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PVIVIAT NNV NNNDN NN XTI YT .X (16
NPVIVIADIN MADNNN MNIVN B-Y A-w NN .a
PVIVIFDN A+B -1 AB MINIVNN DIV INIIIN

g =min{i, j} T 5y NN MYV DIDNIVY NYILN A, PN (17

1 i+j=n+1
D=1 e YT DY DIINNI NHY DIDINNY NNV B NN

VNN NN B-Y A M¥ILNN NN IIAND N
.C=A-B nn»pn C nN¥vnn .2
A<, j<n 937 ¢ M2y NNONINDY C NN 1IWN

0 1 o 1) Y .
15 oAl o]A| =A-A D7PmY T2, A ownn nson wsn (18
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PIID MAIVN

6x6 .Y .8D.N ND LT 4x2 ) ND .2 4x6 .N (1
6x6 . 6x4 .0 ND N 6x2 3
(x,y,2)=(21-1) (2
5 20 10 4 -3 -1 5 5 3
(20 525}.) -2 1 2|a 0 0 0|.x (3
0 -1 -10 8 3 9
18 12 8
-2 0 2|.7
24 8 16
230 (4
8 16
[2-25 LS Oj a 17 6| x 6
1 1.25 1.75
7 21
(8 17 13) ©
-8 -2 -10
63 (7
-32 82 -22
48 87 75| (8
—-48 108 -36
NN NONRY (9
, a4
A= c (10
C —a

.INDN NONY (11
.INDN NONY (12
.INDN NONY (13
.INDN NONY (14
NON NONY .2+N (15

n n ~ n ~ n n
(A+D)"=| [A"+|  |A" 4| A4+ A+ I
A T
n_ n n_ n n-1 n-2 _1\n+l n 1 _1\n n .
(A1) _(OJA [JA +[2JA et (=D (n_JA +(-1) [njl

N9 NHNY (16
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26 P9 GWL mx»MoNn

NMLYND-WIXR NMIXMVN N1MLYND NIXMYN

MHNY

AT =—A DN TIVDID-OLINY, AT = A DN NPIVDYD KIPOPN A TPV NXIVN

IRV NNV A-YU N
: (AN IN TNN) 112 OONIAN PIAN N

00 AAT 1
00 A+ AT 2
PIVID-OVIN A-AT 3

ATO IMND NPIVDID-SVIN B-) A-w N
£ 1193 DONAN 120 N

IVRYD->LIN BABABA .1
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VD A2+B 3

. AB =—BA > NN 7T IMNND NPIVID B-) A-v VD
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IVD-OVIN AB® 1
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00 (A-B)* .3
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27 P19 GWL 9N VAYN-NPINMIIN NPIPND

nMaanIn NMXpna

MHNY

T NN TINMIN PPN ONN IPTA 31 MONYWA

f(xy)= x3\/y+ VX (1

X+7y

f(x,y):ln(4x)-g{ﬂ} (3

39700 DOMMN TINPND z(X, Y) DN (4

X 1
JoDN f(X,y)=—+ \/V + —4 PSP OXNIPTA
yoo U z(xy)
,PON MINN IOMIVN,TINIIN KD MNP D72
MDD PPN DAPNNY T

1% NIPNA NIXPNON DV NPNIINN ITOINN

PDIN NMININ NVPIPNINN NNX DI, @ I0NIIN DY TIY NN N IR (5
JIRXNDIY o -D Y DPDIINN ITO DX INID 301D

X4y+xya
f(x,y)=—— .N
(X y) 4x+10y

f(x, y)=\/%(lnax—ln y) 2
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27 P19 G/WL 9N VAYN-NPINMIIN NPIPND

s NPNINN NVXPND DY NINIAN NNONN IR ONTI M DN (6
, XT3 NN PON) OX AN, N TON MINMIN XD 7INPNY ON

% DV PNPND DA

:TININ NVXPNAN 9y MYLN NN IINTN N
f(x,y)=x"—xy+2y>.1

f(X,y)=X+Yy .2

959 MIYLN NN NN A

nkin
: NI D5 MIYLN SV DN NDN
= % -¥ 79, g(t) TPNPND NNMP IN, N ITON TININ NN 7PNPND ON

fF(x.y)

N =

g(t) nn»pnn

JNDRNNT, 6, TON DPIDIM ,DINWN n-2 NPIPNs g-1 f mmnn (7
;7T DPRD TPMNMIN NN DX ,TININ NPEPNIN NNN 959 1yap

f) f
f+g .7 (—) D — A f-g .N

el g

4 9TON TN TISPNS f oy (8
f@L2)=4, f(12)=10 2D
. f(2,4), 1(051), f,(2,4), f (153) NX1I¥N

CFy) =xPEyRz(x, y) SpNa M (9
. 1(4,10) =131 2 9700 1NN MIXPNY Z I N
. £(2,5) DNAVN N
LD =490 A
.ayMapuao, f (a,a) NNHIIWYN
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27 P19 val 9N VAYN-NPINMIIN NPIPND

NOYD Mvn

3.59700 o (1

~1LATOoNn TN (2

19700 o (3

:92PY IVWAN PSPNONN DIPON NUNPYN YT DY .MMM KD IPNON (4

=3 7700 OMN (X, y)= iﬁL
y'oz(xy)

y
.=2 3TN MIMN F(X,y)= L
[\

.0 AT1oNn I f(x,y)=—4
.a>0 935 097700 TPNIMN .2 .4 ITON MM MIPNIN a=4 MY .R (5
NN A gt)=+1+t .2 gt)=1-t+2t> .1.x (6
L= AT TN D LG, 7T TMIDIN LN (7

I
.2r Y MITN NN D

PN XY NINN . L =1, OX P L 7T TN T

f(2,4)=80, f (153)=3375 ,f(2,4)=64, (0.51)= % (8
f (a,a)=4a® 2 f(2,5) :% N @
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27 P19 th 9N VAYN-NPINMIIN NPIPND

1IN vavn

MHNY

CF(Xy) = X2 —xy+2y° 8PN M (1
TDIT DN OINSNDY THPRIMN PIPNINY NN N
.DMPNN ININ VIVHY ININ .2

: DNAN DYOYON DY Ny (2
0970 N f = F(X,y) -¥ ) N

f
D= Y 55 yon

fy X

eg(x+ y)
(x=y)(Inx=Iny)
Xef ==y f, 000N

X y) = MPMm A2

: DONIN OOPYON DY NY (3
1 1 1/m
0NN U(X,y) = (E X" + y”‘) NYYIND NP I NN N
22PN AP M 2D INNDN
.U, (a,a) =u (L1 > M0N0 SV PYW 2N KDY NN .2
U, (2,2)+u, (L1) =150,1m7%00 DY DY 2N XD ION )

,2 3700 TN IXPN f NN (4

2 2

.h(x,y>=x2_yz+f(x_,y_j >
y X

27700 7MN h 220N N
.f(81)=16, h(6,3)=9 : ™M .2

-, (2,1) Any h(2,1) NN OINSD
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27 P19 val 9N VAYN-NPINMIIN NPIPND

£ PTN NNNNNA,10-) 2 3TN NPINMIN NVSPNI WD g  h (5
9(x.y)
X2 +y°
39700 mn f2IM)N N
. f,(2,16)=12, f,(1,8)=3 h(4,32)=16 :ym .2
.9(1,8) nny f(1,8) NN INSND

f(xy)=(x+y)h(xy)+

.0 97010 7NN h-12 9790 MMM g 4 3TOon TN f (6
p(xy)=f(xy)+g(X,y)=h(xy) MXpN TN

1(2,4)=64, T (-1-2)=—4, h[%,l):g, p(12)=1 -y

1
.g(i,lj NN VN

0IVIVA DNTIN .3 ATON TN f (X, y) M¥pnan (7

B NTIPIN MW NN INSD N
. f,(4,8)+2f,(4,8) DIDON TIY NN INSD .3

LU(X, y) NYTN ISP T L)
ulxy) =(f(x y))2 YT DY
U (X y)=2-F(xy)- f (X y) DPPNN NN IODI90.1
.NINPA NNT IPION
XU (X, Y)+y-uy (%, y) =6( f (X, y))2 ¥ NN .2
Cf 9y DN OTIPN PYDI 1NN
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27 P19 G/WL 9N VAYN-NPINMIIN NPIPND

,M TON PN IPNS f(X,y) NN (8
. f(2,1) =27~ £(6,3) =243 n»pnn
.M, NPDIMNN ITO IR INSD N
Sf Swyrwy nawy (2,1) nTpaa A

DN NTIPIAYIVYD PIUN 1IYN
L2X+3y =7 R prvnn

2D, £,21), f,(L0.5) NNIND

NN TINWN OV ISPNS gt) nn (9
.g(4)=5,9(1)=3,9'(8)=2 > T g MIPNON DY

4y
A== :72,(x,y) D»IPNN DINWNINON t MNWNN
X

: NI OIND L (X, Y) DINWNN OV MPSPNDD U NOYIN TN

% y)=g(t)= g[“—yj

1MV 0y 1P POV PN N
NP DY MIMDNN MTIPI2 NOVIND DY TIVN NN

OVNN S MW TR NINIPY XN 4y —x =0 YIPN 2 INOmM .2

OINN DY TIVN NN PRI INYIN DRI YIPD IR I
INPDIND ITO NN DINMIN TIXPNA NI NOVIND 2D I )
AU (1,2) =—16 5N T

v

19700 oammn f = f(x,y)-w Ny (10
X f +2xyf +y?E, =0 10N
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27 P19

GWL 9N VAYN-NPINMIIN NPIPND

:MINAN NNYLNN NNX D 122797 NN (11

59700 7N (X y) IN,4 9700 7N f (X, y) DN N

,1(2,4)=2°1(1,2) no»pn f(x,y) OSPNON .2
39700 MDD TPSPNN IN

NOYD Mvn

NN TONRY - (1
NN NONRY (2
NN NONY (3
h,(2,1)=8 h(2,1)=4 2 NN TONY X (4

f(1,8)=9, g(18)=0.2 NN TONY . X (5

3
-2 (6
2 (

20 NN NORVY ) 12.2 B(4,8) .x (7

3[108j
108 7 54
=— f(21)=——= f (L,05)=— .2 2. 8

N9 MYNY . T-2 5.8 (9
N5 NHNRY (10
.11319) NN MYLN A .0 NYN MYLN N (11
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28 P19 GW‘ LN DYIVIDOY - MININD NYIPNS

1J2VN 1an - NININY NMXpna

MHNY

X2y =Xy +19UND Y INOINSD (1
.Y'(0) nxavm

&Y+ x2y2 =5x—4 qwuno, y'(D) NNINSD (2
2Inx+Iny=19wxo,y"(e), y'(e) nnxsn (3

(z=12(x,y)=0) 22— L (x+y)sinz=0 pm (4
oz
oy

oz
.&(O, 0), —(0,0) nxH»awn

(y=Y(x2)20) 22— +(x+y)sinz=—e* ym (5
-¥x(0,0), y,(0,0) nxrawn

1 1
.x—y=x~y~f(;—zj INNWNRD N (6

Xz + Yz, =127 92 PO

(z=12(x,y)20) *-2xz+y=0ym (7
.2y (LD e

CINOINSD L (2,1,-2) NP 22 -3Xyz =4 nxnwn Dy (8
Z,(2,) x
Z,(21) 2
2,(2,1)
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28 P19 Gw‘ LN DYIVIDOY - MININD NYIPNS

U2 —v=3x+y
: , s MNNYN NOIYN NN
u—2v-=x-2y
Uy, Vg, Uy, Vy INDIVUN X
Uy, =U, XN .2

N2NYNN MDD LAVYN DY THNDNY PN 12 PYDI : NIYN*

X=U+V
y=U%+Vv> :MIXNYND NOIWHN NN
w=ud+Vv?
Wy, Wy, IN2WN N
Y Y, 2UN 2

Xyz =4
. :DIRNYND NOIYN NN
X+y+z=4

L2'()+y"(x) =0 20N

xcosu+ysinu+Inz = f(u)

. ) : NOAYNN NN
—Xxsinu+ycosu = f '(u)

D INIMN
(zx)2+(zy)2:z2 N
Z, =1, 2

NIAMYNN MINN LIVYN DY THNDND PN 2 PYOI : NIYN*

(9

(10

(11

(12
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28 P19 GWL LN DYIVIDOY - MININD NYIPNS

NOYD Mvn

y'0)== (1
y'@)=

yi(e)=—2, y'(e)=
e

1
5
5 (2
(3

sinl

2,(0,0)=2,0,0)=-==
1

¥,(0,0)=0, y,(0,0) = (5

2¢’
NN TONY - (6

2, (L) =-16 (7

2,20 =2,20=12,)=4 (8

12v-1 N+2  3-2u  4u+l (uv;«tlj x

u=——,Uu, = WV, = WV, = 9
8uv-1 ¥ 8uv-1 8uv—-1 7 8uv-1 ¢

.NOYN NONY A
ow

ow 3
—=-3uw, —=—(v+u) (u=v) .X (10
OX oy 2( )( ) (

y__aw y 2

X v+u ow 3(v+u)
NOYN NONRY (11
NOYN NONY (12

(u=+v) 2
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28 P19 val LN DYIVIDOY - MININD NYIPNS

OMIVNIXRA DYYVINY

MHNY

2 2
X 4
(z<0) Z+ y? +§ =3 PNPNAN MY ITIND NLWHN P (1

1X=-2, Y=1n2,P nTipda nowny powun MUn IRNYNI NN

,(—2,2,-2) N2 Xyz =8 nuwnd Prun NN HY NNNYN IR (2
I NTIPI PNIN NVYNY 2NN YIVNIIN TN DY IRNWYN 1

, X2 +8y2=21-277% nowny pPwnn NN INSD (3
. X+8y+18z =0 7wnd Hapnn

SIVWOD NTIPI PPWNN MR 1vavn X +.JY +4Z =va nowny (4
JNNNN,AB,C MTIPIA X, Y,z DY PN NN TN DT NN
.0=(0,0,0) : oo

.OA+ 0B + OC =a yn
(NPYNN NTIPI2 NN 1R DIYOPN DIIFDY NI NYYND)
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