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8 P9 GOOL L DIPY .DINVN NV HY NPEPND

OO Mvn

f,(x,y)=-6xy+3, f (x,y)=12x*-6xy*+2 (1

fy(X’y)=7’ f(xy)=5xIny (2
y4(\/§+5lny)

f(xy)= -2 3

() Yy +5y+y’ x A

fy(x,y)=(2x+3y)+3(x2+y2), fx(x,y)=2x(2x+3y)+2(x2+y3) 4

—3x—3y? —2x%y +6Yy? f )_ZX(X+V2)—1(X2—3Y)
! X !

f (x,y)= X, y)= (5
Y( ) (X+y2)2 (X+y2)2
:PYUNIITO (6
f,(xy)=3y*—6x , f (x,y)=3x"-6y
Y ITO
f,=—6, f,=0-6, f =6y-0, f, =6x-0

:PWUNRIITO (7
f,(x,y)=3y*+3-3x—6y , f (x,y)=3x"+3-3y
:NYIATO
fo="Ff,=-3, f, =6y—-6, f =6X
:PYUNIITO (8
f,(xy)=x"-2xy , f,(x,y)=2xy—y?
:NYITO
fy="fx=2x-2y, f =-2x, f =2y
:PYUNIITO (9
, fx(x,y)=2[8xy—3y2-1—24x—0+57y-1+72+0+0]
f,(x,y)=2[4x*-1-3x-2y-0-54y +57x-1+0+27+0
:NYITO
, f,=2[0-6x-1-54+0+0] , f, =2[8y—-0-24]
f, =f,=2[8x-1-6y—0+57+0]
;)UK 77O (10
f, (x, y):exy(x2+xy+l) , (X y)zexy(xy+ y2+1)
:NYIATO
, fyy:exy-x-(x2+xy+1)+(0+x)-e"y, fXX:e"y-y-(xy+y2+l)+(y+0+0)-eXy
fo=f =exy-x~(xy+y2+1)+(x+2y)-eXy

Xy yX
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:PYNI ITO (11
f,(xy)=e" (x2 +y? +2y) , f(xy)=e" (x2 +y? +2x)
: VY 7O
, f, = -(x2 +y° +2y)+(2y+2)-eX+y , f = -(x2 +y° +2x)+(2x+ 2)-e*
f,=f,=¢e" -(x2 +y° +2x)+2y-eX+y

(WK ITO (12
f,(xy) =X (4y—2x2y—4y3) , £ (%) =X (2x—2x3 —4xy2)
Y ITO

’ fxx =efx27y2 (—2X)'(2X-2X3 _4Xy2)+(2—6X2 _4y2)'67X27y2
) £, =7 (22y)-(dy —2xPy —4y° )+ (420 —12y%)-e
fo=f,=e"" (—2y)-(2x—2x3 —4xy2)+(_4x.zy).efxzfy2
(YN ITO (13
2y 2X
f ' =5 f , [ —
(%) 1+x*+y® (%) 1+x2 +y?
: Y IO
2.(1+x2+y2)_2y,2y f 2X(1+X2+y2)+2x-2x
o (1+x2+y2)2 b (1+X2+y2)2
0-(1+x%>+y?)=2y-2x
fo =T = ( 4 ) 2y
(l+ X2+ y2)
:IUNA 770 (14
2 2x
f, (xy)= 2 +yy2  f(xy)= 1y
: VY 70
2(x*+y*)-2y-2 2(x* +y?)—-2x-2x
’f:( Y)yy’fxxz( y)2
(< +y°) (¢ +y?)
0(X* +y*)—2y-2x
fxy = fyx = ; Y.
(x*+y?)
VI NI (15
f,(L1)=-2 (16
fy(11)=1(17
-1
f (L1)=—= (18
L0
.NOWN (19
39 www.GooL.co.il MMN 193277 INT 1MIVID XON )INAD
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f,=4,f=-2,1=-1(20
1 :2 1+ij 1
fy = T "0’ fyy - 16 ' f 7 (21
:UNI 70 (22
f,(xy)=—2x"y+10 , f (X y)=8x—2xy*+4
: Y HTO
fo=fu=—dxy, f =-2x, f, =8-2y°
;WK ITO (23
f, (x, y):x“.% , £ (xy)=4CIny
VY 7O
4x° x*
fxy = fyx :7 ’ fyy :——2 1] fxx :12X2 Iny
:PYRI ITO (24
f,(xy.z)=xy-1, f,(x,y)=xz-1, f(xy,2)=yz-1
: VY 7O
f,=x1,f,=y1,f, =f,=2z1,f1,=0,f =0, f, =0
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9 919 th 13 y910 - NN NOO \¥OP

DINYN MY 2 nXpna? 901N NXp

MHNY

,8-1 MYNWA NPIPNOIN NNN 9 M2y
;9N IN DY ,DIOPNT JMN NN NPVIP MTIPI INSD

f(x,y)=8x3+12xy +3y®>-18x (1
f(x,y)=x3+y>-3x-12y+20 (2
f(x,y)=x3+y*-3xy+4 (3
f(x,y)=3x—x>-2y?+y* (4
f(x,y)=e¥>*Y (s
f(xy)=yJx-y?-x+6y (6

2,2
oy =Y @

f(x,y)=e*cosy (8

2=X3+ Y3 =3xy+4 nown Py (9
NOWRY DOPAIRN DIPOWNN DINWNN MINNIYA NN INSD

NLYY N2XNN YTHN NN IAYN ,P7ND 32 JNIY NINMNOT MINN YD Pan (10
SHNN NIN NHY DN

,—2X—=2Yy+z2=0 1wy (1,2,3) nTIiPInNm INP2 ISPN PNIND DX INSD (11
D71 NTMIPIY NP NAIPN NWINN DY NTIPIN NN 19)
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9 P19 GWL 13 y910 - NN NOO \¥OP

)02 YIND ,D012vN) 1010 I (12
.83 NN D2 NIAVNN NN MDY 63 NXN NIND NIAVNNI TY NN NDY
Q, VIPan NN ,XINA NIAVNND Q, VI AN NN TOIN PNV DN

.Q,=116—-30R, +20R,,  Q, =144+16P —24P, :> by 02 Navnny
DOPNY TN DY, P, -1 B ,02112wNnn >1PNN NX 2P0 MIND NN T8O
Y AN NN NN NN

f(xy)=xt+y +axy DOSPNAN NN (13
JPVIP NTIPI NN (0,0) NTIPINY NN N

a YV DYDY IDON NIY WIAP ,NMIVN NI 1NN NITYA .2
YT 370 ROV IR, 90IN, D120, 01900910 NN /N PYON NN

b 1
90PN O j (24-2x—x*)>dx-w 72 ,b>a ,01900 MW INYD (14

a

OO Mvn

0N (1.5-3) ;99 (-0.51) (1
AN (L,-2) , (-1, 2) ; owoPn (-1,-2) ; oY (1, 2

)
0N (11) ;9918(0,0) (3
99N (-1, 0),(11),(L -1) ; owropn (1, 0) ; owovn (-1, 1)(-1, -1) (4
.0MopPn (0, 2) (5
.DMOPN (4, 4) (6
.0mopPn (-0.5 4) (7
JDPOIP MTMPI PR (8
z=4, z=3 (9

270 2 D20, N0 4 TN, N0 4aM7 (10

-(1/3,473,10/3)9MP2 NP NTIPI .THIN MTN> 1 NI OO»N PNIn (11

.288% Ynopn N1 B =108, P, =12% (12

a>2, a<-2;nYmIMmNY,a=2 a=-27y .2 NN NONY LN (13
DYIPN 2<a<2 ;99N

a=-6, b=4 (14
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10 P99 Gml 13991 - NN NI

1J2VN 1an - NININY NMXpna

MHNY

X2y =Xy +1UND Y NS (1
.Y'(0) nxavm

&Y+ x2y2 =5x—4 qwuno, y'(D) NNOINSD (2

2Inx+Iny=19wxo,y"(e), y'(e) nxxsn (3

(z=12(x,y)20) z° e L (x+y)sinz=0 pm (4
&(0,0), 5(0,0) NN 12VN
(y=y(x,2)=0) z? ey’ +(x+Yy)sinz=—e* pmy (5

-¥x(0,0), y,(0,0) nxrawn

PID MAIVN

1
y'(0) = g (1
y'@=5 (2
(e)——— (e)— (3

2,(0,0) =2, (0, 0)_—5'—;1 @

y,(0,0)=0, ,(0.0)=— (5
2e
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11919 ch)L .(}7299912) DINPN DY NP

(‘'Tan? *2a12) 112°X NNN DNNYN Y 2V dxpna v nxop

MOHNY

S NINN XIDINRD 91902, NPNPNN DY DIIPNM DIPOPNN NN INND §-1 MHNWI
f(x,y)=x2+y* 2x°+3xy=1-2y* (1

f(xy)=x"-vy% X +y’=1 (2
f(x,y)=4x+6y; xX*+y*=13 (3
f(x,y)=x%y; X*+2y*=6 (4

Xy >0 qwNa, max{xy} st x+3y=12 pppnnvyanm (5

PYIN IR IINS N
V2D 97 PINDNAN A

X,y20 IWN, max{2x+y} st JX+\y =9 nopnmmyamn (6
7PYAN NN IS LN
7YY 5973 PIND INAN .2

, X+3y =12 N by MINSIN MTPIN 9o pan (7
I2D0PN MNYY NJAINY 1T NN INYNI

MYTIPIN DROINSD , 2X2 +3Xy =1—2y2 nmipyn Syw MmN 95 pan (8

TPYNIN JPNINY MTIPIN DX POOD1N XN DXPNN THPYRIN JPNINY
A0PN NIN DXPNN

,3X—6Y+4=0 9NN N2 IN¥PN PNIND NN INSD (9
X2 42Xy + Y2 +4y =0 no1nay
|ax, + by, +¢|

Ja?+h?

NI, ax+by +¢=0 W0 (X, Y,) NTIPIN PRI 107
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11919 GOOL .(}7299912) DINPN DY NP

DY NP Y ) DDA VP X IV INP OV (10
AU(Xy)=Inx+Iny >m 5y mnny, (X, Y) 5900 N80 nONN

DY 2 NPIY P PN ,NTY 1 DMNBTN MR PN
,In16 NOYIN NN PYND INSYD YAIP POWIN
JPONDIN MDY NNT HPUND 1INIYND NI

JVOUNN MY NN 1IN IND)

DVIVY WPy ) DNAIN WP X PV INP NT (11
AU(X, Y) =Xy >0y nnm (X, Y) DON N8N NN

DY 3 NPIY VP PN DY 1 OMNBDN MR PN
N7Y 12 DY SPN NTH
2T YA NN NN IND)

X2+ y? =13 2o, (y) ,O0NY,(X) ;100 P2 NN Py (12
(X, y) =4X+6Yy NN »TH
,1IDNN IMPY YY, (X, Y) = (11 ,00N) YD1 NN Wann 27

JONINY NN NN DY NOVIND NN DIPOPND NN
PYAN NN N IND)

Q=K ++L M nrxpag vy (13
.P«=2,B =10n L K 075 onnn
,(K*, L*) NPIN NN WONND XIN 100 NPION NN INSNDI 1IN

.MOYN NN DI NX2NDN
(MMNA5 XD) YINON MY NN IND)

~max{u(x,y)} st. px+p,y=1 NIDX NNN NP NMya mn) (14
PYN DY ODNIP 280 NNIND I .7YIAN DY PINN NTIP) (x*, y*) N

U +y

X- -u
PYIAN OV PNINN NTIPIA A = fy D»PNR A IR D9 IO

45 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd



11719

GWL .(3309°5919) DINDIN DY NP

NOYD Mvn

max (+1,71) min(i 1/7,1\/1/_7) (1
min(0,+1)  max(+10) (2

max (2,3) min(-2,-3) (3
max(+2,1)  min(+2,-1) (4
max(6,2) (5

max(9,36) (6

(6,2) (7

max (+1, ¥1) min(J_r 1/7,+ 1/7) (8

71345 (9

min(\/ﬁ,\/g) (10

max(6,2) (11

max(2,3) (12

min{2K +L}; K ++/L =100 (13
N2 NONY (14
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12 P99 GWL 15 990 - NPINININ NPXPN

nMaanIn NMXpna

MHNY

T NN TINMIN PPN ONN IPTA 31 MONYWA

f(xy)= x3\/y+ VX (1

X+7y

f(x,y):ln(4x)-g{ﬂ} (3

39700 DOMMN TINPND z(X, Y) DN (4

X 1
JoDN f(X,y)=—+ \/V + —4 PSP OXNIPTA
yoo U z(xy)
,PON MINN IOMIVN,TINIIN KD MNP D72
MDD PPN DAPNNY T

1% NIPNA NIXPNON DV NPNIINN ITOINN

PDIN NMININ NVPIPNINN NNX DI, @ I0NIIN DY TIY NN N IR (5
JIRXNDIY o -D Y DPDIINN ITO DX INID 301D

X4y+xya
f(x,y)=—— .N
(X y) 4x+10y

f(x, y)=\/%(lnax—ln y) 2
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12 P99 G/WL 15 990 - NPINININ NPXPN

s NPNINN NVXPND DY NINIAN NNONN IR ONTI M DN (6
X' =2 NMIN PON) OX AN, N TON MINMIN NI 78PN DN

% DV PNPND DA

:TININ NVXPNAN 9y MYLN NN IINTN N
f(x,y)=x"—xy+2y>.1

f(X,y)=X+Yy .2

959 MIYLN NN NN A

nkin
: NI DY MIYLN BV YHNTIY MDD
= % -¥ 79, g(t) TPNPND NNMP IN, N ITON TININ NN 7PNPND ON

fF(x.y)

N =

g(t) nn»pnn

JNDRNNT, 6, TON DPIDIM ,DINWN n-2 NPIPNs g-1 f mmnn (7
;7T DPRD TPMNMIN NN DX ,TININ NPEPNIN NNN 959 1yap

2
f
f+g .7 (f—) D — A f-g .N

el g

4 9TON TN TISPNS f oy (8
f@L2)=4, f(12)=10 2D
. f(2,4), 1(051), f,(2,4), f (153) NX1I¥N

CFy) =xPEyRz(x, y) SpNa M (9
. 1(4,10) =131 2 9700 1NN MIXPNY Z I N
. £(2,5) DNAVN N
LD =490 A
.ayMapuao, f (a,a) NNHIIWYN
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12 919 GOOL 15 Y90 - PRI NPIPNY

NOYD Mvn

3.59700 o (1

~1LATOoNn TN (2

19700 o (3

:92PY IVWAN PSPNONN DIPON NUNPYN YT DY .MMM KD IPNON (4

=3 7700 OMN (X, y)= iﬁL
y'oz(xy)

y
.=2 3TN MIMN F(X,y)= L
[\

.0 AT1oNn I f(x,y)=—4
.a>0 935 097700 TPNIMN .2 .4 ITON MM MIPNIN a=4 MY .R (5
NN A gt)=+1+t .2 gt)=1-t+2t> .1.x (6
L= AT TN D LG, 7T TMIDIN LN (7

I
.2r Y MITN NN D

PN XY NINN . L =1, OX P L 7T TN T

f(2,4)=80, f (153)=3375 ,f(2,4)=64, (0.51)= % (8
f (a,a)=4a® 2 f(2,5) :% N @
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1IN vavn

MHNY

CF(Xy) = X2 —xy+2y° 8PN M (1
TDIT DN OINSNDY THPRIMN PIPNINY NN N
.DMPNN ININ VIVHY ININ .2

: DNAN DYOYON DY Ny (2
0970 N f = F(X,y) -¥ ) N

f
D= Y 55 yon

fy X

eg(x+ y)
(x=y)(Inx=Iny)
Xef ==y f, 000N

X y) = MPMm A2

: DONIN OOPYON DY NY (3
1 1 1/m
0NN U(X,y) = (E X" + y”‘) NYYIND NP I NN N
22PN AP M 2D INNDN
.U, (a,a) =u (L1 > M0N0 SV PYW 2N KDY NN .2
U, (2,2)+u, (L1) =150,1m7%00 DY DY 2N XD ION )

,2 3700 TN IXPN f NN (4

2 2

.h(x,y>=x2_yz+f(x_,y_j >
y X

27700 7MN h 220N N
.f(81)=16, h(6,3)=9 : ™M .2

-, (2,1) Any h(2,1) NN OINSD
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12 P19 val 15 990 - NPINININ NPXPN

£ PTN NNNNNA,10-) 2 3TN NPINMIN NVSPNI WD g  h (5
9(x.y)
X2 +y°
39700 mn f2IM)N N
. f,(2,16)=12, f,(1,8)=3 h(4,32)=16 :ym .2
.9(1,8) nny f(1,8) NN INSND

f(xy)=(x+y)h(xy)+

.0 97010 7NN h-12 9790 MMM g 4 3TOon TN f (6
p(xy)=f(xy)+g(X,y)=h(xy) MXpN TN

1(2,4)=64, T (-1-2)=—4, h[%,l):g, p(12)=1 -y

1
.g(i,lj NN VN

0IVIVA DNTIN .3 ATON TN f (X, y) M¥pnan (7

B NTIPIN MW NN INSD N
. f,(4,8)+2f,(4,8) DIDON TIY NN INSD .3

LU(X, y) NYTN ISP T L)
ulxy) =(f(x y))2 YT DY
U (X y)=2-F(xy)- f (X y) DPPNN NN IODI90.1
.NINPA NNT IPION
XU (X, Y)+y-uy (%, y) =6( f (X, y))2 ¥ NN .2
Cf 9y DN OTIPN PYDI 1NN
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12 P99 G/WL 15 990 - NPINININ NPXPN

,M TON PN IPNS f(X,y) NN (8
. f(2,1) =27~ £(6,3) =243 n»pnn
.M, NPDIMNN ITO IR INSD N
Sf Swyrwy nawy (2,1) nTpaa A

DN NTIPIAYIVYD PIUN 1IYN
L2X+3y =7 R prvnn

2D, £,21), f,(L0.5) NNIND

NN TINWN OV ISPNS gt) nn (9
.g(4)=5,9(1)=3,9'(8)=2 > T g MIPNON DY

4y
A== :72,(x,y) D»IPNN DINWNINON t MNWNN
X

: NI OIND L (X, Y) DINWNN OV MPSPNDD U NOYIN TN

% y)=g(t)= g[“—yj

1MV 0y 1P POV PN N
NP DY MIMDNN MTIPI2 NOVIND DY TIVN NN

OVNN S MW TR NINIPY XN 4y —x =0 YIPN 2 INOmM .2

OINN DY TIVN NN PRI INYIN DRI YIPD IR I
INPDIND ITO NN DINMIN TIXPNA NI NOVIND 2D I )
AU (1,2) =—16 5N T

v

19700 oammn f = f(x,y)-w Ny (10
X f +2xyf +y?E, =0 10N
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12 99

> 15 990 - NPINININ NPXPN
GUUL —

:MINAN NNYLNN NNX D 122797 NN (11

59700 7N (X y) IN,4 9700 7N f (X, y) DN N

,1(2,4)=2°1(1,2) no»pn f(x,y) OSPNON .2
39700 MDD TPSPNN IN

NOYD Mvn

NN TONRY - (1
NN NONRY (2
NN NONY (3
h,(2,1)=8 h(2,1)=4 2 NN TONY X (4

f(1,8)=9, g(18)=0.2 NN TONY . X (5

3
-2 (6
2 (

20 NN NORVY ) 12.2 B(4,8) .x (7

3[108j
108 7 54
=— f(21)=——= f (L,05)=— .2 2. 8

N9 MYNY . T-2 5.8 (9
N5 NHNRY (10
.11319) NN MYLN A .0 NYN MYLN N (11
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1319 GWL 1500 - DWNVIN

QN TN D2V IN

MYNY

o j x"dx = ::1 +€: 9997 T DY NPNY) 12-1 MONRYA DD NVINRN NN 1AYN
| %dx (3 [xiax 2 [adx @
j4x1°dx (6 I$dx (5 j Ixdx (4

I(x2+1)2dx 9 J‘(%+23/§]dx (8 j(2x2—x+1)dx (7

j”l dx (12 fﬂ#d a1 [(C+1)(x+2)dx (10

:20~-13 NYNYA DDNVIINND NN YN

) b n+1
(j(ax+b) dx=M+c:‘J‘73n YT DY NN9)
a-(n+1)
4 10 10
'[(x—z)s dx (15 j(x2—2x+1) dx (14 J(4x+1) dx (13
X 10
| ™ (18 J g a7 [/ax—100x (16
- X+
xdx
(20
Jx+1+1 I
:26=21 MYNWA DYDNVIIND NN YN
( dex = Mw :9957 %1 5y N7PN9)
ax+h a
2 2
j(ulj dx (23 [H o 22 [ (21
X X 4x
4x+1 X+3
jx+2dx (26 J'—d (25 j4x ldx (24
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13919

I

_
4\/e_+ﬁ

T

I3

X2
—X

)dx (29

2

dx (33

1500 - DWNVIN

GOUL

:29-27 MYNYA DYONLVINN NN YN
ax+b
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